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AY— 5, (z0,Yo) ?jﬂﬁ%T, %ﬂﬁ‘n‘%ff#yo =F(zo) + C e C = Yo — F(:Eo).

264, MASERMEX OB HEREBEEMZEENERREENEEY. F
HTED S FRMEFUES SEEHE RN EFEK R, FTURITRTEX LR R
XANE R (X JLRFAFREEERL L p)FRR. ML a8 A gk &
B FEEY).

WA EEKIE [0.0]) L RBUE (SHER) BEE

y = f(z). ZERFIEMLZ vy = f(2) T,
r W ERFPLIE 2 =05 x = b ZENHEE
ABCD(A 2): FAINHEXAETE Y EdhintsRs. 48
BHEXEEMER P 0E, HITHRZ HEE
AMND WHERMHER, XZEREEEEIFRHN
MERE ¢ = o LIRIBXIE] [c,b) LIEEELA = (H
FAXTR. AL AREE Z (8], 2 o 2ARAT, XN FR
Bz mZ, FAXMNTE— 2 BEN—NT2WENHE, TEMEHE AMND &Y
EE « XKL FANA P(2) XTRE.

BATE AR L KA %L P(z) MFEMRE. A TXANB M, K4 2 R EXE—
(Lb iR, /) AR Az ; AR P(2) KGN TZE AP

LLm B M 3 HIFRRFERXIE (2,2 + Az] R f(z) MBR/MESEKIE (84], 3

K 2



[264] §1. AERSSEMITHMERRITX 5 -

B AP 5K N Az, B8 m & M WBEEAEARMLLLLE. 2R

mAz < AP < MAzx,

e AP
m < —A; < M.
W Az — 0, BBA, BFEENE mE5 M BT f(z), AM
P(z) = Alir_n_‘og = f(z).

XHEE, ATHBE — A 2N EHE EFUHFM-ERRRTER)O: T Hak
P(z) STA LG ALIT o 69 FHF TAHARGY AT y = f(2).

BAIER, Toh@EAR Plz) RAEZE2HK y= fo) HWEREH HTY 2 =a BTX
MNEREER 0 X—F&, 15T 5E RS E P A FeR CE AN E. Hi, anii
EENREL f(z) MAEFT—ANRREL F(z), NIRRT — B EE A

BA, 2 z=a BEHEHER C
0=F(a)+C. T£ C=-F(a).

mfE
P(z) = F(z) - F(a).

R, BRAGEAMABIE ABCD B P, &
ER =05 y
P = F(b) — F(a).

YERBIF, RATKRABEMIL v = a2 T, = B
R BT AR o QR 6 B E A
P)(F 3); FAMER o BT AR A s, B,
6L o BOFFHATEN 0. B 5 M EE f(z) = az? MU
R F(o) = ©0. % o = 0 B MEEIIFER 0, 5F
LA

az’

P(z) = Flz) = 5 = EBE
[EbEL 32,4)).

BT ERA SRIEERNERZ AK R, B IBFERS T EAS
MUFE SRAR.

ORI, XNER — BRREN—MEXE — EXNFWMMEITEE (Is.Barow) KELT.




6 FN\E RBY (RERS) (265]

R TR EFr i £ E L B R EM R RETE, REAZIREE+
F « WT @R—8s M ERMERERN AEmITT.

XHE, FEX (8] [a,b) ERNEEHERIELLREL f(2), A B LR TN R REER
LA TE SRR BT BT R MRS AR TE . PTE, XN UM BRI ER
WEFEMERIERA, YREATTUN. RABFRSA SR ' A RE.

FET & [305) H1, FATATLAXS T M) EEF LA 0 ™4 819 FF B4 s34 19EPA,
XNBELHME: AL TR EHENELS R f(o) BALXRE Loy RIS XN
WS AT SN LUK A

TEAZE RN R PESE R A R RS INRLPRA K R 50A [RIBF 8, ARAFK
ITH RETEEZMXE L ZEE. Bk, AT LIRS 25, RIIEFE R mE
AR B EFE RN E B S LA LN,

265. BERSET B EFHENILK, XIAXBIEXL R F2) 0T
R f(z), TUUEE RHALSHFADEFHLRK

/f z) + C37.

BIEREHEE 95 H P itHEw % R SEROARL A K, itk (3T 3L ek %h)
HEH B —L8 A, FATE L TE MRS F:

L [0-dz=C.

2. [ldz=[dz=2+C

k!
3.f:c“d:1:—ﬂ +C  (p#-1).

1 dz
4. [—dz = | — =1 C.
Jode=[—= r:ilw|+
T
1+ 22

f 1 da:——f dzx
VA V1-—22
a$

g 4
7. [a dr = —+C.
[e?dz =e* + C.
8. [sin zdz = —cosz + C.

9. [ cos :od:o =sin z + C.
dx

5 de = [

fm :arctg:v+C.

6. = arcsin z + C.

10. [ dz = [ —— = —ctg 2+ C.
sin’z sin”z

1. [ do= L _ _gasc

otz T o T BT

12. [sh zdz =ch z+ C.
13. [ch zdz =sh z+ C.

ML P BRIRUE: REL f(2) BEAERA (7 FHERA) X8 L.



[266] §1. AERNEEMITENERETE e

1

EFAR 4, KINBM— 50, E%@FHZ’EK@’E?ZQB"J{HFJIZI‘EJJ%E’J. SEfR L, 4N
REAKEEFNAT, E « > 0, MAE MM 2K [Ina) = — BIRT E R

/ @ =lnz+C.

X

MRREAEREES, 2 < 0, B4, A EEHIESE [In(—2)) = % B Ut
dz =In(—z) + C.
X

GHEXANARMEAR 4%,
FIARSHEM, & v] LUK L m Frig B AR S Re9TE R NLA Y 38,

266. RAPLAMIMSEN 1 #H o BEE a#0), M
/ajuwm:w/}umx
SRR b, A mARARXE ST, BOIVERE [105,1]
dla- /f(m)dac] —a. d[/ f(2)de] = a- f(z)da,

FrAX N ERAR B RIERK o f(z)de BIRRE, MIXIERMEILA/N. B, %
HEFTUEER Ry T oot @k,

IL [[f(z) £ g(2)ldz = [ f(z)dz + [g(a)dz.
B4 A R BB S [105,11)

d / f(2)dz £ /'g@)dx] —d /f(a:)dx +d /gmdm = [f(z) + g(z))ds;

FrLL, Z R AR EM T RER [f(z) £ g9(x)]de FIRRE, XL 2T EIEAM. %y
KehFe (RE) ORERY, FTEMSXE AR, OF (R E).

IUERIT EREIFNTE, HATTIEE: AR 1 - 15 PAE—DARK, BRI TFH PO RERNE X
AR T EXIE L, HEEE; [ tzu%*&%}ktﬂEfﬂ—%@ﬁ&%%¢i>‘(ﬂi%ﬁﬁﬁ)ﬁ%ﬁ,
1M G X R R X AR, 1X S50 2 FFAE SR ARSI RY. GIENsE3K f(2) = - TE X FEBRE 0 SMYFT A SE
RS L (B (—o0,0), (0, 00) EA X [EAH], FERXMES L, sB%L

1 (z > 0),
F(z) = In|z| + signz, X Psignz = 0 (z = 0),
-1 (z<0)

£ flz) R, (0 BEH F(o) FATEEETN njo] + C B, Hob ¢ BEETH. T£
HAE f(x) = glg e U BT R R BER T LUFR A 2 4 SR Y



8- FNE FRY (RERSY) (267]

fiE XTXRANLK, RIMNBEETEX —R. XENLXFHENARERS
WEET—MMESELON. XRFAN THRASATHRRZAHNER —TER 1
TUNFE LT #XLEX, EXRAEEATHPNRD>ZHE MR AE
B FREC XM FRRDEL, ERMBILMRDERREZ G, SilE 7.
XAERBME, AR EMUEES.

1L #& _
/fmd
1l
/faz+b Flaz +b) + C".
Thr b, AR XRZREY T
% (t) = F'(t) = f(t)
{B4nut, 0
%F(ax—kb) =F(az +b)-a=a- f(az +b),
T2

% EF(az + b)} = f(az +b),

B2, L Flaz +b) BRI f(az + b) BI—MEREL
BB 2B FIIE IR o= 1 3 b = 0, XA

/f:v+b F(z +b) + C1,

[ ftazyiz =1 - F@) +ca

[SEFR_E, A 111 & A m%ﬂé}#ﬂ}ﬁm/ﬁ—mu HORRAE B GO1STE. X Tt 7 F
m 268 AL EJE

267. BIE 1) [(62® — 3z +5)dx

FIRMM I 5 (kA 3,2) HITA

/(6:c2—-3a:+5)da:=/ 6m2dm—/3md$+/5d:c
:6/z2d$—3/$d$+5/d1::2x3—%x2—|—5$+0.

2) A HRS— IR Z T

/(aom“ +a " 4 an 1T +an)de

:ao/z"dx+a1/:c"_ldm+~~+an_1/:cdz+an/dx



[267] §1. AEMRSESEMNTENENRAX 9.

- T—Li—jlx"“ + %z"—l— - a"2_1ac2+anx+C. (IL 1 3, 2)
3)
/(2m2+ 1)%dz = /(st +12z* + 62° + 1)dz
1
= %H + 32:55 +22° +z4C. (BiIRE 2)
4)

/(1+\/5)4da:=/(1+4\/5+ 6z + 4z/T + z°)dz
=/dz+4/m%dz+6/zdz+4/z%dx+/xzda:
:x+§m%+3z2+§z%+1$3+0. (11,1;3,2)

3 5 3
5)
(x +1)(z% - 3) *+2?-3x-3, 11 1 1
:—/a:da:—i——/dm—/lda:—/x dx
3 z
:%:f—{-%z——lnx-}—i-kc. (I1,1; 3, 2, 4)
6)
/(z_\/g\z/(il-}_ﬁ)dm:/zﬁ\a/;ﬁdz— mﬁdm—/zﬁdz
8w _Sitic (I1; 3)
T} 7 ' ’
RTELR — LB Ry AR 1T 49451 AR
)
@ [ ;5 ~nk-al+c (115 4)
dz o=k 1 -kt
(6) /(m—a)k_/(z a) dm__k—+1(m a) +C
1
* D@ ey +C (k>1). (111; 3)
8)
(a) /sin mzdz:—%cosm:c—i—c (m #0) (111, 8)
(6) /cos mmdm:%sin mz+C (m#£0), (I1L; 9)

() /e_azda: = —%e_sz +C (I1L; 7)



10 - FENE BRYE (RERS) (267]
9)
dx 1 dx . T )
(8.) /ﬁ = E / ﬁ = arcsin —(; + C (a > 0) (111,6)
1-(7)
dz 1 dx 1 T
(6) / P == /TW = Earctg; +C (a>0). (I11; 5)
FAE 2 ERE0 N &) ) -
10)
/ (ez _ IM‘GZE + l)dilj — /(62:\; e +1-— e—I)dz
efE
= le2JD —ef+z+e " +C (11,111, 7, 2)

2
11)

ar +b
/ cT + ddx'
LIRS FiE, BEARAXR AR T EAER
a + bc—ad 1

c ¢ cx+d

ft, BTRBA 4T e

-z + Qadln|ca:+d|+C’
c c

12)

(11,1, 111; 2, 4)

L, . A
/23” "3“—1dz:/(2z—5+L)dz:z2—5z+sln|x+1|+c.

T+ 1 z+1

R RS AR, LRESX WA BEE LN NN, FEEBEHL.

i,

1 1 _i< 1 1 )
22—a2 (z—a)(z+a) 22a\z—-a z+a/’

By (BEGE 7) ()]

13)
_da:__l[ dz dz}:iln
z2-a2 2a z—a | z+a 2a

R T7 AT LABLRA, $ilan, X338 @ R e o X
1

(z +a)(z +b)
BR(x+a)— (z+b) =a—b HAEHFEENX

1 _ 1 (zta)—(z+b) _ 1 (1 1
(x+a)z+b) a—-b (z+a)(z+b) a-bl\z+b z+a
A i,
14)
dz 1 z+b
= C.
/(I+a)(x+b) s z+a|

)



(267] §1. FERSEENTENRNRTE -1

FFRHb,
15)

0 o= [ e - [2=3 4
z2 -5+ 6 ($—2)(m—3)_nz—2‘+
6) __dz _1 dx _ln2m—1+
(5 dz24+4x -3 4 ( 1)( §>_8 2$+3‘
z—--)lz+
2 2
16)
dz w2
—_—— (HB° - AC > 0HYT).
_/Aa:2+QBI+C (%4 OFF)

I3 BT R B9 AR A(z — o) (c — f), Hep
_-B+VBT_AC ,_ -B-VBT_AC

A A= A
TR, B 14), BRE a = —6,b= —a, (1153
/ dz B 1 | Az+B - VBT —AC L
Az2+2Bz+C  2VB?—AC |Az+ B+ VB?—- AC '

FYU=AFRAER, 2t FLWETHRG, AT LUF) X L6 8 5 kR R
$ilan, SR

1 4+ cos2mx .2 1 — cos 2mx
———— sin“mz =

2
cos’mz = _—
2 ’ 2 ’

H1lt
17)

1
(a) / cos’mzdz = %m tam sin 2mz + C,
(m #0)

(©) /sinzm:z:dx = —;—I - ﬁ sin 2mz + C.

BT, HINE
i 1. .
sin mz cosnz = E[sm(m + n)x +sin(m — n)z),
COS T COSNT = %[cos(m +n)z + cos(m — n)z),

. . 1
sin ma sin nx = §[cos(m —n)x — cos(m + n)z).

fBE m +n 30, BfIER T ERAFI):

18)

(a) /sinma: cosnrdx = — 5(m 1) cos(m + n)x — Q(ml——n) cos(m —n)z + C,
(6) /cosmx cosnzdz = Q(Tl—}—?) sin(m + n)z + Q(ml_ ) sin(m — n)z + C,
(8) /sinmz sin nzdr = 2(m1— ) sin(m — n)z — 2(17117+n) sin(m + n)z + C.



F12- FNE RERY (FERD) [268]

REEEILNBRE R,

19)
(a)/Mdm (n=123,--).

sSin T

A

sin 2nx = Z[sin 2kz — sin(2k — 2)z] = 2sinz Z cos(2k — 1)z,
k=1 k=1

FRIABERRZA AT ILAE 2 57 _, cos(2k — Dz, FRREASHET
sin(2k — )z
2 Z ] T C

%Kty

2
(6)/sm(n+1) dz _$+2251n2km+c‘

sm T

268. MITINE MARITEIHR BB FSEPREA I — DR E—
BTSN ESERE. T HOFE RV E T AT RIEER:
4o R 40

gpA
[ st (@)de = Gleta) + .
B BT 783X B IR B 9(t), w(z), ' (z) BRRIELER ]39)
ABEE G'(t) = g(t), LR E A AL [o8) AL, AD

£ Glol=) = G @@ (2) = glwla)' ()

EATL AT A —Fh ik RN X R AR L, RBERRXRER
dG(t) = g(t)dt

LIRS w(z) REBZR ¢ AHRIFAZL [106].
WEITERS
/f(a:)d:c

EIFSEET, ATLGERXFER) o BYeR%t = w(z), (ENHR &, (B HARKREAA]
FRET HBIFEAR
f()dz = g(w(z))w'(z)de, (1)

MEEBE MEEMNTRt S « NEMRE (0,8 5 (0,0 BHERK (o, 8) = {w(z) : x € [a,b]}
XARE
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BOL g(t) RAFFAEL (o) EHEOEN. T2, 55 L @I, REREF
/Mﬂﬁ:Gm+0,

REAER T PR ¢ = w(z), BAEEFTERIOEST. AR HERER
[ t@as = [ gtorar, 2)

KL BAMAT 8 L 9 BAP, CHESE LB AR T O
. KA
/sin3x cos zdz.
A% dsinz = cos sds, B, 4 ¢ = sinz, WHRKX LR

3

sin®z coszdz = sin® zdsinz = t3dt.

BNESE Y BEENREXHFS
/f?‘dt = g +C.

FTREMMBNZE 2, UL sinz 0 ¢, 115

sin® z

4

/ sin’z cos rdz = +C.

EEER SRR RAXOER ¢t = w(z) B, NS0, FERERARE
KAFNEE—NER o (2)dz, FEALFHEZEOMNS dBF (1). £ LBIF, AR
cos zdx = dt FIFFFERRIRE T 7] LIMER R t =sinz.

XFiX, H—MREFAFIT

/sinsxda:;

XILERED FARRIER, 1EEHR ¢ = sinz HERBAEER. RN
FERFEER sinzdz, HEBHF—LELL —sinzdz TEAFZERKS, R4, B
AR EEEMR t = cosz ; BT T RIFRER

—sinz =cos’z — 1

A A BN AT, B LOX SRR B, HATA

" g tS 3
/s1113mdx:/(t2—1)dt=§—t+C:Cozx—cos z+ C.

OV SE A A HIE LA R (FCHEAHE -— IR RRmA) T, BRI ER 2) KEEX




14 - FNE REY (RERSD) (268]

TEF DAY GG, (ERRA & ¢ ATLIAT E k. fian, 575
/sin3:c cos zdz = /sin?’:vdsinx

G LBRBEREL sing BIEHRR, — T TR BRIFTRER. K,

(z
/m \/7—=arcs1n + C,
1_

dalz
/ J:Qd-lﬂj;a2 - é/($>(;—?-l - éamtga +C

[0}

R, B = S AL BIERHEERT T
EEMAESE S, 8 266 BhaORN 111, £ EREAREMEIR t =z + b:

/f(aﬂv‘f'b)dil?:é/f(ax—}—b)dax-{-b /f

At EABREN TR S ERTRAAR. AR, HWREER f(z)de PHE
LAFTRE ¢ (EEH = = o(t) 1N 2, TRIBRIRSERX

B, MRAEXNEXRPERES ¢ = w(z), HF w(z) £ o) BRES SemE)
JERHEIRRER f(a)de. BT, BIERTEE &% (2) A, EHE LA WA ZE,
N4 t = w(z).
1E R0+, KFRS
dz
/ VE(l+ V)
MRS o= CHME HE FFAMIRK), BIE vz =13, Yz =t dz = 6t%d¢t, F A

f dzx t2dt d \_
/ \/—EI—F{VE):S 1+t2=6{/dt—/1—1—t—2}—6(t arctg t) + C.
REF T RERAK t = ¢z FEIERE 2, RE]H

/\/‘1+\/_) 6(y/z — arctgv/z) +

BAXBRBIT R

a? — z2dz.
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RS HNEPF T2 (PR —TREH) BRAHN D =MAREER ¢ = asint®,

#M1%E
V& — 22 = acost,dx = acostdt
A -
/\/E— z2dx = & /cos2tdt.
BRIELHMERYD

1 1
a? /cosztdt = a2 bt + 1 sin 21‘} +C

(267,17)(a)]. A TZEME o, HAULA ¢t = arcsin%; = F A

2

1
‘Z sin 2t = %asint -acost = 5:16\/@2 - T2,
Al MESE —IMM R B A S, S
- 1 2
/ Va2 —z2de = —z/a? — 22 + ‘—arcsing +C.
2 2 .

FREBOBRIEOR TS MEY. XTFRXE, BARRES E—RoER, B
2, X ANFREME Z N FI80OFR RN, S2H /AT BHRE. ERmEEL THY
BB S

269. BI&

2 d
D (a) [ wdz, 0) [ o () [ e,
(a) B &t =22 BMNA dt = 2zdz, HIL

1 1 22
/e”gwd:r=%/etdt:§et+0=§e + C.

(6) 2% Wﬁ#%@%%ﬁ%mﬁﬁ+a
RIS, A I TR

[ otatyoe = 5 [ oy,

Heh g RIAGAEERIG A 3 T XML, 5K ¢ = 2° B+ ARE. KLU, Bk

[ otetiatas = 5 [ otahata)

AR RS t = 3. MHEE. RBEEHRRTLIRE =5
(B) BER %tgza +C.

O Y H{TAK 2 7E -0 5 o ZIA17E1L, T ¢ 7E —% 5 % 2k, Mt = arcsing



16 - FNE REY (RERD) (269]

2) f(arz—f-@’) zdz (u# —1)
B TS t=z% BRUERAM—T FBMu=az?+ 4, BAMR zdz 5 du = 2azdx
SE—ITUFARH. XH, RINA

1
/(af + 8 zdz = 515 /u“du = Wl_'_l)u“ﬂ +C = ala T (az® + 8"t + C.

dx

zln?z

V() [ B, (6) [, (o) [
R BACERAEA N TR

/g(ln m)(i_x =/g(1n z)dln z,
AMEER t =Inx.

ER (a)%ln2z+C; (6) Inln =z + C; (a)~ﬁ+a
4) kA

/g(sinaz) cos zdz, /g(cosx)sin zdz, /g(tg ‘”’&gE
BIFRSY, 43 5 U R

t=sinz, w=cos x, v=tgc.

iz,

cos zdx dt
= =arctg t + C = arctgsinz + C;
(a) / TTen’s / T g gsinz

COST

(6) /tgmdm:/smzdmz— %:—ln|u|+0:—ln|cosm\+c;
dz
() dz _ cos? _ dv
A?sin®z + B2 cos? z A?tg2y + B2 A202 4+ B2

1 Av 1 A
= ABarctgf—i-C ABarctg (Etg :l:) +C.

2zdx dx
) (@) ] 241’ 6) [ ctg wda, (s) fﬁj-_ldz () sinzcosx’

B (a) MRS t =22+ 1, WAT 2zde 1AFAY dt; BRI

X+ ="+ 1) +C.
OB, HERAHEMIRAA T ER

/f df (z)

f(z)

af, gk B, EHRRART S TR F et ed, B ¢t = f(z) FAI—T FHRHAPIAH.

@ |+ C =In|f(z)] +C.
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wmERXANER, RITAH
(6) /ctg zdz = / déinz =In|sinz|+ C [LLE4)(6)];

SINx

(2 2 e +1 2

e +1 T=3
dz

(r) /,—ﬁ—:/ﬁgﬁzlnhgm\{-c.
SIN X COsST tg T

6) i1 LRR (r) SR, BHBEIR AR

2z 2z

T
d._
dz
@ [ —y=n
sin —2— COSs '2"

© /m:/wzln
cosz sin(z-l—g)

tg2\+C

tg(g+74—r>‘+0.

7
var ctg z 2 ;
(a) T zg2$ . /\/arctg zdarctg x = 3 (arctg :v)% + C;
edz de”
6 —— = = to z .
(6) % 11 /(ez)2+l arctg e* + C;

(B>/ 1 dz__/tg%dé_ Jcosl\w [£E4)(6)]

8, 12
T z
AELIANBE R o® - 2%, 22 +a® 5 2% — o® HERBXNRSN0F. EXEFET,
AR ¢ M= A kSR &2EHE o, FRATIINXERER
sin®t +cos®t =1, 1+tg2t =sec’t = co%t_’

1
h%t —sh® =1, 1 —th%t = ——
¢ ch?t’

ﬁ’ﬁ?ﬁ%ﬂ@@jﬂ.
2
8) f ( + a2)2'
adt 2 2 a? T

ek fx = atg tO dz = +af = —,
cos?t’ cos“t
d 1 1 .
/ (:1:_2+_ch = /cothdt = 27’3@ +sintcost) + C [BF 267,17)(a)-

BEMBER 2, 4 t = arctgg, Il tg t = af #£FEH sint 5 cost. BIEE

dx _L z n 1 ¢ z+C
(224 a2)? ~ 2a2 22 + a2 203 2T¢'8 ’

ORE t 7F —g 5 g Z[8)AF fL B AT
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dz
V)

'YJL%ﬁqXKEB%ﬁﬁﬁfE*' ERBIF, WTRBEMHEE. 2z =aht(Hz 5t >0
Bt),dz = ash tdt.v/z? — a? = ash t. DA ERMMUA [dt =t + C. ATER z, EE—TR
A 52 RE A R R B R E S (49, 3)]

\/% —In <§+ (2)2—1> +C=In(z+ Vz? - a2) +C,
Hepwf Cf @%‘ﬁ —lna X —Ti. J .
10) ——, 6) [ —= 2 __
(2) [ e all )f(ﬁ_am (a)f(az_xg)%
TEPR SR fﬁ(}iqﬂ ﬁ%’%?&ﬁiﬂﬂi’é%ﬁ&%ﬁ%ﬂu@#fﬁéﬂﬁﬁ@]ﬁ% YERBIF, TEE AR
HIE 1 = asect,dr = —om tdt _ atg tdt, FR 22 — % =a’tgh, }H

cos2t ~  cost
dz 1 cos tdt 1 1 1 T
—_— = =—=_-—+C=-= C.
/ (2 —a2)3 0*> ] sin%t aZsint T RTE e
dzx
11 ——
) J zva? —x2’
{E& .2 = asint, dz = acostdt, X TR ﬁﬂthk FEXAE (247 6)(a)]:
1 [ dt
Be t l—cost a-—+a2-z2
tg- = - = ,
2 sint T
FrLAR fR153)

/ dz 1 a—-+Va?—-z
. =—1n
TVac - Qa

BE BTSRRI RN B F, LA BT ER R an LR AR S (k48 B 5K, (B AT RE
KEEH®.

12) f\/_
A Vel ta=t—z HBt EAHNER. TG $XAMN 2° TUHRE, GRE
t?—a

T= T

+ C.

a 2 0)

TR

2 2
r—— t a_ﬂ,dz:td'—adt.

2t 2t2
a5 E

2+ / =In|t|+C =In|z + /2% + a| + C.[LLERI)]
T a
(c

dx
f \/(z—a)(B T)
m*acos@+,@sm<p(0<g0< ) Hebh o BHTE, TR

a<z<f).

z—a=(f-a)sin®p,f—z= (B — a)cos® ¢,
dz = 2(8 — ) sin p cos pde.
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T [0
C.
ﬁ—z+

. ' dz '
- = =2 dp=2 C = 2arct,
/\/(z—am—x) [ ae=2en *
270. FEISE B u=fz) 5v=9k BMEE « W, BFEELES

W = flz)v = g(z) EXEET, KERBHMASEN dw) = udv + vdu 3K,
udv = d(uv) — vdu. FIER d(uv) BIRREL BAE o FILGBIAK

/udv:uv—/vdu. (3)

EXNAREDERIRGEN. EREIEERIAR udv = w'de HIFRPAGE R IER
vdu = vu'dz BIFRSY .
fan, w2 K4 [zcoszdr. &

u=2z,dv =coszdz, T2 du=dz,v = sinz®,

FH, KAK (3).

. o . |
/a:cosa;d:z:z/a:dsma::xsmac—/sm zdx

=zsinz + cosz + C. (4)

AT L, BRI A AN TRB S LA LAY R AL sin o SRR B 22 AR ek 4L
zcosz. NEULUL, 783K v Z AT, WIIERIA cosadx KFSY, BUFR D BRFRS %,

FENRAA (3) KBRS ET, U RREELM AN E X u &
dv = v'dz, HPE—-TERE LR (3) AowBFR BT ZER ST, M M HEX AR
o, AR BIEERH S dv AR, BEBIEE du B u. v B v B854
k) AR R A K R, Flan, 7 EEATIHER BT+, L UEL xdz YEHR du, TEL
cosz VER u, EBREANEEN.

EHERGEHALIIHICS v Koo, MALLEENAA [HE (1))

3 ERAR MR IR TE R te e Tk Z B 2 BRI, BT 26 FR 4y, Bilan

/a:k In™ xdw,/xk sin b:z:da:,/a;k cos bzdz, /xke‘”da:

%%, AABBTORRASEEITE.

FRR A ERSEN, ERRIMES MR EMHE AKX

BE, R u 5 v FEEEXE EEERIE (n+1) BrRIEHESEFE v, v,
Ve, ™ )y (nFD) (D)

ORAHEMNM B K, REA—MITIERETR cosadr £ dv HiB, A, HEALEE L
FMMEEFEE o HBRITRMFEA. X ABATELURR X InLLEE.
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FE 2 (3) L o™ fREE v, FATHE

/uv("“)dm = /udv(") = up(™ — / VW du = up™ — /u'v(”)dx.

KAl

/u'v(")da: ='p(m~D /u"v("_l)dm,

/u”v(”_l)da) =" v(""2) — /u”’v("_mdz,

LA +1 Jo -1 st afaxX e 552X, JF BAR eIk, 16 7224 MisnAE R #Y
Iy, FAVEE L mprika o

/uv(”“)da: =uv(™ — (D | g y(n2)
+(=1)"uy 4 (=1)nH2 /u(”+1)vdm. (5)

HPRRSIAWE X P2 —BEZSHA, FAXNAXRBETEN. F
v B n KRB, WA+ 8% T 0, TRARMIADF1E R BFHFRERK:
AV —Luf5 5.
271. Bl&
1) [ 2° nzdz.
# Inz RIS RIEML, Bk

w=Inz,dv=2zds, TR du= d_I)U: %z‘l
T
Flm

1 1 1
/:Irslnzz:dzz:: im4lnm—z/a:3da:= Zz41nz— 1—6x4+C.

2) (a) [In zdz, (6) [arctg zdz, (a) [ arcsin zdz.
TEFTA B FERA de = dv, BIVEE

(a) /1nmdm=mlna:—/a:dln:n::z:lnm—/dx:z(lnz—1)+C;

(6) /arctg zdr = zarctg T — /mdarctg T = zarctg T — / 2.’13 —dr
T

+1
1
= zarctg T — 5 In(z* +1) +C [BF 269,5)(a));

(B) arcsinzdz = zarcsin £ — [ zdarcsin z = zarcsinz — / L __dx
V1 -—12?
=zarcsin z+/1—-z2+C [BF 269,2)].
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3) [ z*sinzdz.
RITAH

/mzd(—cos z) = —zcosz — /(— cosz)dz® = —z°cosz + Q/mcos zdz.

EH—E, RITEASIEMKIRMEBEMHIAT T (270, (4)]; LEMERA, BE]

/m2 sin zdz = —z° cosz + 2(zsinz + cos z) + C.

SRR B ST WK
Rk, ER AN ATt ERS

/P(x)e”dz:. /P(m)sinbmdm, /P(m)cosbmdm,

He P(z) B 2 BB,

4) IRF ARG AIHET AL, BT S B4 X A AR AR S a9 Tl R A =

/% ,U(n+1) — ea:cl/ Eﬂﬁ

(™ = e Y = i oD = £ s
a

»

a2’ a3

TR, & Pz) B nRBIOR, KAK (5), Ri1EE

P(m)eamdm:eaz £_£+P__ +C
. a a? ad
AU, ANRI v = sin b, FF4
n b n— inb n— bT s,
20 S AN
] ) P " "
/P(a:)smbmd:r:smba:- [b—g— }2—4 +} — cosbz [% _ 1;_3 +} L C
AR TT AT 3 A K
P ! / "
/P(:r)cosbmdac =sinbz - [3 - };_3 +} + cos bz - [5_2 _ 2_44_ } LC

5) [ 2®In®2dz. RATH

4
/lnzmd% = im‘l Inz — i/m‘ldlnzm = iz“ In® gz — % /1:3 In zdz,

RIS EREREIRE 1) WD T. REHE

14< 2 1 l)
= — 1 —— - .
4:1: n‘zx 2ln:n—{—8 +C
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/ z® In™ zdz,

Hep p BEEIH (kK #£ 1), m=1,2,3,--- R4S u=In"z, MLHEHBRIAXAZD
XS, s PhR AT

i, it R

/a:klnm zdr = k—%xk“ In™z — E% /zk In™ ! zdz,
XA RITE R % B0t BB AITE R — R RIS, AR Inx MFERL T —IR.

AR, Bt = Inz BTLHEHAEENRSSIME 3) &k 4) PELHFRTORNS
f tmet T Dt BTtk

6) T3S R—EIRA e B

/ e*® cosbzdz, / e®*” sin bxdz.

L , e . . 0z | R
SAERMENABIEN L (FMEE TEHE, tk iR dv = e*%dz,v = e ), BB
axr ]‘ azx b azx _:
e** cosbzdr = Ee cos bz + - e sin bxdzx,
axr _- 1 axr _: b axr
e**sinbzdr = —e*“sinbz — — [ € cos bzrdz.
a a

i X B ARG B — A ERREFR 5 — 1R ik R ©.
EBEUEZAARXRABE LT HEZARD, SERX THE—NRIOTRE, X Ty
1B RE

e*® cos bxdz = bsinbz + acosbz e’ +C.
a? 4+ b?

KB ATR HE AR

inbz — bcosb
[ sinbods = 2902 D000 1

7) B R FRMER B EH— 61 F, NS HITERL

Jn:/(dix (n=1,23,)

(E2+CL2)”
SRR ) I on . d
4 ou= Fﬁ—ag)—n,dv = do, FR du =~ v = 0 ALK (3), RATEE
g 2
T Z
Jn: m-i-?ﬂ / mdz

OUNRICIRST T MR o0 L oy JREREL [LLEL 266 FHOME], A4, BEAEE AN AXTHSES
— MR RFRBFREL, THRUE, BITELAERRMAR—F. 4R, ELEERKCc 50
TR A R E LR X,
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5 — U TR AT ATt
z> (z% +a?) —a?
/ (22 + a?)"H1 dm:/ TEWM
d. dzx
- [ | G =

KX FAXAA L@ EFXNF L, BRI AKX

T
Jn = m +2ndn — 2n02Jn+1,

T&2
1 x 2n—1 1

n+l = - S dJn. 6
st 2na? (z9+a2)"+ 2n a~J (6)

PR A XERD Jnsy BIHHEMAATARD 1 898 J. 89T H. EHFY

Ji = éarctgg
(267,9)(6); RINREMIEBEFH—], KX DK, Hn =10 54

1z 1 =

T 2222+ a2 203008,

(XMERBRAICEEAS—F LB, 2F 269,8)]. AR (6) F, & n =2, Ri1gKE
bl s 8, 1 &z .3 & 3 .3

T 4e2 (22 +0?)? 40”7 402 (22 +0a2)? ' Ba'z?+a? ' 8ad arctey

M T % X, ATHETHREEM AR n 89D Jn.

Jo

§2. HEXMAS

272. EERBKPRSEEOEY  RICLRE T HERERSH—L4)
Sk, ARSI N T A E A SRR, AR
REATHEEUREHTT. AT ST ELS S, RINTEMHEETXETNR
B T e8RS 7 th 5 2 W BT AT
HRAR 4 REROMEIU, A BTG I B 804
S5 W R R AL RO R R R O ERAE 51 AR E SRR, XAE T
Y% B TR AT A OGS S B E (RIARRRAE TR B 915 MR
SEAOAREERAL.
AB=EPRNEEIL, —VIRH RIR TR S0 SRR T
FREAE R TR R BN —FE R R T L2 RIB s B0 RS 6R K, A
HRARTALT, BIRMEA T AR A L REE, FSENER DR, HIn

2
/e'x dz, /sm zdz, /cos:v2d$,

/smxdw’ / COSIdm, _d£
. . T

T J Inz
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BT BAR R LT ARARAIK T2, K BRHAbBFH 7 T [280. 289,
290 % H) 5.

713208, TR XERSHAFRALEGD, 2EMNAR L KHH I, 0
RECAR AL AR IR ™ Bl R A AR B D

ELES B 209, BT LAFEA BRIEAR R4 T AR A ik A0 AR £ — MR A R B AU, AR 2
HAVAER, FTERNKEARFTO BRI L LR REENHFIRERLHE
B S A EATHAYE —1L

273. MAFXESEMNWRS FANEERBS R P MEEH R0 e
53, BT RT/HRESN (ENSF FRRREET A EHRRE) RS T

BANEX BT EARFHOBSSR IR TFImAERR

Mz + N M

LA A g M N gy MeiN

T—-a (z —a)k 22 +pr+gq (2?2 + pz 4+ q)™
(k=23,) (m=23,)

HH A, M, N, a,p,q, BRIE N XM T 11 5 v EBNSRX, BE=TR 22 +
pz+q BAHLR, TE

p2 . p2

To1<0 Fg->0

1511 KR ALRNE LSS T [267,7)]
dzx
A/ T—a
dz A 1
A/ G—af = kh-l@—api ¢

FT I 5 1V 20X, HTENBRTEENNRIENES. BRERX
2 + pr + g P —NZHABELFTr

faprgmien for (B o (@] - (0 (o)

= Aln|z —a| + C,

BE—TEENFRRER, KEBE, ZIEXK, TS EET o, R
/ 2
a=+\/q-—- %

OB ETE 264 BHFXTX RATHA. BAVETHE 305 BFEEHRLX A,
OJTHENZEMESX —FEL, WAVIZEEM, A 22 5 4 HF53 5%

2 [ _do

z° 1+a2
ABEZARAHEENT. INE, FEXFHNER EH> REAHEERE, 4, LA % K
HORSEEASET % BRFRER, M2 GBS FiERm R
T :

Inz 5 arctg ©
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AiE. e R

M
:o+§:t,dz:dt,z2+px+q=t2+a2, M$+N=Mt+(N—Tp>.

EER 11 BNA

M
M“(N“Eg'

t2 + a?

M 2tdt ( Mp) / dt
N ORI (5 VAt 2 B
2 /t2+a2 * 2 t2+a2

A M
%ln(t2 +a?) + " (N - _p) arctg +C,

<

A N :
M_dx:/

dt
22+ pr+q

&, 20z H L o BHERE o
/‘ Mz + N N—Mp 2z +p

-~ dr= %ln(x2+px+q)
2 +px +q 2 \/_ \/4q p?
SHEIE 1V, RIFERE R 24 H

+C.

M ( Mp)
/‘de_/ AR 2 dt
J (@ +pr+gm . (t2 + a2)™

Z%/m%%w+@>%9/ﬁi%w' L

FAE 2 + o® = u, 2tdt = du, BHE HAWME R

2tdt du 1 1 1 1
" = = C=—-—— C. 2
/ (82 + a?)™ / um™ m_Twn 1 m—1(t? + a?)m1 * @)

s ARy, SHEME mRIE 271 FS AR (6) AT UEL. K5, HEMTIE
8o, RBHBEY %*%t:h;p%ﬁT
SXHEBESE MR R T 36 FRR4 4 A9 TS (610

274. FMRESRNAMBS AR AAERNPRIHECHLR Po—DEH, HETE
AESXMATEEPEEROER: SN &S X
P(z)
Q(z)
TARA T A AR5 Kt Fo b K.
DRESXBAMI ARG IR ENTE Q) MEERBEMHEKR. KK
Mg, BPERBELSTAALL GFARME—#) WMl o —a 5§ 2% + pr + ¢ KR!
MR, e, RE IRAERKXEH LR, B AGEHEHEREERELERK. 1T
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MR EFER (RINE/E) &R, FARMERINL, REZTHX Q) HEFIK
TR ARRET 1, TRTEXD SR 7 i XA E S BT m AT AR

Qz)=(z—a) (& +pz+q™ -, (3)

Heb g, m,--, EARE
EE, MRZIN Qz) MKEE n, B4, B, FrAETEE £ 695, 0
EmtE BTARE m 005, MRS n

Yk +2Xm =n. (4)
A TIEPAX E 38, Se8Sr T P Bh A A
1° ZEAEAEEESENSMAPTMIE £ > 1 HAEFER 2 - o, B
Q(z) = (z - a)*Qu(2).

AL Q) BARER ¢ — o R, TELZ 6 ANX
Pz)  Pa)
Q@) (@-a)FQi(a)
AR A TR T E o X e foeh Ak
A Pl(il,‘)
@—aF ' (z-aF Q@)

HpS—mEHsaR, MEZIMNSFEENRRK 2 - o HRFRELERT AR
ATUERR, ROGX R EE A RETR, P (z), FlaF X

P(z) — AQ:1(z) = (z — a)Pi(z)

AL T .
EAVTERXHRE A, BBLEDH « - o B, At (RBELZA N (Bezout)
), REXNF o= FENEATRE T, TERITEAHERESL:
_ P(a)
~ Qi(a)’
EFRERA Q1(a) #0, FTAXERARXAE X (JHKRBIEE). 7£ LibA) A % ErT, £
m= P AJAE A —AN R R R etk
20 AR 22 + pz + ¢ BEEESBNHBFMELE m > 1 M ZRAKFEK
FEET—A, TREEXIKA]S

Q(z) = (2 + pz + )" (),
OFR pQH AR TR X B RTEEMR, MFEF A, M, N ZHE
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H 2K Q) AWM= o2 + po + ¢ BER. TRAZ ALK
P(z) P(z)

Q(z) (22 +pz+q)mQ1(x)
TABAE L X e Fe e H 4k

Mz+ N N Py (z)
(22 +pz+q)™ (22 +pz+ )™ Q1 ()’

Hepss Tt &0 =X, MEE I f57 & LR = Taa) ot MR 1
ATIER, RBEFRER M, N 52X Pi(c), EEMNHLEFX

P(z) — (Mz + N)Q:1(z) = (2* + pz + q) P (z).

BAVXHERBE M & N, FEXRBELIDER T IR =R, 22 + px + q FTE
Br. WAX=ZIHEFR P 5 Q1 FRIRRDFIAN az +8 5 vz +6 . TREBEMRT
Ll 22 + px + q BRREIEK

ax+ - (Mz+ N)(vyz +96)
=—yMz? + (o — M —yN)z + (B — 6N).

SEPR b, X BERIEZ G, 4 XA
[(py — )M — N + o]z + [gyM — 6N + f).

EA XN REEETE, TR, ATHE M & N, RINBILKEHRBRE ©

AI1T5I=

py—96 —v
-

HTE HE Y 40 WAHIEEG R T @R
A2 v ()]

(B F P EE AR =R 0 + po + g T8 o — —% Bt IR AT AER
A5 S TSI A SR, 2K = 0 RHTFIRER 62, e WE T § BAREE,
RHEWR, Q1 AN 22 + px + q FTEERR.

LR M R N SR, SR Py e S R ) —A AT E
i3k,

B RAE R B BT A0 38, 3N TERR RS AL B B P A 10 & 20, EAURIE
S8 R0 B SUHREE S 40 4 X — FLBI4) 520 1 B 7T Bl

=06 —py0 +qv°
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WREEE Q FHRERK 2 —a RE—KR, B4, BT 1°(4 k=1 0), #1H

Al
A

r—a

A g B X5 EARY.
WRTE © — o BFRIEH k> 1 BFFE, B4, RIE 1° phE2 2

Ak
(z —a)k

ZJa, TR T e XBAEHAA 1°, 2t #f03
Ak1
(z —a)F 1’
MET X, EEHEMESBEINER 2 — o TEHEKRE NIE. BRATR, RS
EHEES, R TFERX (2 —a)k(k > 1) BEEE & M3 XA F
Al A2 Ak
x—a+ (@—a)? +”.+7(x—a)k‘

HAVERFEAHEIR R TN A BIR Tt EAPEs—1 X, BRE2MAR
B EEEN B H RET L TR E R Ak

S, FIAH 20, M F KRB 22+ pz + g, MRERE—RE, RIMKEF
—~Emn

(5)

Mz + N

z? 4+ pr +q

RIERTr XS EAY; MEXEXELR m > 1, WAEH m D820 LA AR T
M1$+N1 ]\IQ-’B‘FNz N Mm$+Nm

z2+pr+q (22 +pr+q)? (z2 + pz +q)™’

A H A = B, FREATLUEL 5 E AR A B4 402, KBRS T
S IBETERS.

275, RMMBE. AHTMRS B LA, LT AR (3), A9 e
SYRRIT LS g RS SS RBTRLEER 4 4308 5. TUAE B T &7 91
R, EHRE A M, N S B (5) stP 4 RE A TaE kAR, T (6)
PRI TAE om AR, TRE @) TSR n.

TR AR, % R TR OSEREE WM g T N
BT, IBEMERA T RRER LT 24 FARAHRNANTERE Q; B
IR SRR, SHASEI— 4O, BUAEARIE 3 A A PR 406, 1B

OFEBANRXMHIGERELR

(6)
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fEEH (n—1) KM z WZTRX. ARSI RFREA RN REEE » P XFRH
FFRAM LR, EENSZTR P YR T REHEE, &E1EE » MEH
FROGRYE, AR LUE L XF R BT oM AT o X8 aEe
Wy, FiReIr AT TR A AR TTRERT & 8.

AMEINY, FATIEEHN—EEER (Z0K P R, ERM T REHE
B, BT LERATIIR —ER T 0. Bk, LETRBUEKTEH T 6. XAEEAY
VSRR ITESRIERA 1 2> i AR 70 S A0 of — 1. IUTE 28 —Moil 7R PR L1 Fi

Py FEL.
&%iﬁﬁzﬁéﬁgﬁi% e B8 DT A AR
2z% + 2z + 13 A Bz +C Dz + F
(z-2)(z2+1)2 z-2 2241 +(12+1)2'
ATBESE L

202+ 2z + 13 = A(z> + 1) + (Bz + C)(z* + 1)(z — 2) + (Dz + E)(z — 2)
WERY A B,C,D,E. fEAPRAIRRY ¢ HREAE, BRI LA HROTIRA
A+ B =0,

:L‘4

3| 2B+ C =0,

2?2 |24+ B -2C+ D =2,

' | 2B+ C—-2D+E =2,

w° | A-2C —2E =13.
Bt

A=1, B=-1,C=-2 D=-3, E=—4

EBR

272 + 2z + 13 1 z+2 3z +4

-2+ 12 z—-2 z2+1 (22+1)2

FARA 32 R EHIF LR A A BN, RIS 273 A
LB A ARHE, B4 AT A BRI R AR ok, BUAE RATRIAE AT LA BT
I EES. WRFEAVFLE LR S, B2 E5E X AFR 53R EAT @d X
e R R, AR AL LA — AR

FEATH R RS AR 4k, TTAE B T 22 R 40, ST R MR R EWF 4, 27 R
Wk &7 k.

Glan, ERRIA TR F LI EIZ 273 BRAR, RITA

2z% + 2z + 13 dz. "z 42 " 3z
/($_2)(z2md1:/z_2 _./ z2-:-1dz__/ (j ;L14) dz

13-4z ln(ac—Q)2
’7124-1 2 T2 +1

— darctg = + C.
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276. FEBRSNFEBS A TR ERREHE (M. B. Ocrporpas-
cruit) Ak FIRXAFEIEA BE S RE K KRB, XAk A6
AR AR T i R 4 B AR AT O A ER BB 47

HATE [273) PED|, YUHHRR 115 1V 535000, RS Rri5 214 18
ESE—MEE, BrRE— T FRSH

A A 1 -
/—“—(z—a)kdzz_lc—l(a:—a)k'l+C' (7)
MAERNERE: B
Mz + N p*
/(:1:24—;)‘:3—47)7“(12: (m>1,q——z>0>

(A ERER A A 1+ 4 BRI AR
FREABRNIC L BREZ $+§ =t J5, FIFA% (1),2) R 271 Y n = m—1
BB HEA T (6). IMEMEBBAE -, pHiEF

T = « ,
(22 + pz + g™ (z% +pz + )™ 1 (22 + pz + g)™!

Hrh M N' 5 o RIREHRE HEXANARK, U m -1 B m, @ F&RE—H
SBEAVEE (IR m > 2 MiE)

/ adz _ M"z 4+ N” dz
(z2+pz+q)m 1 (22 +pz+q)m 2 ﬁ/ (2% + pz + @™

M T £, BERARESF =R 22 + pr + ¢ BB 1 BT R1E. TESE B
HHmEAEESNX HLENESHE—R, BN

/( Mz +N R(z) _+A/d_~"” (8)

22 4+ pz+q)™ (z% + pz + q)™ 2 z2 +pr+q
B R, b R(z) RUCHIETABH8EMAC, i A REH
&ﬁ%%%ﬁ%ﬁgLQ“E%ﬁﬁaﬁﬁﬁiﬁﬁ@%ﬂwL%%ﬁ%%ﬁ
HIARY BT R AL AN (5) 5 (6) MO REORAN AU REGTE IR, 1N k(K m) KT

1, META (5)[F (6)] Pa=NaRT k%, BRE—IIh, #IEAK (7)[ (8)] B
R ICFT A XL RS HEK. %F’E@Jﬁiﬁu

PQ (:L‘)
/Q T Gole)® ©)
BT § ﬁ@ﬁ%ﬁﬁ%ﬁQ B bR AT TR AR TS EIR. B
Ll B TR AN K, FIER A AR

Qi(z) = (z —a)* 1. (2 +pz + )

m—l_ .

OZFH/—MIE
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EFRERA TS BE 4 g AT EKR 1 R 111 B4 AIITTAE 3, B
REN, HA :
Qalz) = (x —a) - (22 +pz +q) -

B BF (3),Q = Qi1Q2.

N3 (9) MBS ERBRABHEAR.

s a, TR E R R ENHTER:
P_ {ﬁ}/ 2
Q Q1 Q2

EMEZE, mREMEZIK Q MK (3), WEWMK @, 5 Q. HHXK1E.
BElnTARX M HmAmEd. Ehrt, FBASEH Q 8% Q ARt
TEMERRLARERD 1, TR O E Q5 Q MEKAAR, R HiX L
FORE i, G040, IR ARBRIE E d. IR Q1 BEFM), M Q2 ATHLL Q1 FR Q #ITF
BARRYEE .

MAXFE AR (10) RA4F A 5 R M FXUFIRTFE RECE.

F n,ny,ne BRRRZBIRK Q, Q1, Q2 I, TEA ni+ne = n; WATEZIIR
P, P, P, IREHEAE T n—1n—1no—1. 4% P 5P AHXFAEKEN m -1
5 ny — 1 RETRA, IAXLREGE n1 4+ ne A, B n A (10) RHRESITE
3k, A

(10)

PlQ-PQ, P _P

2z % @
1 2
MBS — AR kie TULRARE Q A TRIERBRNAL. BE
/ Q/lQL’
PlQ, Py _ 9T PTG"  Plg-pH
@ Q0105 00

ME H E7H % H9iE. BRI LSBT AR S TR 1T, SER7 L, 1R
k31T QA (z— o, BB4,Q WLEH (z— a1, T Qs WA o — 0 X
BEAOLEIERT T m > 1 BB (22 + po + g™ WATLIERL B H 605 FAEM 4
B, LUSHAIE H TR (ng — 1 KH) BATR,

WEANG Q, BT (n— 1 KHY) ZTRAELSR

P/Q2 — PLH 4+ P,Q, = P.

B, R EE—H, B EW n MXFRE, HANSE » MERMLRR TR,
EAAEXEHR P, 2K (10) M ATREMERSLAY, BT EiR T RRA X TE
E B RS e, Bk, BRBEHES, ERNTIIRXRT o, FERSRE—&
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Ragey MAMR (10— ELRSE Q1 5 Q,
87

RAJfE R —

Bl WERSERD

dx

4zt + 4x® + 1622 + 122 + 8
(z +1)%(z% +1)?
FIAERS. BRITE

Q=Q=(z+1)z*+D) = +22+2+1,
4x4+4x3+16x2+12x+8_{ az® +bx+c }' dz® + ez + f
(z® + 22 +z +1)2 Sl 24+l B4+l

FH It

4zt +42° + 162 + 1224+ 8 = ez + b)(z® + 2 + z + 1)
—(az® +bz+c)B3z2 +2x + 1) + (dz° + ez + ) +2° +z + 1).

SERXTE z MRIRIMMREAE, BH TR, B ENEEARNEK a,b,--, f

| d=0ETENTEPIERI T),
z' | —a+e=4,
| ~2b+e+ f=4,
z2la—b-3c+e+f=16a=—-1b=1c=—4,
' {2 —2c+e+ f=12,d=0,e=3,f=3.
2 [b—c+ f=8.
TR, Bk

40’ +42° +162° +120+8 2’ -3+4 de

(z +1)?(z2 +1)2 Tz 422441 z2+1

2
z¢—z+4
—"m‘f-?)arctg z+C.

EXNMIFFIHERE— RO RES—T FEEK. ERBMEE. LABRSREI IR A
sRanut, XA ERIATLUR EEEERE IRk

277. B AR —ERALSFIERINEF
l)f dx

x2(1 + z2)?’
HEX B fA— A*&ﬁﬁﬂ’]ﬁﬁﬁﬁ?ﬁzﬁﬁﬁﬁﬁ

1 (l+a) -2 1 1
$2(1+x2)2 - I2(1+12)2 - 22(1+22) (1 +$2)2
(1+2?%) —z? 1 1 1 1

T 221422 (1+2%)? 22 1122 (1+z2)?
OZF 274 BXRT AR RRIRS5r AT A58
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1 1 =z 3
= =
ER ; 21+2 2aurctgoz;ﬂtc.
+4z—11
dz.
2>[2z—n2z+&&z—a *
rRiAE
1, 1 1
4z% + 4z — 11 N 3T TS g _A . B, C
= 5 1 5\ 1 3 5
Fe oS ) (0 D) e ] o]
HIEHEEEER

e = (eeg) (em3) + B (-3) (-3) v o (s-3) (o 3).

) (=
— R EEMAREE LGS « MRKMAKARS KM%, EXEEAFIRKS

FTLUE
35 g 1 1 3 s o
r= o -0 o LEIREl A= 5 B =—2,0 = S(BABRAKEBIET—N).
ER
1 1] 1 31 3 5 1. |2z — 1)?(2z - 5)° '
= I | © 2 Y —— )
ek J 8nm+J+8mz A+C BH\ 2 +3 ¢
dz
3) fx4—+1
A

z4+1=(m4+2x2+1)—2m2=(z2+1)2—(w\/§)2=($2+z\/§+1)(x2—x\/§+1)

TRANMGH A

1 Az + B Crx+ D
zr+1l  z24+2V24+1 z2—zV24+1
hiE%
1=(Az+ B)(z*—2V2+1) + (Cz+ D)(z" +2V2+ 1)
BRIHEA
2| A+C=0,
z* | —V2A+B+V2C+ D=0,
z' | A-V2B+C+ 2D =0,
® | B+ D=1,
it . .
A=-C=——=, B=D=—,
2V/2 2
FrlA
/ dz 1 z+2 de — 1 T -2 .
zt+1 292 ) z2+2v2+1 22 ) z2—zv2+1
1 22 +zV2 + 1 1 1
:——lﬂ— SC\/§+1 +—arct Z 2—1 +C.
42 Tz —zV2+1 22 ( ) 21/2 8l )

DEAREM ¢ SEL C A _g In2
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FIRR EVIREHI ML A X (50], X MER AR TR FHER

1 ]nz +:1:\/_+1 1 arct zV2 L+
Va" @ _oarl BT

BT, LR, XA RBRRAEHIEXE (oo, —1),(—1,1),(1,00) LIESR, AAESR ¢ = 1
LTEREBL. M TXEXE, FH C' 2HET

s s
C—-—,C, C+—.
22

2V2

ﬁﬁ%@t@ifﬂ’]ﬂﬁlﬁ%ﬁ’;? PR A BFTE z = +1 ALAYIEIHT.
8) f 2zt — 473 + 2422 —403:—1—20(“.

(z —1)(22 -2z +2)3
%ﬁ?ﬁ%*ﬂﬁ%ﬁ@ﬁﬁﬁmﬂ‘?ﬁ e A=

Q= (z>-22+2)% Q2= (z—-1)(z"~22+2).

TE

2m4~4ms+24$2—40m+20_<a:c3+b:1:2+cr+d>/ e fz+g
(z-—D@2-2x+2)3 (z2 — 22+ 2)2 z—1 z22-2z+2
HA, RIFELBXNREXD AR, BETILERS (EERINEERIZE).
B4R
2z — 42® + 2422 — 40z + 20 = (3az® + 2bz + c)(z’ — 2z + 2)(z — 1)
—(az® + bz’ +cx+d) 202z —2)(z — 1)
te(z? =22 +2)° + (fz +g)(z — 1)(2® ~ 22 +2)°

SHmRA

le+f=0,

—a—6e—5f\+g=0=
—a—2b+18e+12f — 59 =2,

8a +2b—3c—32e—16f + 12g = —4,

—6a +4b+ 5c—4d+ 36e + 12f — 16g = 24,
L —4b+ 8d — 24e — 4f + 129 = —40,

~2c —4d + 8e — 49 = 20,

[3]

N

w

o

8 8 8 8 8 8 8
(N

5]:4
a=2 b=-6,c=8,d=-9,e=2, f=-2 g=4.

3 _ @2 _ Y
2z° — 6z° + 8z 9+1r1 (m 1)
(z2 — 22 + 2)2 2-2x+2

5) j\‘[! — P+ 4228+ 322+ 3z +3
(+1)%(=z2+z+1)3
SRS NEERSS, RINE

+ 2arctg(z — 1) + C.

dz.

Q=@+ +2+1)>% Q= (z+1)(2*+z+1).
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Eidanlay. 5N /
az* + bxd +ca? +dz+e N fzt+gz+h
@+ D@ +z+1)> (z+D@E*+z+1)

t77 24

~

f=0,

—a+g=1,
a—2b+3g+h=-1,

5a —b—3c+ 59 +3h =1,

4a +3b—3c—4d+ 59 +5h =2,
3b+c—5d — 5e + 39 + 5h = 3,
2c—d—Te+g+3h =23,
d—3e+h=3,

8 8 8 8 8 8 8 8
(=2

o — [S] w P <]

i

a=-1,b6=0,¢c=-2,d=0,e=-1, f=g=h=0.
FrLA, 73X B ARG 2 AR A A 5 (A FERSY:

x4+2z2+1

—(x+l)(x2+a:+1)2 +C

§3. RLSHERANRHARGS

278, Tt R<x, mf"; + g’) WSO BB | FR{IE 2% At HRY
R A IR AR 75 LR P4 I R A Bk R B R A T BT
TR £ = w(o)(Eh o AN SRR ), R S LR
RALRA RS R, B HERA M R R R AR

Ve R BB — T, Fefl 1% i

"laz + 3
/R<$’ \/'y:c+6>dm (1)

M4, K REBEATHNAZBRMAZ I, m BHRE, M o, 8,7,6 ZREE
AN

/ "[oz + 3 az + 6 5t™ — 3
t = = m = = = .

y a— ytm
SRR G325 %

/ R(o(t), 1)/ (8)d;

-----
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EXIEHT REERAERBHER, FA R, o, AEFERE K EHHENE
HEX AR, Ut =w(z) FAATE, SERIZEIEMZER T .

Lk A
az + B\ [(az+B)\°
/R<$"<va:+6> ’<7/5:3> ’ )dm
AT (1) AU, Fb BRI 15, - BRAIIG ABIRTLHH A
KO m, BATERA S EEE o St |20 T0 S B

vz+1+2

dx.
$+1)2—\/I+1

gl 1) [ (

SLED T g :f; B, 75 AR R & ¢t = Vo T,do = 2tdt, TR

—VEE1E2 g [ 124 (—2 . )dt
(z+ 12—z +1 8 —1 t—1 B+¢t+1
t—1)2 2 2t
t—1) +1+C

e T B s
LJL%J‘FB’J%E‘E—Ut—\/z+ ﬁ)\T.

f _f fx4+1 dz
+1 t3+1 —6t%dt
bt =/% = = :
N \/z—l’x P S (3 - 1)%
TE
+1 dz -t 1 t+2
/ z—1lz+1 /tS—T_/(—t 1+t2+t+1>dt
1 £ +t+1
=_1In + V/3arct +C,
27 (t-1)2 g\/g
fr+1
Hlb ¢t =/~

279. IR WS MRS, Gl FEan
z™(a + b z¥Pdz

AR M BB, K o, b BAETE L, MIEE m,n,p BRI BXRF
BRAX LR AXAER RERHRRA89E O

— M XENELRERAEM: R p ZEHK(EM, FRHAM), B4, B EEH
ZEAMBET L BHRSMER. R, RA N FRSE m & n R R/N
AEE, RANTERXBMARM R(Yx)de BIREZR, TREBR t = 1z HTIEER
BT
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WA 2z = » KERAENRBRX. TE
z™(a + ba™)Pdx = 7—ll(a + bz)Pz R 14y

)

FARAEL, &

n
HIE) X
/:z:m(a + bz™)Pdx = - /(a + bz)P29d2. (2)

wR g AEH BRITAEHBIEHARINKBORER. EhrL, REL v
KRR p HIEE, BRA, ERIEHIRIERMAE R(z, Ve + b2) WK, HERH

t=Va+bz= Ya+bz"

WAl L — TR RIEK R(2, Va + bz) HEEAL
&, W5 (2) 5% AR X

/(a—kbz)pzp_*_qdz‘
z

R 1 p + g RESHRAT BRI TN, EHRNEKA
(= \/“”z) A, B

t = a+bz=v"az_"+b.

z

MEAE R PRI R — T TR L.

FH U AT L, 4o R
p,q,p+4q
A =R, A ([FFEHD)
m+1 m+1
D, ) +Pp
n n

PA-ANREL, FX(2) R MRS TIA R RE T k.
XU FREMETE, HE4MBCME T2, RE 19 HEhmiIttEX
(Chebeshev) A B X/NEZMEL : FEARIKRA I &H HAA FRAYETE.

Z IR —LLpim.

3/1 1 &7 \ 1

Vit ¥z, o 1 3
1) f‘—\/i—d ——fI 2\(1+I4) dz
ﬁ%m:——n——l—,p:l;[ﬂﬁﬂ

4 3
m+1  “37t!
= :2.
n 1




- 38 - FNE REY (RERS) (280]

A RE M REEE. kDl v =3 ZG, & (K—REMT)

= V171 z,2 = (2 — 1)% dz = 1262 (¢* — 1)%d;

T .
3/ 4
/de =12 /(ts —~ t%)dt = %5*(4# -7+ CE%.
fe/ﬁ—q fx 1+z%) ~4dz. 1 1
1 1 M o o
i’?ﬁ(m—o,n—4,10——z, [Hj] m + +p=Z_Z:0’ Eﬁu%%—_ﬁ’ﬂfﬂ%‘%ﬁ; IXE
v=4%
N4 q
t=3/z-441= %»T»Z(t4—1)'%,dz:—t3(t4—l)‘%dt,
T£
V1t+at=ta=t(t' —1)74
_de [ 4t _1 (2 - L Yar- dt
-\/41—{—2:4— -1 4 t+1 t—1 2/ #2411
1 |t+1] 1
—Zln i1 2arctgt+C %%,
(14 2% ~3dz.

Dl i r—Hxs—fI
{‘Elftm——ln—Sp———

=Y1+25,2=(£-1)%,dz %tz(t3 — 1) 34t

m+1 =0v=3 4%

BNA
_dz 3 [ _tdt _1 (L__L,L)dt
z¥1+z5 5/ t3-1" 5 t—1 +t+1
_ 3 +1
Ly, (o UP ¥ +C %%,

D S P L T arct
wlerir1 5 g\/‘

280. BHEAR HIHWXHUAMNRSEEE (BF (2)) RN T AR
Jpg = /(a + bz)P29dz, (3)

BT LA, 72 LUR FA TR T35 fiX LR 4
BMERET —RIBBAR, HETEN, —MREE B (3) ATURRBEL
HIFRGY Ty, BP0 K g 5 p R ¢ RHE - EEEH
Mo 1ES
(a+b2)PT129 = a(a + bz)P2% + b(a + bz)Pz911,
diz[(a +bz)PH129M] = (p 4 1)b(a + b2)P29t! + (g + 1)(a + bz)PH129,
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HAEER
Jpt1,q = adp,g + bJp g+,
(a+ bz)PT129 = (p+ l)b{p,q+1 + (g + 1)Jp+1,e-
A EISL AN AR
_ (a+bz)Pt129"  p4g 42 )
(I) Jp,q = alp +1) a(p+ 1) Jp+1,q (p#-1);
a + bz)Ptizatl +q+2
(1) g, , = &) —bE TS g (g # 1),

a(g +1) a(g+1)
EAMERNTRESZ IR p 3K o 18I0 LINRERT -1 #I5).

M PN EREE Jos1.q Jpgs1 FHAFILp—1 & ¢—1 REF p & q, HM11EF
NN

_ (a+ bz)Pzat! ap Y

(IT1) Jpq = e +p+Q+1Jp-1,q (p+q# =1);
a+ bz)Pt1z9 a

(V) Jpg= @O 00 g,

bp+qg+1) blp+qg+1)
EAMERNTEEBIC p & ¢ B> 1NRMNE p+ ¢ BT -1 H9IE). ,

MREI p K g, 3 p + g BRREE (FREGY J,., FHEE 1% R $ 7 IR
Ttk o 2 ), 53250 T L PR AR R T T 5. A5 BhF AT, TTLIR S
B p B q R, B, B4

BTE HE— % AT A RO RE, B2 R T 75 4 BRI kSR B e a9, 75
WA p 3% ¢ RAEER, BNEH p + g WOFTE ] AR - = % RS ¢ 1
7.

IR R FE R0, BEATIEASRHERY p 3K o fLAR OB AN B IEKUAiE) =
LA LB RASMIE). B, BERAERRUMERT, 5% —— 7efEafs
BT —— RS AR EL T

5 J

1) 2ERHO

H,, = / —z—m—dac(m R
1—z2

—
ME 0 o= 2p = -3 HUY m RaEe T = "D pa s m RBMA, %
milp= m;” - % = 2, FRAFHEL TRAMAELIRLRFRE. FES 2 = o

DAty th AT LABFFTFRSY

™ z™
—— dz, ——dz
Vz2 -1 Vz? 1
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AER AL AR

1 _1 m-—31- 1
= — 2,72 [ —
2/(1 2) 2277 dz 2J_%’_2_1

WREE m > 1, ILAR (IV) MARAENRAS X KGR

1] m-=—1

1—2)2272 -1
L :_2( 2)2z +m J
[ m m

J

=

m—3
3.medy

&, EEIFEREENRD,

H, = —%zm'l\/l —x2 4 anle_g.
T m HERD 2 XANAR, BEIE He BT E Y m EIFHETL

xd —
m= [ 2 Twe
HEY m BRI, 1L

d
H0: ﬁ :arcsinm—}—C.
HEm< -1, FTEm=—pp>1 ZIERGALR II)

_%‘5;_122 1 m+1']_%,ﬂ2+_1’
=5z T —
WUV — g2 -2
Hop=-~ +ESH
w—1 u—1

BT XANARK, HATATEEIE p ERD 2, AW, AR EIE H-, T8 S o BAEK
B PL AL

_ dz _ 1—+1-—2z2 C-
H_l_/:z: 1_$2—ln - + C;
WY RBKET, R
_ dz _ V1-—2?
H_g_/mz\/l——?_ = +C.

2) &3 FRHO

dz 1 —(n+1) -3 _
T =/mr)m = §/<a2+z) Vel =T -y (R=1,2,3,0
rE AR (1):

(a2+z)_”z% 2n—11

—J_ 1
na? 2n a2 "™73’

Ra, ZEF J,, RITKEDNELFEAMSBHELAR (271, (6)):

J—(n+1).—% =+

J _ 1 T 2n -1 lJ
"7 ona? (22 + a2 2n a2 ™

DALl th ATABFF RS> f( . dz

T2 — a2)n+1 )
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281. FARA R(z, Vaz? + bz + ¢) IRIERAMRS . RuBk WAERELEIR
BE MK -
/ R(z,\/az? + bz + ¢)dz. (4)

BRBRE ZIR=IREA SR, TEERIR SARAAERAZRBN. HNAER=
MR, BETIBRAIZiR, FIAEN, SRR WAREKA A L.
£ 1 MBIRNAE o >0 WFET. WaHERE

Vaz? +bx +c=1t—az®.
¥ ix ERXFET 7 ,(IHE az? W/GE), 158 bz + c =12 — 2\/atz, TR

t2 —¢ at? + bt + cv/a at? + bt + c/a
T = N Vaz? + bz +c= Ve 2:;(_”5 :b v , dz = 2\/—(2\/-'-& ++b)2\/—dt'
XA B 2 WA ERET: A TEL o, MEEI—-N—KRFRE, TE 2 SRA
Vaz? + bz + ¢ RIS tA 2 KR kK.
WRIEFFAIRE AN (4), MR FRST ¢ BRI T . LSRR
2 z BY, M4 t = Vaz? + bz + ¢ + Vaz.
I #BLN AHE ¢ > 0 B, EXMIFE TS

f

Vaz? + bz +c =zt + /.

MRFEFE, HEREH ¢ HAE o, MEE az+b = 2t2 + 2/t
FE Ak

_ 42 _ 2 _ -
P N e e R R N L L

a-—t2 ’ a-tQ (a_tQ)Q

X2z H—IK

KX SR (4), B, HRRXRKWEELT. G, AER+S
_ Vaz? + b +c—\Jc

T

t

Wk 1 FEFTEENEES >0 & c>0), Bk o= l AL B — F
AR — R, R AT LS o F S 1T A,

BfE, % 111 MERE A TXMEE: MRZK =R a2? + bz + ¢ B (FHFH))
LR NG o WETER, BUBHX =T A] S M B R X

az? +br +c=alz — \)(z — p).

Oth AJU4 VazZ + bz + ¢ =t + \/az
O VazZ + bz + c=at — /e
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A
2
Vaz? +bz+c =tz — ). ‘
FHHAE z -\ EXBBER—RFTE a(z —p) =t3(z - \) TE

- 2 -~ 2a(p — A
o= IS b= B gy 2 My,

t2-a t2—a (t2 — a)?

EE 3

MbE I ZEFERRET, B Valz - Nz — p) CHBABEN, LR, IAE
z > \) AR AT B9 R
[ T—p
(z =\ a;_—/\,

R 7E B 2% [ AR O T
R(z,\/az® + bz +¢) = Ry (x, ai — N> )

- A

FRRAWEE R ELRABAIE 278 HRFHFULOMEMNRT . TILE 111 7
WA AL 0 T BT 2t

—JoE

fTVe TN

X 278 BHE LT ERERER.

MAERMNEL, AT ELAMATHREALTELR (4) FHREXEXOAHEL, BH
I & 11 FMERAIESRBEER T, L, R=IK a2’ + bz + c LR, R4, 10
EKMNEBRTH), SEAS 111 M8k MPREAELR, BIE, b2 - dac <0, M=K

1
ar?+bz +c= E[(an +b)? + (4ac — bg)]

HAR 2 W—IETHS o« BHANFTS.0 <0 BBEEEINZEEEMEN, HHA
AR R LW ALME. 7 o > 0 BEE, SUASE 1 k.

B TS FATE Bl — MRS £2 (1) RS ETEARBR T REF, 5
B, ATATHEN, RTTARAFTARKS XAORS)AMEIHN, REEA=
KAEXB T,

282. EREIEIRAYJLAME R MBS IERNRRIER, TTLELHEWR
B9 LTSS
s — R

y=+Var?+br+c B y*=ar’+bz+ec
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MREX L FBEER (z0,%), T2
Yo = az? + bzo + ¢, (5)

A4, WX RBIEIL y —yo = t(z — o) MIRIZZHMAT — R (z,y). X LABILIRAT
RIRIBRBITE R . N RFILB T RPIHE v, HIEE

[yo + t(z — :vo)]2 =az? + bz + c,

ik, EEE (5),

2

2yot(x — z0) + t2(z — x0)? = a(z® — 3g) + b(z — z0)

Ej%,4 2@% T —20-—
2yot + t(x — z0) = alx + z0) + b.

XHE, BRI o, FEZ AR y, ERAT RSN AIRER ¢ AR 2 24 FKR
. XBTIE YL ¢, BRAMER (z,y) #2EF 2.
W7, &K
az? + bz +c—yo = t(z — x0)
BARE BT (4) PO R ERXE AN B .
W= az? + br + ¢ BELR N K& py KRV, FOTAIMEE « #IF R (),0)
B (w,0); Blan, BUENTHHE—SIER S (20, y0), BATSEIE 111 FERHIE K

Vaz? +bzr+c=t(z - \).
TR ¢ >0, MALZS y BT R (0, £/0); BUEFHI—MER (20,90) , HAVFE

5 11 MBI B
Vaz? 4+ bz +c ++/c =tz

BfE, T EERSEMEERFT, RERNBMAN L 72 2EL (z0,v0), #
B 1 MERRIES. BIR, BRE o > 0(FEXTEE T HIZCR Ui Lk), %5 2 DU 2an) #7
B y = +/az, FHFAFTTEELAES v =t + oz SHIZMAR (XMZAELE
Wit R IEAR). BAXHEMNELIMELTE A (z,y), ERLRE ¢t A

T eRAL. TS B
Var? +bx +c=t+/al.
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283. Bl NS LHMIER TE%ENERIKFA AR (269,9) K 12); 268):

/\/% :ln|x+ \/IziGZJ +C,
T a
dz = arcsin z +C
Vo a "%
MWENH A, T LT 5 —LeFR 4,

1) IJ%—M' AR AT 0> 0 R o < 0

MR o> 0, T4 SN ERELA TS 15 — T (azg: iazw)
1 dx‘ 1 Jé]
ﬁ/ \/—ﬁ_Taln x+\/z2+a +C.
1'2 + a

EATEL o Fert ¥ RBe @A R, Xata | H— AN SR —\15-[ Ina, BfAEND C. RSB

/\/-az2+ﬁ \/_ln|oz:v+\/ alaz? + B)|+C' (o> 0). (6)

MR a<0, FR a=—|af, RITEBRAER /0 — |alz? TR, B THERE LA

REALME, WAEXBBE 0> 0. Ml EREARD FHE_F (E% = aZH'T), TE

dz 1 . ||
\_/O’.’I:T-FE_ marcsm( Fz > +C (a<0). (7)
WZ L 7] A% B RS (6) & (7), Blan
2) [ \/az?+ Gdz, AT ARSI RIG

_ 2
/\/Ozfc2+ﬁd;v:x a$2+ﬁ——/xd a1t3+ﬁ:x,/az2+ﬁ_/Lde‘
Jaz?+ 3
— /_az 5 / az? + 0) —
o::c2+

=zy/az?+f3 / az2+6dz+/@/\/ 5
az? +

FEERBNEHEDT BIHERRG, ILERD LRI U 2 BREd %X, #11ED

—, 1 I} dz
/\/am2+ﬁdx—5x\/ar2+ﬁ+§/m. (8)
E@r@]%/ﬁ%%, /\% a >0 o< 0, MEREFRMRLAEMRIER (6) T (7) FLARIA.

dx dx
3) (a) f ,—ar + (6) fszrEz vk (s) [ o+ 0)8

ﬂﬁﬁfﬁ%é’ﬂ’é?& T = ;,dz - —tlzdt LA B2 HE R, BRAVE COIREN, & z & t > 0):

dt

dz
2) ./-_z\/az2+5 T —\/a+ﬁt2
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— LIEHIHEFE g MFSKRAR (6) & (7) fEi. Hik,

dz tdt 1 vaz? +
6 [ — & [ 4t ___./ 2y 0=V P . o
) /r2\/ax2+ﬁ /\/a+ﬁt2 8 Rl Bz *

AL

()/d—m__/ tdt  _1_ 1 to=1_% .0
® (aa:2+ﬁ)% B (a+ﬁt2)% B \/a + (t? B \/az?+ 3
4) HRRFAWBEFH LR AL T EOFRMURE ST E L84, il
(a) /% 6) / Vet th () / %dm.
az?+ [ T (az? + ([)2
wIH
az? +ﬁ

/\/01562— / azz—i- / eatf dz——/m

S, FIRAK (8),

z2dz 1

Ria
5 14a12+ﬁd :/ az®+ 0 _ zdz / dz :
)/ r T aderan ) Vam s Ul s
BOoPHE——TFRABE, 247 3) PEL1HEE. &E,

0 dz
A A - 1
@ /(Mzw i B e B
5) NREMRAFHRTLE IRZAK az® + bz +c, AEWERLEILR =R XERAFIH.
Grisee ¥
ez’ + bz +c= %[(Qaz + b)2 +4ac - b7,

A t=2az+b FAXEEHFE GlI1, AAK (6) & (7), 4 a > 0 BIELIEE)

In|2az + b + 2v/a(az? + bz +¢)| + C

/\/Mx/'

1 —_—
= ——In az+§+\/a(am2+bz+c) +C. (6™)

Va

MY o < 0B
dz 1 2az + b

e R Y T ey i
6) MAER DU E K. 7 269,12) PFELERINTERILE 1 BRI ERS
dz

Vz2 £ a?
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F, BREZAEXRRY
. dz

VaZ—z2
RN B ARIR AT BB E M8, BN —A4R3, BAE RIBRR S B4 b
%.

(a) GNRSFI AL 111 FEEHR Vo2 — 22 =t(a—z), T

-1 4atdt s 5. 2at
m—a—t2+1, dzr = t2+12’ \/ —z B
AHm
' dz dt a+z
. =2 = 2arctg t + C = 2arctg + C.
Va2 -~ 2 /t2+1 a—z
FHAEER

/a .z
2arctg i;:arcsmz—k— (ma<z<a)

AL, FRUAXNE R RARH X MRINELHENERIR.
BEEUGEN LS & TRy AT EFERR, s THFHREH X Ry R4,
(6) MR A 11 &R Va2 — 22 = ot — o PIR—FS L%, ML TS

d pR—i
=- / t_ —2arctg t+C = —Qarctgu +C.
z

\/a2—m2 t2+1

XBRAITHDS—NEBHERD: XNERARESIITXE (—a,0) & (0,a) EA, BHES
z =04, REXR
a++va? —z?
z

REBYL. ZNFRSERY ¢ — -0 KRz — +0 HORRERR: EMNFNEF «» R —n, IR
Xt FERPX EEFER B e EE C WIE, R ENTHEZNLE—K 2r, ME z = 0 BFE
HAEAW R A IEVE R XA REOE. AT LIE L ER XA (~a,a) LHESE RS

KM KRENTB RN AT RES —FMERNIBHGE R, AHEER

—2arctg

+\/ﬁ arcsin%-—vr, MHFOo<z<a

—2arctg—
arcsing-mr, MF —a<z<0

T+Vrt—z 41
(a) BER S I BV -z + 1=tz

t2-1 2 —t+1

=no1 T gt
2_
dz _[A-2tr2 [g_ 3 N 3 }dt
r+VE2E—z+1 t(2t — 1)2 t 2t—1 ' (2t—1)2
3 3
=—-__— - - :
22t_1+21n|t| 2n|2t 1|+ C

Otv % 277 BFIAR 3).
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MBEXBU t=z+vVz?—z+ 1 XA, BEHER

/ dz -3 ! —g‘.n|2m+2\/:r2—a:+1—1|

T+Vzi-—z+1 22z 4+ 2/ —z +1—1

2hnjz+\z?2—z+ 11 +C.
(6) MIEM A% I &RV —z + 1=tz — 1,

2t —1 t+1 5 P —t+1 —
T = t2—1’d$ 2(t2 1)2dt,\/a: T+1= =1 , T+ T+ P

_ dgz _ —2t+2t—2dt_/[g_l 1 31 3 }dt
z+Vz—z+1 ) tE-1(E+12 t 2t—1 2t+1 (t+1)2

3 1 3 /
= - = —11=2= .
; 1+21n\t| Inft—1 2ln|z‘+l|+C

SOLBL ¢ = YE T T AL g ) e B eI, 185

/ dz = sz +2Inlyz2 -z +1+1]

T+Vzt—z+1 Vzt—-z+1+z4+1

1
—§ln|\/z2—z+1—a;+1|—gln|\/zz—z+1+z+l|+C’.

BARBRBAEH A LEXRFAENAR, BEC=C"+ % B AR ENTE fERM RI.
8) [ d _.
(z2 + a?) Va2 — 22
(a) FANERENEARNMBELE, FTATTHASE 1L R Va2 -2 =ta—z); XB
—a<z<alkt>0 HITA

t2 -1 datdt 2t o 5, 2a%(t*+1)
— ,d:I:: 2 _p2 — " = ——.
T @ Ve T E S e T = Ty

FE

/ dx _L/Qt +2, 1 [ 1 N 1 }dt
(22 +a2)va? —z2 222 ) 441 2a? 2 +tv2+1 2-tv/2+1

- Elﬁ larctg(tv2 + 1) + arctg(tv2 — 1)] + C,

HEBIRBHER, EHAETRA
a+zT

t= .
a—z

FIA R EV B A XA LA R KX RER
arctg(l—l = —arctga g (%4 a =0 BT),

AT RUE R RMER

zv2 + C} (53’.}[101204—

1 b )
——arctg ——— _— .
N R 2023
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(6) GRS 11 &k Va2 — 22 =tz — o BIFE—F45r b &, H1BF

/ e a;)if/zﬁ — = —ﬁﬁ[arctg(\/ﬁ + 1)t +arctg(vV2 — 1)t] + €,
frt t = 2T VO T i m s SRR (—a,0) K (0,a) A A5 THR, M o 25 0
B E L O M, TR EEE KN (—a,0) LEEAHN. RIS, tRMRE EYE K0
ARIBEI, TS LR R AR,
9 [ L
(z2 + X)\/22 + p
A% 1R /22 +p=t—z. RITA

/ dz :2/ 2tdt _2/ ' du
(22 + /\)\/mz Tu t4+ 2(2\ — p)t2 + p2 u? +2(2) — pu+ p2

XH—, BRI EOERS T; AR LA USSR

w=t>=(z + /22 + p)?
fRA.

284. R+ EHZ BRI BRBAFEN EEFRAERTHRTEGRER
PR (1) MRS MEE, BAR — ENAENN — EZER AR
WEIREFZNIHTE. B TFATHERXMERYR S WEENE, RINERHTENNS
— L E .

HRHRL, £

Y =az?+br+c K y=\/?.
FLEIR R R(z,y) WATURTE ¢ & y BN ESTHE. IRALHLL Y K
2, BAVBEIE R(z,v) LA

Py (z) + Py(z)y

Ps(z) + Pa(®)y

FITER, Y P(z) BEEZIMA. LURER A(z) - Pu(z)y ’XARKD TR
GFEHU Y RE »?) 5, BI15E R BFTER

R(z,y) =

R(z,y) = Ri(z) + Ra2(z)y.

HimE—THE S BIIE AR TBARER; Tl BITRFURE IR, Ly R
FERX—I, REFIIXHMRER

1 1
R* Z - R* —_—
() Y (=) vaz? +bx +c¢

AT BV ERI D
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HAEMNAEREH R (z) B BRI P(o), LRSS RXER T2 ER 4
K [274]. Eii*fﬁ?‘%%?, Frig A XD AL TR TR =F 2 RIR R
P(x
L] W‘“’

T

I [ ,
" (z—a)fVaz? + bz +c
n | Mz + N

(2% + pz + ¢)™Vaz? + bz + de,
X LETA MR SRR L, M =T 22 + pz + ¢ WRZRR. A5 HIFITBEA]

HEE—A.
L4 (XTFm=012- )

™ ™
Ym = / N / e
BHEST XSS HEAR. N TX—HH, INE m > 1, BB

m—1 / m—2 xm—ly/
(™ VY)Y =(m - 1)z \/?+W
_2(m — D)z™ %(ax® + bz +¢) + 21 (2az + b)
B 2VY
™ 1 xm—l Zm—?

RSy s E SR
2™ NY = maVim + (m - %) bVin—1 + (m — 1)cVi—a.
FEHE m =1, ®AEF]
v=ivy - Ly,
a 2a
KRig4 m=20FFA vi BFRERX), 53
1 1
Vo = ;5 (27 - 30)VY + Q(%Q — dac)Vp.
BXHEHITT £, RITEEEHE A K
Vin = pm—1(2)VY + AV,

HA ppi(z) B (m - 1) WEBWMRA, T A = T XK EAMARD V) SRR
V% T.

MBIEFRSY 1 PEHR P(z) & n KA, XBASMERSD Vo, Vi,V BN
e, RN, K ERAR, TEMR

P(z) dz.
/Wdz_Q(z)\/?-i-/\ = (9)
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MR, Hh Qz) B—1 (n— 1) MBI, A = FH.
BEASERBERBESTR Qo) REH A W (9) F LU VY FETEE
%R, HANEE

P(z) = Q'(z)(az® + bz + ¢) + %Q(a))@al‘ Fb)+ A

IR IS FREAE) (n— 1) KEBTANE Q(z), £ FXMRMBMAE n KRBT
K. FEMNOREAAE, BE n+1 MEHETENHTEL, LUK Qz) B n TREL
Fod 8 X pin] B XL 07 AR AR A RO,

ME AL (9) BEMFR

P(z)
/ % dz
R & AR AR S B T TR R
R(z)
[
WATLHIEY, X)L R B2IEERERHMILS. RITAFITEXRST.
1. #5

/ dzx
(z — a)kVY
BRI ¢ — o = % BRI e AR R, SERR -, R

(aa? + ba + )t? + (2a0: + b)t + a
t2

3

dt
d$=—t—2,amz+bx+c=

FE CYABEIANE 2> 0, TEt>0)

/ dz _ _/ th—tdt
(z — a)kVaz? + bz + ¢ Ve +ba+ o)t + 2aa+ bt +a

MR ac? +ba+c=0, Bl o BT Y AR, BEMEREIL T, RITERE 278
B o5 a9 2L AL

1L (a) MAERNTRIRGHAD. HANVEZE—MFREL: =0 aa?+br+c
5= 22 + pz + ¢ RHE—NE T o, WIHTORADE T EATERK

Mz + N
2 2m+1 dz
(az? +bx +¢)77

OMETIEBAR R LR A AEF L, XA BEX R MAEFAEE RS &, MEXHFER
T, BT —EF T o, AMARBASRHEN. BINHEERT T (9) WRFENE—] (B
EF 28 W5 31 ~32]).
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BEHILXRDFRRA T4

M 2am+b2m+ldx+(N—%b>/ dx
20 ) (ax?+4bx+c) 3 2a (

‘,‘E“P%—/l\ﬂﬁ‘ﬁfﬁﬁg}g& t =ax? + bz + ¢ SRR .
HTHERSLS

az? + bx + ¢) F

/ dx dx
(ax2 N b.’II + C) 2m+1 Y2m+1 i}
YEFTIBBT /R (N.H.Abel)

t= (\./}—;)’ = }/, = o + 5
2Y  Var?+bz +c

EHRH{E.
BERPMRETH L 4y £, BRI%R

442 = (YV')? = 40z + dabz + V%,

Lh 40 FeEX
Y=ax’+bx+c
fa, THAmEE LR, 41155

4(a — *)Y = dac — b%,

it .
om _ (4ac—0b i 1
vm= (%) (a—m (10)
MM ER )
t\/? = ax + ‘2‘,
#1153
VYdt + t2dx = adz,
TE de dt
Va8 (1)

M (11) £ (10)

dx ( 4

mxl dac — b2

" 2
a— )™ 1y,
. ) @-#)

dx 4 m N
/ng% = <4ac_b2) /(a—t2) 1dt. (12)

KT, &jaisE
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X, BRI E ST T
Fralt, Blan, & m =1 8, 3R

/ dx _ 2 2ax + b
(a:v2+b:c+c)% dac — b2 \Jaz? ¥ bz + ¢

(6) TE—fEEH, I TEXFFREL, &

az® +bx +c= a(:c2 +p'z +4q),

FEMAEHN ] LUEE, FBIMFH=AMELFT 22 + pz + ¢ BAERNTEATAYIE
HE: IHTHRTE o, FREANZAX PR HET IR
e p # p'. WASHEBY T o &R
[Lt;l- v

sty 13
Y (13)

EEYERAY 1 5 v ZJ5, AR EENOB N, #I1E

(W2 +pu+ )t* + 200 + p(p + v) + 29]t + (V* + pv + q)

:z:2+p:c+q: (t+1)2 ,

HEAXTHEAZIABRRLE. KRR LD 5~

20+ p(p+v) + 2 =0,2uv +p'(p+v) +2¢ =0

19

Y Iy me!
9-d PP
pP—p P—p

pAv=—2
EH. AT, 5 v BZIRT5HE
(p—0)2% +2(g-¢)2+ (p'g—pg) =0
AR, HEMXLRMEMARIHO (LER) ROMFEE
(a-4")*—(—p)(0'q - pq) >0 (14)
HATHIERA & 2R /Y.
BB LRFHAEMER
2(g + ¢) — PP > (49 — p*)(4q' — D). (14*)

OY p=v MBERKEEL, BACER c=p T.
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B4 49 — p? > 0(A =N 22 + pz + ¢ B ER), BINFERT 4¢' - p2 < 0 AIE, TE
AEX (14) BRYHLZ. MERFTHAR 4¢ —p? > 0 WIEE. X8 ¢>0,¢ >0 FF

B 4494 > pp/, TEEIMNMEKKED

(2(g +¢") — pp']* = [4/ad’ — pp')?
= (4g - p)(4¢' — p?) + 4(pV&' - P V2)’
> (4g — p*) (4’ - P'®).

X BRRAESIRESKE—I, (BESAA R AAERMEL H: MR q# 4,
WES R —MEL P —E'RA,; ME ¢ = 0, BR-MELFES—EER.

L, AR (14%) 5 (14) BBHERART .
Ve /E, BATEFTRAFR 2 A T mE AR

/ P(t)dt
(t2 + A\ /at2 +
XL P(t) & 2m — 1 RZW GFRE A > 0), Bl (4 m > 1 87) AR

P(t)
@

iR, HAVREFE N

At+B
/( bt & (k=1,2--,m)

2 1 Ak /o2 + 3

AR 7 B9 AN,
& p = p’ MBIIMETE, IHE R L IR B @ BEE — FBR 2 = t—g,

HATh ARG RIRIA Brid AR AR89 AR 2.
PRgRIR 2y, AR, B AR

A / atdt B dt
a ) (22 4+ Nm\/at? + 3 2+ N2+ 3
HAE-ANEGAEHR u= /a2 + 5 R1G. IERNE ZBEABT IR

_ ot

B Vat? 1 3
N ARBISE A L X B (11), BIE
dt du

Jo2 B a—u?

7
OF% % > /a7
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Woh, ZHE : 2 \
’ 2\ _ (B—adu?+ )l
)
it .
/ t2+)\ m, /atQ [B Oé)\ ’U.2+)\Ot2] du,

?%%*fﬂ%m’}[ﬁkﬁlﬂ%ﬁ%i\ﬁ?

MEE EARPRNR MEBRITELRE (4) WRTHIFZSH RS, RS
FIHER LS HTESR 281 EK%%%&E’J%&*UTWW?MHUEMT E’JuEHE

285. Bl
22—z 41

1 —dx
)f\/:n2+2:£+2
4

1‘3—:1:4—1

= =T gy =(az’+bz+c)\ /22 +22+2+d
Va2 +2z+2 Vit ozt 2
Btk

2P —2+1=(2az+b)(z>+22+2) + (e’ + bz +¢)(z +1) + d.

PR X

3a=1, 5a+20=0, da+3b+c=-1, 2b+c+d=1

Sl 0 = 5,b=—2,c= z,d= > Kk, MRHKE 283 A 5), AR
—rt1 1 ————— 5
\/%ﬁ =522’ —Se+ Ve + 2w+ 2+ S (e + 1+ V22 + 22 +2) + C,
dz

2J (z—1)3V/aZ -2z —1
Bl g 1= %(tb?ﬁ)@, NP w>1R >0 MiE) RS T @R
t2dt
JV1-—22
XN RS AMELERE (BF 283,4)).
R

1 1
~t\/1 —9t2 — ; C
1 2 w3 arcsin tv/2 +

1 1 V2
— 2_2 -1 - — CSi
~4(x_1)2\/m T 4\/§arsmm—1

+C.

dx
3) [ —————.
/ (222 —z+2)%
] D1 IR 4
4z —1

T -zi2
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RETRFR D AR AY, T TR 2 .
4

3375

TEMTT LAZE{E 284 B I1I(a) BIXIFFRERH— AT HE, SEFRARMB LR (12).

ER

(2 — ¢%)%dt;

(e e e e
3375 | (202 —z+ )} B(222—z+2)3 160 (252 5 9)F :
(z + 3)dz
4 —_—
)f($2—$+1)\/x2+z+1
L HE R
ut +v
xr =
t+1
ot
:L‘z:l:m—}—l:(’uziu+l)tz+[2“Ui(u+u)+2]t+(Uzztu+]_)-
(t+1)2
BRI R

2uv £ (p+v)+2=0
FHER p+v=0,w=-18p Ry, fli0u=1v=-1RKITH

_t-1 _2dt _4t+2 _t?+3
m_t+1,dm—(t+1)2,m+3—t+1,m m+1_—(t+1)2
#A
/3t2 +1
2 N
vVzi+z+1= P
mE — HATEL IE t+1> 00 z < 1) WiF, XHE—K,
/ (z + 3)dz [ (Bt+4)dt
(2 —z+ 1)VaZ + o+ 1 /(t2+3)\/3t2+1'

PG RR 43 7] 43 B R AN FR 43

8/ t di +4!/ dt
2 +3)V3t2+1 ) (243)V32+1

. 2
F SRR u YT T IR, ST VBarergy/ L o smmn s

B
3t

R ve
MRS A4, BT T EATER

/ du 1 \3\/§+2V/§u
12 n

G ECErYer R

~

27 —8u® B

FFTHEARTELEE ¢ T.
5) [ (z? + 1)vz2+m+1—x3+1dm
VzZiro+1+z
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Rn EHRRMIR A T EEEAR
22 +2° +22° 41 20° + 22 +32° — 1
T +1 CEE VR +1
4 2¢* +32° — 3z ~3 4 _
z+1 mr Tervmiarl

FHE 284 B 1 W MARIE =M, MiLEK z+ 1= f I A E & fs — T,

:(2m3—$2+3m—3)+

§4. EH =R RYSIEHE BHREXHR S

286. %= F R(sinz,cosz)dr AIFR XK S X BT URER ¢ =
tgs (-7 < <) LEHEL. TR L,

T x
| 2tg 2t L-tg®s g 2dt
sinx = 8 :1 5, COST = ol R $:2arctgt,d$:—l-—t2’

1+tg’s +i 1+tg?= + +
2 2
TE ) o oy
, B t 1—t> 2dt
R(51nz,cos:v)d:v—R<1+t2,1+t2 e
g Al L, £ A

/R(sin:v cosx)dx (1)
RS ETEARMBIKP KIF; st TERA, RAERS A DM XBHHTE T 64 R

TR, RAEFTEADHGKBT.

XA (1) MRS ERREMN i, A5 ERTTE. TEEL—
L] 5 B TR R A B M AR E B M EE. BAVEEL TEAX B RECEER
Hr AR SR,

INRA BT X R R(u,v) EEEEN—BZE, N, uw NFSE, B
AEAREE, BN, 1R

R(-u,v) = R(u,v),

XA PR ECT LML RE &R u AR FRTER
R(u,v) = Ry(u?v).
FRR I, ANRIEAE o BFFS BT RS R(u,v) LSS, BNE, IR
R(~u,v) = —R(u,v),
T XA R B AT LI AL T RV FEAR

R(u,v) = Ra(u? v)u;
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B 37 Bl LRRO AR, e R g ) (” V) | #p9iE.
L EY o MR Riu,v) BE D, A

R(sinz, cos z)dz = Ro(sin® z, cos z) sinzdz = —Ro(1 — cos® z, cos x)d cos z,

FE# t = cosz LA LA ALA F L.
IL 2K, INRY v HEFSH R(u,v) BEMFS, N

R(sinz, cosz)dr = R}(sinz, cos® z) cos dz = R§(sinz,1 —sin®z)dsinz,

TREXBIERS t =sine EFEH.
L &5, BREY u 5 v WFSFEBTBUERAT, K% R(u,v) AEEHCHIE

R(—u, —v) = R(u,v).
FENERE T, BL S (08 o, B0
R(u,v) = B (2v,0) = R (3.0)
FRERAL R MR, IR u 5 v 0155 (RS EE I REE),

e (2) = (20)
e (20) = (2).

R(sinz,cosz) = R} (tgz,cos® z) = R} ( tgr, ——
X R B

XA, RIANFIER,

)

R(sinz,cosz) = ﬁ(tga:)

PR ¢ =gz (-7 <o < )?xﬁiumm K%

R(sinz,cosz)dz ="R(t ) 2 5
BiE AR, RN EERER R(u,v), ST RRAE BRI
FERI2ERUA) =Fp AR BIFNROTEAR. Flan, AT 4

Rlu,v) = R(u,v) —QR(—u,v) N R(~u,v) —QR(—u, ~v) N R(—u, —vi+ R(u,v)

XEERAXFRE - MERE u FSHEBFS, 55 AMERE v T SHERE
5, ME=ATE v 5 v RN BEFSIHRFRERHEARE. BERERX R(sinz, cosz)
4 BUE LM JLIS, BEATLUEE S ¢ = cosa MABIEATHME KA EX, &
ot =sing MARE M EE BF, Bt =tz MAZSE=MLEX BATW,
xFIHEZER (1) B, I=MERCEEB T

+
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287. (£ FFRiER sin?z - costz BIRRSD HATAE v & p BEHEE, MEE ¢
TE X [8] (0, g) FARME,. MEBTESHR 2 = sin® 2, dz = 2sinz x coszdz 44

. 1., . =1,
51n”$cos“a:d:c:55m” l2(1 —sin?z)“z 2sinzcoszdz

1 o1 v—1
=—(1 —z)_flszz,

2
T2 =3 KBRS [ [279):

1

/sin"zcos":vd:c: /(l—z)%__lzu_'_rldzzaJ%va_x. (2)

| =

FUC AR RO, BB Lo (21 ) aew e, i

R p(ev) REH U2 2) MR L0 AR IRR, 0 v RABH R
B4R AV FR S PR R K 2R 15,

FERIM, BANEE o R v BBREBEHETHE TX BEMNERE,; 4K, aTERER
sin” z cos# z X F sinz 5 cosz BHIEM, BNERB T L B HE LR A AR F KA
—% 7.

FEXMIEIE, INRIEH v (3 p) BETEL W AR ¢ = cosa(3X t = sing) THIT]
LUSEIREL. MRWMEL v 5 p HEBHE (MRENBEESE LE-H/),
Xt F 7] — B B P LAR FI R ¢ = tgz B ¢ = ctga.

EAMEL, IRIEE v K p HEEBE, SR AR RRIEAS

sin 2z . 9 1 —cos2z 2 1+ cos2z
n“z = cos“ T =
2 > ¥ 2 2

EREM . BE, IR v =2n,pu=2m, Y v> s

sinx cosx =

sin2z>2m (1 —cos2:c>"_m
2 3

sin®" z cos®™ z = (sin z cos 7)2™ sin?(* ™) g = ( 5 ——

PR

sin 2z

2n m-n
. . - 1+ cos2z
sin®® z cos®™ . = (sin  cos £)2" cos?(™ ™ ¢ = (_2 _> ( — .

Lo
TERITR AR T TR B

C'sin”’ 2z cos® 2z
%%ﬁ%ﬁ@%#M+M<n+m=5%ﬁﬁﬁbﬂw$§¢ﬁ~¢%%ﬁ%%%
0, 755 K EE 1S A AR . BATX LA TE FIREAI MR, A5, sinde 5
cosdz, ML T 5. ENEBRASMIHEEOE DB S—% FRESSETRE
Hh 52
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FIE L F TR TR R (2) BTN AT LRI — R AR A A0 i A2
qu%@zﬁ%ﬁﬁ@ﬁﬁ%ﬁm@ﬁ.Eﬁéa=1¢=_Lp:ﬁ;L,=
vt

FEXREE T AT EI R AYA S (C44R, T TAT LU ST gt )

sin”*t! g cos*tl
ptl
v 2/
Z:LLJ{ /sin”xcos“”xdx (1 # -1),
v+1

(I) /sin” zcos xdr = —

xcosttly
v+1
v+ u+2
Lrtn
v+1
sin"t! zcos# 1z
V4
M—l v —2
+ sin“zcos" " “zdr (v+up#0),
v+pu
sin’ !z costtl x
v+ pu

/sin"_zxcos“ zdr (v+ p#0).

(1) / sin” 2 cost zdz = -

/sin"*zxcos" zdr (v # —1),

(I11) /sin”m:os“ zdx =

(IV) /sin”xcos“ xdx = —

v—1

V+u

X7 TS A TR IEE S v K o IGINEURD 2(BrE AT a9BISMLASN). 0

RANEE v K p BREBH, ks FBHEAR, ATLUBRIEAE T 3915
Moz — (MRTF v R op BEST -1,0 3 1 BIARBES):

1) [dz =z, 2) [coswdr = sinz,
3) fcz:m =1n‘tg(§+g) , 4) [sinzdz = —cosz,
'5) [ sinz coszdz = sin:a:, ) filor;z(ix = —In|cosz|,
7) f;f—x =In ‘tgg , 8) fZ?jidz = In|sinz|,
9J sina(:iios:v = Inftgal.

288. B

1) [sin®zcos® zdz. HWIARIEKTELL —cosz 1R cosz BN S. 1EER t =sina:

_ B85 ;3 .5
/smza:cos?’zdz=/tQ(l—tz)dtzE—E—FC’:Sme—sme—l—C.
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2) fs‘“ 0L jr. WAAFERLELL —sinz (48 sinz MBS (FEH ¢ = cosz:

cos? x
in® S 2 1
——Sm—-—mdmz—/—t Pl = =—t-T+55+C

costz t4 33
1
= ST - e T 8wz T U
3) [ ———— BRFRERE —sinz 108 sina, LU — cosz 1A cosa BEAKE A

sin® z cos? z C082

CEIE. (FEHR t = tga:

dx (14 t2)? 2 1
= dt=t—- - —=+0C
/sin4m0052m / t4 {3

=tgz — 2ct8T — %ctg% +C.

4) [sin® z cos® zdz. X BIES FERBABRESEL, BFHAGEALXERH R

—_

. 1 .
sin®zcos* z = < sin” 2z(cos 2z + 1) = 3 sin® 2z cos 2z + %(1 — cos4z).

oo

TR

' 1 1 1
= — 2 — i .
/sm z cos® zdz R sin® 2z + 16:1: 64sm4a:+C

5) [—2 1y 9T e ine RS, MEMBEAR T ER R

sinzsin2z 29 sin®zcosz

1. dx 1 1/ dz 1 1
=T = — e+ 3ln

2 sin2 2COST 2sinz 2/ cosz 2sinz

6) [ —

tg(-§+%)‘+0.

AR t =sinz RAEN, BRKRERAEHEAR I ERE H:

/ de_ _ sinz_ 3 dz
cos®x  4dcosiz ' 4 | costz’

cos5

Hik
dz sinz 1 dz sinz
o mE o +amne c,
/cossa: 2c052m+2/cosm ToosTT T2 g( ‘+
TR
dz sinx 3sinz 3
= 2 D|+e
/0055:1: 4005‘111,‘+8cos2 +8 n‘tg( +

7) [ B, 8 ¢ = cos s R4, (EAMBEAR 15 1 EHDE,

Sln T

4
cos?z cos’z 3 [cosiz
sin® z 2sin“y 2 sinx

4 2
cos” 1 cos“x 1 z
d = = 3 = - 3 -
/ prmal 3cos :c+/ nT dz 3cos m+cosz+ln‘tg2‘+c.

TE (EfFReZERE)

4
cos” x cos T 3 T
—=—dzx = —— —cost— =In|t —‘—i—C.
/sin3m 2sin? 2 ‘gQ
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S)Id—m:fd—m_l) Vﬁg?ﬁétzcosw:

sin x cos 2z sinz(2cos?

dx di 1 1+8V2] 1, 1-—1¢
. = . ~=—In|— My m—"4C
sinz(2cos2z — 1) -t -2t2) V2 |1-tv/2| 2 1+t
1 ‘1%—\/50031:

=—In|l————|+1In
V2 1—v2cosz

T
teZ| +C.
g2‘+

SIN®TCOST g sing 5 cosw HYREE A RIA SR MBS, LU

) f sinxz + cos z

t =tgx B5A:
/sm zeosz t2dt
smx+cos:v (1+e)(1+12)2
_ { Lo li-1 1oe=1 g
4141 4e2+1 " 2(2+1)2

1 1+t 1141t
==In

it AT 11+

1 1
=Zln|sinz+cosar| - Zcosx(sinx+cos:c) +C.

dzx T T
10 B AC-B*>00f. BRE —= —,
)fAcost—FQBsinmcosx—i—Csin?x 1. BE 2 <r< 2’ i

et = tgr AHERRDEM TEMER

dt
A+ 2Bt +Ct?’

1 Ctgz+ B
= tg !
ES \/AC—B2arC Jac = B2+C
dx dt

\

= ERES -z T\ by : '
Jfa+btga:_f(a_|_bt)(1+t2) % t=tgr ( 5 <z< 2) B, A fRAER A4y

1 A Bt+C

(a+bt)(1+¢2) a+bt 14+t

ATHER A B,C, BN3EIL#

A+bB=0, aB+bC =0, A+aC =1,

b2 b a
mtA=—"—- Bp=—-—"_ ¢c=_2 .
a2+b2’B a2+b2’C a? + b2
a b a+ bt
marctgt+a2+b2 n\/l-{-_t?+c

2-1kb2 [az + bln|acosz + bsinz|] + C’.
12) TERS

T sin zdx T cos zdx
1= - 1 . 2 = - 1 .
acosz + bsinz’ acosz + bsinz
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LR R AR B AT, MR R ENTRXRR

bT1+aT2=/dx=$+Cl,

—aTy + bTo— —asinz + b?os:vdw _ d(acosz + bs'inac)
acosx +bsinz acosz + bsinzx

=In|acosz + bsinz| + C2

HRFHH ENTE AR S, G

T, = ﬁ[bx—alnhcosx—i—bsinxu—f—C,

T, = [az + bln|acosz + bsinz| + C”.

a2_|_b2

1 ].—7"2 . P _ T i,
13) EITOSQI-F‘TQdm (0 <r< 1, -T<T<L 71'). ﬂ%ﬁlﬁﬁﬁﬁﬁﬂﬁgﬁ t —tggy )E’E:ﬁ‘

2
1 ——_1__24_—dz=(1—'r2)/ — dt, -
(I —r)2 4+ (14 r)2t2

2 1—2r-cosac—|—r2
1
1+Tt>+C:arct ( +Ttaw)+C.
1—7 1—-7°2

=arctg (

T XA AAR At BT AL X AR
1— 72

1-~rcoszx do— [1 1 }d
- 2+21—2rcosa:+r2 z

1—-2rcosz + 12
1 1 x
=§m+arctg(1+r 02)—|—C’

14) [ Hi— B3, Ja| 2 bl(—7 < = < 7).
BHR |a > 0] HA (RBEEM)a > 0. Rt = tgg, IEANRIA Fr % B A B T —
B, %
dx _ 2 a—b Lz
/ a+bcosz /a2 __b_Qarctg <\/;a__+_5 2> +C.
AT FIR AT A8 T AT AR
1 . acosz+b )
+ — arcsin 2+ boos +C",

HFAEER “+” 5, ﬂﬂ%0<cc<7rﬂ’ﬂﬁ MR “— SR -n1<z<0BE B C HEY2 &

I 0 AN m
B |a| < |b]| 3B b> 0. ERESR:

/ dz _/ 2dt 1 |vAta+vE—at iC
b+a)—(b-0a)2  VB2—a2 |Vbta—b—at

a+bcosz
. VbTa+vb-atgs

= > 2]1’1 % +C
Vb2 —a \/b+a—\/b—atg§
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XANFGEXEHE RN TR
1 b+acosz + Vb? —a?sinz

In + C.

B2 — a2 a+bcosw

dzx
n/
B f a+bsinz

15) &J7, B4y [

WS ¢ = g + ¢ b b IRAOFRSY.
de AT UL, 14) BOFSY. I0BH IR

a-+bcosx+ csinx

b . c
COSCx = —F/———=, SiInoa =

Vb2 42’ Vb2 + 2
Sl o, WARS RIS & T @Ak

/ dz )
a+ Vb2 + cEcos(z — o)’

ERM t =z — o BIXE, HR |o] 2 Vb2 + 2 WIFRAZR BH.

289. EfERAIMBEIA T 271,4) PRINC LN, EHEH
Ean
P(z)e**dz, P(z)sinbzdz, P(z)cosbxzdz

HFRARN, K P(2) BBZIIK. BFHIHEL, 2XFEK

- .
£ 4z, Smxd:z:, €O e (n=1,2,3,--+)
Iﬂ

i
R A TR AR P L A%

FIR IR, B 53X RIA XM LB A K, H 4 HIEEN
= FEAR 2

Lf = [ L — OB

. [ SN2 = sia(“BUHER”)

x

1L [ C—Ojfdz = ciz(“FMAR)O.
RINEALME [271,6)] FR5

0z - asinbx — bcosbxr
/ezsmbmdmz 2 e* + C,
bsin bx + acosbzx
aT d — axr .
/e cosbxdx 2T R e** +C

MENE &, fTUERRRE R PR T Ea R

/z"e‘”’ sin bzdz, /m"e‘” cosbzdz,

OtER z =In y.
OER, TETA =FME B AR EEE —MEEHEG LSS,



P64 - ENE REY (RERS) (290]

Hn=123, - #&E HRIHANEK, 55

nasinbr — bsinbxr

/ z"e* sinbrdr ==

a? + b2
na . nb
TR /a:"_le‘” sin bzdr + e /:c“'le‘” cos bxdzx
) ) bsinbx + acosbzx l
2" cos brdg = g™ az
. a? + b2
nb ) na
R /x"'le‘” sinbrdr — — 7 /:v"_le‘”” cos bzdz.
a

iX g3 HE N RBEFEIRATCL A RRMEAL n = 0 BIIETE.
WRANIRIE P(--) THRARZIR, N4, EABRRMER, FTLKE, R

/P(z}e“'z,e““z,.-- ,sind’z,sinb"z, -+, cosb'z,cos bz, - - - )dzx
AEARE RPRG, Kb o/ 0"V, 0", BER
(] 20 3 SR FTAL AR T A 2Rk CAIAR

/ 11 ’
z"e*® sin® b zsin® bz cos™ bz

MRF A E=ARH
1 —cos2bz
—
sinb/'zsin 'z = % [cos(b) — b")x — cos(b +b")z]
R ENH—ERRK, MEZIEMEENR I BER Azmes® x sinbs 5
Bz"e% cosbz BIFZIN, MARNDESIEX LIRS T .

sin? bz =

§5. MHEIRSY
200. —RBAREX FEEM

/R(z,y)dz (1)
BIFR4y, Hh y B o MRS, B [205) # 2B 2
‘ P(z,y) =0 (2)

XL P BEXMT o Ky HESIR). XHM—RKR0 0 MI/RIS, 7E §3 AT

PR AFR S .
/R(:c, \/?‘/'21?) dz, ./R(:z:,\/¢$2+bw_+_é)d:c
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B TIX—2. FEhr b, k%

™ ax +
y= s y=vVax+bzr+ec

vz 46’
o5 R K 2 .

(v +6)y™ — (axz + B) =0, y* — (az® + bz +¢) = 0.

SHEJLAATAIMLE R A, TR IURAR S (1) WM RRITAR (2) B A9 ARF
A ZAHKRFRY. Bilan, R

/ R(z,\/az? + bz + c)dz (3)

RIRTREIL o2 = az® + bo + c BERER. B4 (1) — R BEATURTRAERE
K, TELIHL (2) MR IHES.
4o R W4 (2) TAR TR A6 KK

z=ri(t), y= 2(t),

RAF B 11 (1) 5 ro(t) RAR R (EXHEH T & MEEME R BITHED),
By (1) ik ia Xsi B A 2 M. (BB o = ri(t) TEEALAR T AR

R(ri(t), r2(t))ry (t)dt,

TERROMAIEARERFKE. ERWAHEZHE TX—2£ $Filkh, 68 (3)
AR P, AR E XA AT et E RIBX —F LK AREW, Bl k&2 A
P ¢ £ [281,282].

R XEGHILFEMEL RO, F£—RIEETHE 2) REAHEM, M
AREFATLIIERA, R (1)' B R R ER, FEPAZAEMRH R T, AL TRARLY
K(BANHIERH R IEH X RE).

TSR E E ZRBIIR SR AR A A 555> (3) HHHEEEMPIE
HEFRSY

/R(x, Vazd + bz? + cx + d)dz,

(4)
/R(m, Vazd + bzd + cz? + dx + e)dx

if, FATHRELX LTI, B (4) t9 RS 511 ¥ RUEE LR 5 e
AT RA AR WA T ERZHFAFEA PRI R P RIGHIFLEF LRy, AT A
ECPWIAERAN ERLAR, TUBIHE TR ENX —FHHEIRE—T.

AT LR A IR i — SO LT AOHE R, BRI R A
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BRERE (4) PREAMZSTAALRE. WHH HITELSRANEENERAER,
RAIAEAE, A AT REMR S B — MR R BIR S S EK; R A
REMR SRR RIXNRAL, MARTRERRSRERER. &E01HFLA R
MAERA EMAT WA RE LA, BN, &5 KIE

1+2* dz z

4 - +G,
1-z4V1-2¢4 V1-—1z¢
523 + 1

mdw = z\/gass;—f-l + C.

KA (4) AFRSTIE F SR EFR 43 X SR MR I 89 0B & el DL B 1iX—
HIEEX, 331,8)). 1BE, XA, ERBMEXNT, @%E RATREELEA R IKP
KARRIBRLF 5y T EALAYFR S, R L ERIREREIRY, P4 o HEFR

FEMERE a,b,c,. . THREX (1) WRASHARSER EMELFRMENR),
YR BEMER. Fit, A BEX RS A SRS, R E R
JHERY (B4, HEBRMT.

XAME B FHAVET mJL B eI 9528k E B 1.

291. HWEITHR 1° HATELRL, RS NS TR 72 ke IE L s,
FARSHE=RETXNIFEESW B MEE . Lot FRB=RETR az®+
bz + cx + d —EA LR [81], U, XIARE \— B, AIALITHR

az® + bz + cx + d = alz — \)(2® +pz +q).
E& MR 2 — A =t2(F z — ) = —t?) BRI ERMER
/R(x, ez3 1+ --)dz = /R(t2 + AtV ath + - )2tdt.

EEHNTEE T &ER SHREMR S AR AR K.
2° HBAHFELEANES, LREORSTA A URTSRATERE R
=TT BT R

azt + b2® + cz® +dz + e = a(z® + pz + q)(z® + Pz + ¢'). (5)

HAER A T A AR R I A =izt P — IR IR, BA'1E27E 284, 1T
(6) HhifiE it AR T .
R p=yp, B4, REZHEETH, ARROZR 2 =t - 2, B0 BRI
BT IR p A p's TR T RATORMBTIREE, TR R A
t+v
= *;T.
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TR 15 v, BB ELMAATHE, FHINFN BT RARKE, thE T AER
(@-9)-@-p)®q-pd) >0 (6)

TR E P 5 IR P A =R AP 80— A BARAT, X AR UL KX ST,
HMEAZIERAR, FEAEARNMTHEPEEERNMEM. HER (5) HRDH=I0
HEHELER, LT, E—NMER o 58 FNAERy 56 K

p=—(a+p), g=af, p'=—(y+9), ¢ =19,
KA (6) EAILIEERE /K
(=) a=08)B—v)(B-10) >0, (6)

MATERXMAEFER, RBEEEAHMEL =X MR 0 ANIUF S T (Flan, &
a>f>y>0), XEARNARZAHO
R, E YR p 5 v, BT B8, FAVEE

/ut+u (M + N&2)(M' + N't2)\ p—v
/R( et dx‘/ \t+1” (t+1)2 tr et

XA ATLA (ANRERZRILBIIELL, BIBRE RE M, N, M', N’ FHER—4R 0 891
CLEYTE) BB AT mAY AR

/ R(t,/AQ + mt2)(1 + m't2))dt,

HAmEm %TF 0.
30 SEfhfREE 284 BIFKFTAIMTTE, AT LUEX MR FEA 2 — > 2R 41
A9 7 A VT PR LA PR B

/ VA( 1-|-mt2 1 +m’t2)dt
BAET A BReR XL R*(¢) BN P

R*(t) + R*(—t)  R*(t) — R*(—t)
+ .
2 2
OJFfETEH, ﬂ%%it (6) TR (6) BT, ATFISRAEE BRI o, 8, - JESLHBTIRR I
BOIER. IR ARE— IR AR, A TR o 5 5, TR 4 5 6 RIH, WEF
a—v 56— V%Eimﬁ FRENGORE, MAKFAEN, BELSE HFHT a—655-6
B RBITE. RIR o, 8 5 7,6 SR H LI TH NUHT o+ 5 5 6 LRI, T
085 -y tLH, FREARAM LS S ELEMHT.

R*(t) =
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HTHLL —t A ¢ BERRZE A CHME, BT, AL ¢ ARG Ri(6%); 26
TIAEAFRIR R IRET AT S, HMA Ro(t2)t KRS, Fr B Ea0FR 0 Al 7R AL

TN
Ry (t?)d Ry (t?)tdt

VAL + mt?)( l+m’t2 VA +mt?)(1 + m't?)
mER. BE, BN/ IR AR u = ¢* L BMLs#) 557

/\/A1+mu 1+mu)

XA AR RIERFPRAG. iy, RFE—LH5RRA

/\/1414—mt2 (1+m't?)
Mg T

292. AARARER &5, HATZIEELR (7) W8 R0 URFR T EA
iz

/ R(z%)dz
V=21 - k222’ (8)
Hrh bk BE—TFEMSE 0 < k < 1. BRATEXME R0 AR AR K.

AR, 4

y= \/A(l + mt?)(1 + m't?).

AL R, XBINE A = +1 BTLIA); o, HAHEI, R ¢ ZIFE.
MEFZE A,m,m' BFSHTTREAASH T B ETEBIER S (1) ERABARHEE
RE .

1) A Flom = —R2m = —h2(h > K >0). B TERAALME, WA ¢ < %

_JZt> — . &M%

ht=z Xo<z<l Z\%

EXEET
dt dz

— = h\/(lf_ - (1_ ,;_szz)’

FRIKERN Y] L ﬂéf’ﬁﬁk

OLLEAE 286 B X TRLUELHBA.
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/\

2) A=+1,m=—h%m = h2(h,k >0). AT HERXFELME, RH ¢
=v1-22 XJL 0<z<1

D‘I'—‘

X EET
@ __ 1 dz
Yy VhZ + h2 n2 ’
I
A hl
FRALM k= NGl
3) A=+1,m=h%,m' = h2(h > h' > 0).t BIZEILARZETERH].
é\
-2 0x
ht N X)L ogz<1,
EXEET
@ _ dz
B h2 — R ?
h\/(l - 2°) (1 T2 22)
2 /
TE k= Vi i - Ly
D A=-1m=—Rm = h2(h} >0).t ELERER ¢ > % FTBRH]. 7
1
S S
ht N X)L 0<z<1,
F&
@ _ . dz
_ - ,
Y m\/(l ) (1= )
h
A k= e

P | 1 .
5) A=—1,m=—h%m' = —h?(h > k' > 0). % t AATRETE & 5 i Z a2

2 _ h/12
h’t:\/l—h h 2, XJL 0<z<1.

h2
®N1A
dt _ dz
h\/(l —22) (1 - &—ﬁﬁ)
_ \/h2 - h/Q JEE SRS A ) / AN /
k= XA T T A TRERETE, AT A= —1 BRI m,m >0

h
MEET, R —BASEER. XTERX Ri(?), BRI A0EFEERD], HHRTEHR
FRREET, ERRAEHRMN 22 897 HEEL
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EESE Y, B @Nt&ﬂﬂuﬂmﬂﬁﬁz<1%%%%z>%%%
%ﬂ%%&kw=%%ﬁﬁﬁ%%dimc<L

203, $— . BTESETEMERS B RH TR (8) (ORI M
69— SRS, BRATTAAN (8) HORRSN BFT LIALAGK B BB L 00FR5), (T, VAREUIE, Bt
5T T B — RIS

M (8) MERESRRAGNEBEN R) PAHBREBS P), ETH
A TR AR RSN AR B 0 SR HOR A HHRE (IR 274
B B (R IRRE), MTRSRAE— A — M BT, W R(z) A ERAE TRE
an=QLzm)5%mZ;%Wﬂm=LZ& L o TTLL RS MARE TR
BT RECZE R, tit, B4 (3) TR T, BRE TR NANES.

22 dz

V=291 - k222

(n=0,1,2,--")

_ dz
Hm = / (22 —a)™\/(1 — 22)(1 — k222)’
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/\/1—z2 - k222)
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Zz
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- Il - aIO)

dz 2%dz
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B2, tbAl E R FRSr 5H R RS

/\/1 — k25sin? pdep. (12)
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XMEEMIEDSZNENIEL—H, ENRES
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R, i BRI S B e ARy 0 b
BRE AT M 4
HAH
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T4 FNLE ERS [295]

TR M EAR IS, FA1S R A MER P AL LME

n—1 n—1
P = ZyzA.’L’l Ej: P = Z f(:l)z)sz
1=0 =0
LA Az, TRRBUDET, XNERMIREHME TE.
BREFANKE Az, RETEETE, MNERA P EFHE SRR

P= limZyiAmi = lim Z f(z:)Azx,. (2)

HAVAEHEN AT ERE AMND(E 2) WEF P(z), RFBLE AM &
& T8, REHEY, 264 BEREAE, BIETE z— BT A EREIERTRM,
XL y = f(z) MAENHEE, BEBEANT.

A TFRAEN S yAr HFIERYILES — XN MR IRE) Fme ksl
TS [yde, B ydo A ST EWAMED, T [ 25T F “Summa” BE—NF
) S MFERD. FARRX MR E M ERN ZRE y M—RK% BrLiE—
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X FIE R TIHE EARM RS A) AR B, fTEEAE A S
BEIIE, T —— ARRE £ s e HARBLEERMBT EiReRk R
BEIR. B, ERXZ AN YR ILMA B EMOT LR (2) A5, AERETIRY
XAFEAE.

Fan (2) BRRFRIE Bog b R A AR IFF BEEMIEN. FEXREM L
REE, USRI A BN MREF AL —RERE.

295. X WRERE f(z) AEUAEFEXE [o,0) L. AEEFIEE o 5 b Z[EIE
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F BLfsfih 0

n—1
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lo -1 <€
B EERFZT ML,
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250

BATRAR, HERA—FbE, REAE M. BE=REFEZFE o) BIXIE
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E SAFFAT AT LA AR PR 2R 10 7Y B AL -85 1€ Bt T B XN H7 AR BRFE K.
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ik LR E (B.Riemann)H)E X, B BB E LAE—MRFER T UL T 3k,
FPRT ERRIEE. BRRIEN o ASHREIO; KT HREMIERS
A, LMERE ERMSHIBER.
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BHER M, BT RE SRR - HAER FABIA R &4 b HS MREH f(o)
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Hit, FELUEMR S, BALEZTUCEE S BN R f(z) BERH
m< f(z) <M (WRa <z <b).

296. A AENR MBI TR, BRI FSL, BARIAA (Darboux) MITIA,
A2 7 — LK IR A B AR SR A AN,

A m; 5§ M, 35FREE f(z) 58 « MK [25,204.) EHOTHAESE
B, IFEM

n—1 n—1
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XL FI I TR S5 RS, S EHM.
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/INGECKRA, FOATERXEIET, R f(o) EEAKE AR A CHHR, TRK
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ERBENTRTM s 5 5 BEL "TRATH 6 WHEEN, Mo IRAREE.
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o5 s 8 SRR XM EEHAERMEIH T I —REE: £4LHKE
SR T ETA s B S HANRR; OTHAS LR

B FMEA T 51— LEfa R
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¥ K, f b A R T AR B d e D
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2.
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WP S FRF e LR, A, XAFIE X ST S BEFAR; 7
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MAEFHM S FXFh T X X 825 T
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TE
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k
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RIHEX LR FEX XK, 15E)
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HHER § < S. T FIMIERR 5L

WhE BERNE My — My 5 My — My SRRREBTREL f(2) FEBAKIE o, 0]
FHOYRIE Q, rLLE S — & REEBAIFR Qb — o). AR &k XI8) EBULMHTH
7R, XMEERARRITHY.

EZMMER AT —ARA T Fodf R ABIAEAT—A Lo, B2 R 2t F X8 4
B —a % Eie,

IER AMEETTE D EIXIE [, b) B TE5, FAEXAS4 892 4
S1 ‘5 Sl- (I)

WAL EXE [o,b] ME—-S5E M DUREEERRZNH 0. XN T
XA 3R B T AR
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RN — L5378 7> S INE, HAVNFE— D2 RIBE T E=10%; B, RiE
E AN Bk s —MER, &

51 < s3.
MELE AN EE=A BT, AT Z2MERMmEE)
S3 < S2.
fH s3 < S3, TRARAGRRAFLARER, HH
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X LR AR AY.
M EEFTIEBRHER, TANEANERS (s} A LR, B, LUE— LR s H
R EREET 1) SEEHEAERN LA
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L.<S.
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BTE LR FLEALLR, SMEAAAHA TS LR, A
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iER BN BREHES Q) £ TEMEA—NEEN ¢ > 0, ATARKRBIN
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o-Il<e Bl I—e<o<T+e,
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s<I LS. (5%)
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298, FIFREALIROFNIEE  FRAIRL T RAS A 0 51 5 i iE — 2L ] R R B Fhk.
I o R FH f(z) £R ) [a, 0] ERFE LS, B R4 fla) TR,
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ZFE A, B L, FTA BN IE7EET 7 AOSRIER A RO BR AN EE — K X ] A9
KEEM < ke. RADEEF 7 E RARE ERBF X BRI B AT REL T 2k 1,
EATK ER 2k, WIEREM < 2ke. EHM
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XEIERR T RIS, RAGREE FERFRER. M e FE/N.
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FEXE [0, 7] 2 EIRR n MESES, BIA

(1+7) H(l—Qrcosk +r) ,

On :—Zln 1—2rcosk +r )——ln
k=1

Hep [ BEEFS. B—E, MBS mME S RO

n—1

km
2y _ (.2 B L
z 1=(z 1)”(1 22005n+z>.

k=1

4z =r HFIAXMEELN, € 0, TR T EAEK
T r+1 o,
o’,l:Ell’l{— (7‘ 1)}

r—1
RER |r| < 1, FE™ -0, BM
/ In(1-2rcosz +r3)dz = lim o, = 0.
) n— 00
MR |r| > 1, WL 0, HEM

-1
Un:7_r]n{r+1r o }+27rln\r|
n r—1 r

&, BA1E%) i}
/ In(1 — 2r cosz + r)dz = 27 In |r|.
0

EEED, HMRRERETEERONEETE, EEARENHEE FMLFER
BERHES; RmARSFIHEN. £ T T Re 7k 2RSSR ik

308. MOFMEAEARX 7 305 BRI, X FAEXIE [a,b] FIESER A
ﬁ f(-’E), */\]:}' -
=/fmm

RIFRE. IR F(z) BRE f(z) BET—A R S3(FIIN, A LE 51~ 84 BT
FsKARY), W [263)
®(z) = F(z) + C.
OFETHE 1 # 2n ARAIERT, AITHIL 227 — 1 2 FFALER R R AT X — 2

n-—1

km km
2n . .
—-1= — cos — —isin— |,
|I (z ¢ - % n>

k=-n

oL o RRECRAL. JEATA SR R — 2, HATBRIGE] 2 -1 & T

n—1

n—1
k k: k k:
(22 —1) H (z—cos’%r —isin:W) (z—cos%r +isin%> =(22-1) H (1 - 2zcos:’r +22>
k=1

k=1
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HoIEEH C Eh, EXES 2 =q EH &) =0, NH
0=>®&(a) = F(a) +C, HLL C=—F(a).

®fa

M, Y 2z = b AR E
b
B(b) = / f(z)dz = F(b) — F(a). (A)

X EMSZHNEELAR O,
FrLd, EARS A TR TREM—NMREHKE =05 s =a B MA6) £.
WRIEH(EETE [304,9°] N AZIF S L, HigE f(z) = F'(z), SH5E

F(b) = F(a) = f(c)- (b—a)=F'(c)- (b—a) (a<c<b);

EHE AU ZRE F(z) ARREE H A [112). FTIL, (BB FEAARK (A) AL
Mo EEE SRS EEHEZ B MK R,

A (A) HHITEIEL RS f(2) WERN— A RME R HE. MFXT
FX LR ANIF 2 R B AP E, KM 1RBIR ) F R EUE R R SR R A R K. X
HIFET, EMAFEBEAAREEITE. BFER AWNELCEE SRS
F(a)P(REEZBM o I 0), AT AN T B,

b b
/a f(z)dz = F(z)| . (A%

fan, #A1—T 71&

ght!
g1

p b
2) fab?a: =Inz|-=Inb—-Ina(a >0,b>0),

a

b putl _ gutl

b
1 Thdr = =
Ve o p+l

(/14 7£ _l)a

b

b

3) [ sinzdz = —cosz| = cosa— cosb,
Qa

b N L :
[, coszdz = sinz| =sinb—sina,
- a

MR FRERIMELA PR TRAASABING R LGS 1),2),3)9.

O5x B Wit 5] A11E 264 BPitEEH P(z) SR P ot i MR S LML A=
(A) &G B 264 B S 204 BHIIRLERTIE S 1 57.
@+ BB 4) FEARBERX B SR AR o, AR R R ER D REEE AR R PR R k.
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309. BIE RIVBFE—LEFALR (A) BBIF:
4)

™

(a) ’ sin mz sin nzdzr = 1 [sin(m —n)z — sin(m + n)_xJ
- 2 m-n m-+n

™

T in2
(6) [_W sin? mzdz = % [z - i%%]

SV

=7 [BE 255,17),18)]

-1

-
() / sin mz cosnzdz = 0,
-~

(r) / cosmzcosnzdr =0 m, BERE n£m KR n=m ME.

5) K FFIFTHIE (m, n B ARE):

(a) /% sin(2m — l)zdx
0

sinx
=

L 2
(6)/ (slnnfE) dr  [4¢HB (L.Fejér)].
0

sinz

BT &KX Q) FLa=0h=22cFn=m-1, ATUFH

m—1
e ) sin(
+ E cos 21T =

=1

2m — 1)z
2sinz

N —

fi, EATA RANMBIESIZBAR (A) B, SLEIRT1E

2 sin(2m — 1)zd$_ m
o sinx T2

(6) ANARK (1), © a=—z,h =22, K

n o
_ l—cos2nz _ sin?nz

in(2m — 1)z = =
sin( )z 2sinz sinz

m=1

e, BAIF AR )
T () g =T
0 sinz )

6) 1T EA5

- . dx

-1 \/1—2am+a2\/1 —25m+52’

Hb0o<a, <1
MREAN [283(67)]

1

dzx b S
_— = 1 hd 2 b - C
/\/aw2+bx+c \/Enaz+2+\/a\/a$ +br+c|+




(309] §3. ERSMIHEEER - 101 -

Gl
az® +be +c = (1 - 20z + o®)(1 - 26z + B7),

R4, Mo, B
az + g = —a(l - 28z + B%) — B(1 — 20z + ).
HEAESESY, % o = 1 8, EXEFSTHREARXEIE
—a(l1—8)% - 8(1 —a)* +2y/aB(1 - a)(1 - 8)
— _vall - 8) - VB1 - o) = ~(Va—- /B’ (1 +/ab)?,
mY z=—16%, B31E

~(Va-VB)* (1 —/ap)’.
XEE—k, B TR MG R KB TR of MR 2R ERD

1 1+VoB
VaB 11— Vaf’

HAWE S, EHEFEBALRN, BELERBERER F(2) £ f(z) EHKE [o,b] LRFR
R, R 131 AWML, [BE F() £ f(z) EFEXE (a,b) LAREH, M AT HE L &
R F(z) RAFESRAS T,

2

M, Flan, IOVERFE [268): )
7) fja Va2 — r2dz = Bz\/cﬂ —z2 4+ % arcsin gj
BRTE = = +a BATRIBAY R BEH S HAEIEFER 5.
T T EA RS BT IR S A B L R X
1—7r?
dr (0<r<1),

8) f—" 1 —2rcosz + r2
B ATE 288,13) FATRAS B R K%L

a 2

—a

147 =z
F(z) = 2arctg (1 — 'rth)

oz = +r FHZA B AR, &R

lim F(z)=-n, lim F(z)=1n
r——m+0 z—m—0
BRGFE, HHWRMWFIME F(—n) § F(r) 8FFTXERR, WEH F(o) EXERRLE
MURHER), B RESEN. HEIRA

T 1-72 "
.~ dzx=F =F — F(—7) = 2.
_/_Tr 1—2rcosz + 12 m (z) (m) (=)

-

9) KBTI ER

™

/7 dz (AC — B> 0).

» Acos?2z +2Bcoszsinz 4+ Csinz
2

OERMMITHERTE o # 8 RBEABRN, BEZE L, XERE o =0 FHEIH.
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BITEZE T [288,10)] HEHMFRAR

1
F = t )
@)= Vo= Vac - B2

bl —g<z< g BEAH. mk

s

z dz F
_z Acos?z + 2B coszsinz + Csin’ z

_z40 VAC-B?

Hehig s —g " o,g -0 REFBMEH F(z) XA PRE0 Bt
10) GNRTEITE RS
! zt ¢ ld
o z6 +1 *

A TS 113 i R 19 [ e 4

HEFEZIL ¢ =05 2 = 1 A, NXFFEBAT ISR 2600 0(E &5 AT RThE
HEM)

BARTETIAERBRY ¢ = V2 — V3 = 20 WHEF—sksts. MBE——HFIM 0 ) 20
S5 o Bl 1 RIS, BATBRIE R ESR

/1 /z0—0+/1 i
0 4] zo+0 3

11) (B FIRES, &5

/Zdw
— =Inz
2

/1 dr_ _ arctgx
5 =
o 1+ o

A0 2R B8 — T X iz 9 AR A AR T E AT, BT UG B, B0, R — SRRy K R

2
=1In2,
1

1

1
o G U B
nl—I}olo n-|-1+'n—+—2+ +2n
lim( ! + 1 +...+_l_>.
nooo \n2 4+ 12 n2 422 2n?

ig
1 .

310. BFEARMH—FHiz AEEEALK (A) BEE—RHBETEILLE
. RREL f(z) TEXIE [a,b] LRI, TIE (o, 0] LESEHIRE F(z) 7E (a,b) £
SEAE FHL f (=)
F(z) = f(z) (3)
FEEE RERARNRIMELE FE f(2).
FUESE T EAEXE [a,0) AR

Tp=a<z1 <Tp < << Ti41 < - <Tp=2>
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TR (R R A A ARt s R £ 2 X (3) 9.5 AR5 5] A1 P i) 3k,
B, AR XA —LE S RIE), BRENE

=Y [F(@is1) = Flzi)]:
i=0

EERERMAKXMAZICS Y FEEFHNE—IELE — HTRXINMAHA
RN, T AR ITRRERAER. TS

n—1

F(b) — F(a) = ZF'(&)(MH - i),
=0
i g BE—HREN (BARAMEIBRIERERMNN) F 2 5z 2@ 2 . BAH
XFIXAME F'(&) = f(&), BTUABATATLUE

a) = 2_: f(&)Ax,.
=0

HEAMIGE T R f(z) BRI 0. BAIEBREXS TM o B XA — 0 B, K
T ¢ B0IEE, FAEEREMNRIR. I, £330, RIFE (TERTIE H A0X LERAY I
BZT) #HENX—MBE TR, disiiEd

b
a) z/ f(z)dzx

7L B BN EB T EA R AL ER S B e LA AIRE S — T m.
TEREANKA L o (W b, T F'(2) RFF f(z) f5, ol LHEEE T mAYER

X, & B TR AP IR (liijqzsfuéj\%ff&ﬁﬁ) ﬁ %E’J%M@’& F'( , [REREL F(z)
MATLL SRR k. L N S

TR, KRBT PREEMUA R, ﬁﬁﬁﬁ%%ﬁ&ﬂi fB Y#T%ﬂ(m%‘ﬁﬁb
SR SRR

311. L?E/\‘t FAVLLL, EAARTEE GHFFT, —F??Jtéﬁtﬂiﬂlﬁj\é’ﬂ
A B—Jr|, FAERE, AERS IS Y& R b A 20 AT BuE U E RS
FEEMAI A, THERE—NERD BT ERS — (—RUSRBO R H889) 2
SFEITE.

#HA B R MRS AKX

/udv=uv—/vdu
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5EMHE (270, (3) 5 (5)), UERFME S © LR FHI—LeidiE AR 271,
(6); 280; 287]. ENIH—MRIEXEXHH):

[ stz = ota) - [ gtayaa. (4)
05— A 2 A I LR B ] (g, ), MUAE R0 PR 7 I R

b b b
/fmm=wma-/gmw. (5)

TE3X BB BREL f, g RIELEM.
HTIEHER, 84K (1) F&RE—IFTH o) RFR. TE

b

b
— &(x)

[[IRT, RHA .
/gmm=ww

B AFATRE 45 B ZHIERA B9 8 =K
Frole, 8RR A XBERUNT B R

b b b
fudvzuv —/ vdu, (6)

b
/ w ™ Vg = un(™ — upD 4 (—1) o]

TS 23 2 22 XA

b b
+(—1)”+1/ u™tDydz; (7)

a a

TEX B R w, v SR I HENTH R R FEANREMEE BiEEE.
HE M MFZRIMNXRNAR (5), RN L LB SMAENKAT (4) Bl
IMRNEERETE, ERSEFATED.

312. B
1) iHE A5y

s

3 , 2
Im = sin™ zdz, J,, = cos™ zdzx
0 0

(4 m A BREET.
SESRRSY, BAVEER

s

3
. m—1 . m-1
Jm:/ sin™ ™" zd(—cosz) = —sin™ " 2cosz
0

T

2

5
+(m-—1) / sin™~? z cos® zdz.
0

WEHRERE. U 1-sin®z F cosz, 153

Jm = (M = )dm—2 — (m = 1)Jm,
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B LREAR:
I = T__ljm_2,
m
KX, TR T TR Jo B J1. BIY m = 2n BHA
CfF o (n-1@n-3)--3-1 x
Jzn—/o sin“" zdr = o (2n-2) 4.0 T
MEm=2n+1 N0
_ 5 . 2n+1 _ 2n-(2n—12)---4.2
J2n+1——/0 sin mdx—(2n+1)(2n_1)._‘3.1.
STF I, WA ISR [F A —Lbgh R
HTIRFBEINZR AR ERERAL, AT UFA/FES m!IO. FRALUSE
; 5 (m =M 7w s,
2 2 m!! 2
/ sin™ zdz = / cos™ zdz = (8)
—_ 1\
i i gﬂﬁﬁ; M om RATRET.
m!!
2) AL R
(a) /2 cos™ z cos(m + 2)zdz =0,
.
o fE 1
(6) /0 cos™ zsin(m + 2)zdzr = ek
= . mT
. 2 s —
(B) /0 sin™ z cos(m + 2)zdz = — m+21 ,

Z cos ——
(r) /0 sin™ zsin(m + 2)zdz = ~ +21
(Kt m BE@—PMEH).

Y

™

3
/ cos™ 2 z cos(m + 2)zdx
0

H 3 EFE R ERILD

7
/ cos™*? z cos(m + 2)zdx
0

s

1 Fl
m+2 . m+1 .
= cos x sin(m + 2)z — cos zsinz cos(m + 2)z
sl ) )|
+_1_ /% [—(m + 1) cos™ zsin® z + cos™ 2 z] cos(m. + 2)zdz
m+2 [,

OFE,m! AL m M X5 m AHAR AL AR HFR.



- 106 - FAE EMSH

WEHREN 0. EXBFA 1 - cos? 2 KL sin?z, BFIER

7
/ cos™*?  cos(m + 2)xdx
0

m+ 1

3 b
- / cos™ x cos(m + 2)axdx + / cos™? zcos(m + 2)zdz,
m+2 /, 0

BB (a).
KA TR A%,
3) (% n B REED) B

s LT

3 3
K, = / cos™ zsinnzdx, L, = / cos™ x cos nadzx.
0 0

ERRSY, BV

. 1 2 _ .
Kn=—— cos™ ! z sin x cos nadz.
n
0

MREFXPIGRE N K, B4, BARRIES FHRBZXERE, B 55

HE

"= ot \ ] + 2 + + n
FALlsth
s
L, = T
4) KR4

1
Him = / zF In™ zdz,
0

Heb k>0, m NERE
SERFRSY [EbEE 271,5)]

1 1
1 1 m _
ki _m k-+1 m ky _m—1
In"ade = ——z"" In ac‘ ————/ z" In zdx
/0‘” " k+1 w0 kA1

51 didHE AR

m

Hi,m = e 1Hk,m—1,
B LR AT 5 2 '
m m!
Him = (—1) EromT

(312]

P FHRAREET: T8 o = 0 4, PR S BRTS T R aEER =2 1E R

o — +0 BB PROA T B0 L3R
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5) %88 280 BARX (III) H (AE p & ¢ RAKRE)

1 —x)Pgdt! P _
— 2)P2% ( _ »\p-1 4q
/(1 z)?z%dz = P + Py (1-x)P " a%z,

HTEM 0 Bl 1 B X[E] EECGERY, B

1 1
1 — 2)P2%z — p _ -1 q
/)( z)Pzldz p+q+1/0(1 z)P :cdx.'
BEWR XA AR, EAIT15E

1

_ o)Patds — pp—1) 1 /l %y
0(1 z)P2%dx P+a+1)p+9 - (g+2) ; z%dz
e
' Py — plg!
/0(1—11):1: m_—(p—}—q—}—l)!'

6) ARTE 287 BARK (IV) B, Y p K v B BREATEERS, B4, FIABIE 1) R,
TG EIE EE ) 24

: . _(11/)—!}!—(“)!—1 CLY % (Y p R v BE%E,
/ sinz” cos” zdz = (v—-1 u(u;l)n
0 iLE%fm** (TEFTA H A T).

313. EMAHRAAR F—HELHK (A) ERNEBRIERIFSTH
BITIEN.

BERIHEIRS [ f(2)do, B f(z) X [a,b] EEOESEREL 4 2 = o(t),
{1 bR o(t) A T %M

) (o) FER—RE [, 6] LoREEESE FHEH ¢ 4 (o, 6] LA o(r) 6918
R X8 [a,b] BITEEQD;

2) p(a) = a,9(8) = b
3 1E [0, 0] LELSH /(1) THE.
FERBCAHET, ATt -

b 6] .
| s / ()¢ (Dt (9)
M.
BT B R RS RS TR R T AT E R
FUSBUARTEEE, BEATEAR (9) AOBTINALES i LUFIFEAA R, [BMNE Flz) £H—

O EEA A X HIRE: B f(z) TEL (o8] ERHIXE (4, B LHWEBELE, TRAFTEK
o(t) BIERBE X [E] [A, B] HTEERBT.
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NSy f(z)dz BI— D RRREL, ML d(t) = F(p(t), INFRAVFFHED), BEES -4
o flo(t)¢ (t)dt BI—ANRRE (ZF 268). FIRIEH

b
/ f(z)dz = F(b) — F(a)

A HBE 3 H ZEIE AR A9 35 =X

MiE BAMEEARK (9) H—NEENRE. EFRBTTETTERER T8I
AatfeE, FAVEE TRHER ¢ FoRHEMPR ARG, MEEREIHANER o
XILEATEXHE. MR (9) PHE ZAMBHELR T, ZTIR—MHE, ARA%
— R BRI E R T

314. B
1) BBV TR o = asing KRS [} Va? = 2P EILE 0 5 T 8 o 5 0 WER. RITH

\/ “ 2%z =d’ 7cos(‘ztdt:£ <t+sin2t> %:E
0 2 2 0 4
[BF 268)
2) —fih, Y n B ASRYAT, BB TR—%, 711G
a(az _ zz)"dm — g2l 3 cos?™ L tdt = g2t 2n!!
0 - 0 (2n + 1!

[Z% (8)], FFAELL

2 2n—1 (211, 1)Hﬂ—
; (*—2°)"7T dz=a 5
3)
2a m
dz

YE# M z = asect; BB ¢ E’quﬁﬂﬁ 05 Z XT FHE ¢ SR o 5 2a. RITESH

1 (3 1 sin3¢|?
— | sin®tcostdt = — 2%
a? o a? 3 0

T gsinz
5 dx
0 14 cos*z

ARz =r—t(Hbht A« ZF 0) TR TENEN:

" zsinz o — "(7r—t)sintdt
o 1+cos?z Jo 1+cos?t

_ V3

~ 8a%’

4) ZBERSY
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54

us . m . m
zsinx sint tsint
—dr =T ——dt — —dt.
_/0 1+ cos?z Jy 1+cos?t /0 1+c0s2td

EEE—IRY (ERRD T 1k o) BEES LR, 157

. . i ug . t .
gsing T O gt = — Tarctg(cost)
Jo 0 2

r 2

0 4

1+cos?z 2 J, 14cos?t

(ZEEEH 11), TR, X E TERTH#H ]

5) WHRS J = [) ln](r;:f) dz.

B4 o = tge (Jh o M 0 B T) SERAER [F In(1 + rgp)de. 18

ﬁsin(% —I—(p)
htgp = ——

TE£ . .

4 T
J:%ln2+/0 lnsin(%—%g&)d(p—/; In cos pdep.

AR AMEE (BN, ke = g —p, A Y M jll AF) 0, 3 ATLULE — M EUMERES
— MRS, TR

J:gan.

dz WAMRIBE, XA 5 RANERSEIEA.

1 3
/ arctgs | 1/ ‘t gt
Jo T 2/, sint
— t
R’ ﬂ?’é?ﬁ’&zztga.

7) =D EFERS — MRS

/ (z—i—\/a_v?jcomp)”dap:/ db

jus
Jo o (z—VzZ—1cosf)ntt’

WE z > 13 H n BERK
XA A

1 arctge

BAIMEL. B ) T
6) AR

(z+x2 —1lcosp)(z — /22— 1cos ) = L
R & i R KRR, B

cos _—\/m2—l+zcosﬁ
v z—+z2— lcosf '

HobAmErXWEENEDT 1, MAX FTXIE [0, ] LWE— 0 BER—XELFHE—
o STHREMARN. 40 =028 « FHhH o =0 ~r. RIA

sin 6d6
(z — V¥ —1cosf)?’

sinwpdyp =
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mEAA

. _ sin@

e = z— V72— 1cosf’
B LA o 40

Y= z— Va2 —1cosb’
TR&GEBT 6
2 _ 1 ny o _
(z+ V= cos ) dyp T VT )

Bk B AT RS,

(BB, MRS (REE—EF «) BERE » MHILEZIRK X, (2),118,6).]
8) Xt FALM[ZEX 4] [0, a](a > 0) LiELERIEH f(2), KER

/f dz—/fa—t

(e 2 =a—t,a>t>0). 4530, X cosz = sin (5 —;1:) B LAXHE AT SE R 3 F (),

;ﬁ‘ jus jus
/z F(sinz)dz :/ F(cosz)dz.
Jo 0
9) ® f(z) FEXMFREXIE [~a,a](a > 0) Ei%ZE. WA 1824 HIEE [99,25)]
/ flz)dz = 2/“ f(z)dz
—a 0
f

ERRIEE RS [°, MAERRAE MRS 0R [0 1 [0 01R, FARASSR s =
FEMHME—

10) RA BN w RELAMEY f(2), FEMEM ¢ fz+w) = f(z). HEEKEET
AR w BT — AN 8] b, XA RS F A IR 6 (&

| / ™ faydr = / " fa)da

BB, ROV [ = [P+ [0+ [27 FARER 2 = t+w HARARE=IR
4 b, TEH, TSE— M AL — TS,

11) IE9A
/ zf(sinz) / f(sing)d
0

HA f(u) BIEF—NERXIE [0,1] £ AHESEREL
BT fABHz=r—1t
12) iE8

2m "
/ p(acosf + bsinf)do = 2/ p(v/ a2 + b2 cos A)dA,
0 0
He p(u) BIEA—3TF |[u| < Va2 + b2 ELER RS
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X EHEKX ,
a .
COS Q= sy, SN = N
EF o fam, RITA
acosf + bsinf = \/a? + b2cos(f — ).
¥ 10) TG
2m a+m
/ w(acos O + bsinf)dl = / p(\/a? + b2 cos(f — «))do
0 _

a—m

®E MRS 0 -a=AFEM9),
/ \/’+b2003/\d)\—2/ \/52—+b2c03/\

13) WEHA

Z Z
/ g(sin 2u) cos udu = / g(cos® v) cos vdv,
0 0

Hrp g(z) & 2 TEXIE [0,1] E&YER—AESEEE
R B RRRA RS OROBR [F = [+ [F BB a= T o TP
rm— A3 B (o, 7] b, #ies)

/ g(sin 2u)(cos w + sin u)du.
0

TEXBRITAKFRR

sin 2u = cos? v

HE KRBT, B4 v M g WAE 05 w M0 HNE g IR B4

cos 2u du = — sin v cos v dv;
ZEE|
cos2u = \/1—sin22u:\/l —COS4U=Sintl\/1+COSZU
4
1+cos®v =1+ 2sinucosu = (sinu + cosu)2,
RR1EH:

(sinw + cosu)du = — cos vdv.

RAECETHERMERNERT.
14) BERMEBIHBIRS

I(r) =/ In(1 — 2rcosx + ) dz
0

(HeE2 3074)]. HRNCEFE, & |r| # | AERRELE BNSFE. RIOBEFAR—ATI8 T
HREFEEHE—T, EX TR PRTEEEEMNER.
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Mt , hBANRER
a-1Irh?<1- 2rcosz + 7> < (14 |r|)?,

B8, REM 0 Bl m FR5, 183 (K |r| < 1 B
omIn(1 — |r|) < I(r) € 2mIn(1 + |r]).

HEEW, ¥ r -0 8dH I(r) - 0.
BIEE B .
I(~r) = / In(1 + 2r cos z + %) dz.
0

MRHEXANMUT RS z =0 —¢t, FB ¢t N7 &5 0, AFER
I(-r) = /0 In(1 + 2rcos(m — t) + r°)d(r — t) = /" In(1 — 2rcost + r*)dt = I(r).
T 0
TEXFHETE
2I(r) =1I(r) + I(-r) = /Oﬁ In[(1 - 2rcosz + 72)(1 + 2r cos & + 72)]dz

3 :
2I(r) = / In(1 — 272 cos 2z + r")dx
0

L=

(EF ¢t K0 ZE 2n), 185

1 21 1 . 1 o
21(7‘)2-2-/ ln(1—2rzcos t+r4)dt:_2./ +§/ )
0 o .

IR PHRE— I ROAEH ¢t = 2r —w AT (AP v M 7 &3 0) LAE—TR
o, TRHEANEE

[NSIRSS

fh
1) = 21(r%)
TEERBEL 2 U8, M TFE, 5578 H 8845
1) = 52 16%) (n=12,--),

BER |r| < 1, TRY n— oo B r2" — 0; FBTEN (EBIFAEEIUE)I(r2") — 0, FF
VAR H18H
I(ry=0 %4 |r| <18t

BAEY |r| > 1 HAESTHEXAAS. LR -
1—2rcosz+r2=r° (1—2‘1cosz+i2>,
T r

A X
In(1 — 2rcosz + %) = 2In|r| + In (1—2-lcosz+r—2) ,
r
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FTE, N03 x4, BIE
I(r) = 2ninjr| + I (%)

B8, BT (1) = 0 W% [r] > 1 B
I(r) = 2w In|r|

FAME 307 B WBRIRFHSER.

315. BHAR . BETR EREAFRILEN DT, RINZERH (C.F.Gauss) HT
B

-% dw
G:/ (a>b>0)
o VaZcos?p+b2sinZp

IR L E E B A

X824
2asin
(a+b) + (a—b)sin?6’

sinyp =

“““““ (a+b) — (a—b)sin?@

6do.
(@t b)+(a—b)sinZg >

cos wdp = 2a

BR

V{a+b)2—(a—0b)2sin%0
(a +b) + (a — b)sin? 6

cosp = 0s 6,

TR

d _2a(a+b)—(a—b)5m29 df
Y= (a+b)+ (a—b)sin®8 \/(a+b)2—(a—b)2sin26’
H—@E

(a+b) — (a —b)sin®0
(a+b) + (a —b)sin?8
EShip 4] dp do

2 ana2 2 2 )
Ve cos?p + b2sin’ \[(a;b) cos2 6 + absin?4

b

Va2 cos?p+ b2sin2p = a

MBS 0 = 22 b, = Vab, M

/ ¥ dip /? do
G = = .
) 0 \/az cos? p + b2sin? o /afcos? + b7 sin® §
HHRBHAR. ‘

R & N XA, HAT1E )

2 d
G:/ £ (n:152:3)"')7
o \/acos?y + bZsin?yp

HABFTR an, by HIBHEXLRER
an = a”“z& bn = \/Gn_1bn—1
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. RIIELME [35,3)], XM MRFEBBTR-AHER 1 = p(a,b), RINEEUHEL o
5 b “HRILAFE". N5 FHINAEX

e e
E <G< E,
IARER, IESE]
™ ™
:m, Hf“-tt H(a,b)—%

BH—K, G 5 p FHEAHATUAS—THEHERL. 6, BiHERS

c—/% do _/% df
o V1+cos?é 0 \/2c0329+sin29’

XB o =v2,b =1, ARNBFER an 5 b, BRGHETFL: as 5§ bs ZHEBEMUET
1.198 140, p ATUAHEFXNM FRERIMEMER

G =" =13110288.
2u
Rz, B4 G A1 135 3|8 — 2 2O R FA4)-

bl o —
[ ()
@ Jo \/_az—b2 «

2
sin® ¢
a2

BAILA Sz BERSRITE. EL EE L LMER

3 dp
K(k) =/ ——
. 1 —k2sin? ¢

TRk OEMETENMAG Ha=1Kb=V1-k*=Fk BEH BEHMALNARE A%
SWMERD L, BITERHE

— k2 /
=1+V1 k =1+k,b1:\/]?,

al

2 2
MV S B St S S
1 @ l+k”a1 1y
?—‘% s ol
z d 'z do
0 \/_l—k:?sin2<p 0 1 —k?sin’6
3H

K(k) = (1 +k)K(k1).
ENSEHAXEYNA R, Lhr EERLAARER T, M ERETEMNEE (Landen) ik
HIFF IR I .

Ot AL F(k, @) 5 E(k, o) [293,305] % o = % Ao FR%: T XERAT, 1188
SHEEREE-NATR, AMEREIE Kk), Ek). XT2Roa -S43 RaER.
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RN AR AAR, #1152
K(k) =0+ k)1 +k2)- - (14 kn)K(kn),

H¥3) k, B
o 1—/1-k2_,
" 1+ l_ki—l,
PP EL, FR O <kn <1 B kn <kZ_,, XEARIF kn Y n — oo BIALEMET 0. A

0 < K(kn) —

vt
0 1—k2sin? 2

(SIS

_/%—Ml—khh@d@ 11-VI— K2
0 V1—kisin?op 2 V1-k2

B n — oofit, K(kn) — g, T, 85,

K(k) = % lim (14 ka)(1+ka) - (1+ kn).

By K(k) 893U E R 9 RIE, 4 n VKR, BEAN TR ST

K(k) = %(1 + k1) (14k2) - (14 kn).

316. MEARMB—SHE AERILBERHUE—TFIABAR (9) 89
5— Sk

B (MXRREEM) RITREE R f(c) REL, TR BELTRL. &
BB o(t) BRERNTIFEER: % ¢ M o B3] 5 HEME o = pla) RiAMEIE

b=w(B). == L n
HRAFEI, W a<b X o< B, TREEBE o(t) HIREE.
BBV F

a=ty<t1<ta< <t <tip1 < <tph =0
EENXIE [a,b] B TEA RS 2= o(t) (i =0,1,2, -, n), MESHA
Aa=2g< T <Tg <+ <L < Ty < < Ty =b

WREKE At; = ti — t; PEKH—T (A X ZFRE) BTFF, B2, TR
=) B (—B) EEH, KE Az =241 — 2 = o(tig1) — p(t:) PERKXA—F
HLBTE (BF 87

MEEE— X6 [ti,tit1] AR5 7 IFE (9) *%:Aﬁ%E/Jﬁ%W

U=ZﬂMMWWMH
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L &i=p(n), TR o <& <z MBRIEXME [t;,t,,,] HIEAREEARA
2R o(t) B, BiAEH

Az, =Zip1 — T = P(tiz1) — (ts) = ¢ (Te)At,,

HABdA & < 7 < ti, B 7 TRODRER RN 8 ¥ SEEMRNE » 27
Rl89. FIERTT (9) HE5— e

7=> fE)d.

BAE F] TR AR

o= Z Fo(mi)¢' (Fo) At

%\ 0 B, BRI MHAIRRERS [ f(2)dz. HEIEHA o BT XM
IR, R o -7 AT THE T
BEMEEE = > 0, TR /(1) B9 (—B0) TELebE, TLMREIALE) 6 > 0, {f
BN <5 af, RER
[¥'(1) — ¢’ (Ta)l < &
oL (BF 87 BifR]. T/

o0 =7 < ZIf (T)le' () — ¢ (Fo)| Aty < L(B — ae,

MR L FR |f(2)| 8 ERTA 8- o AR T AL KIE.
fmmaz% C BN S 0 B o AT [ fo)de, TIXBER, B
IFiC )dt FEE3F AAR (9) Blar. IEAEEL T .

BHE  HATRERIIRE: AR FTIEAMLER, 78 314 HABIL 8),9),10) HATE
A AR LT BT B I AT, BT BUE AT FLeREL f() MR LE T

§4. ERIH)—LR

317. XFHAX M 312 HRMAR (8) AHEHELN XFE (J. Wallis) 243K,
BEOI<z < g, IR ARER

.2 .2 . -1
sin? !z < sin® z < sin® "' z.

MO0 B - E’JEIH?J:*”%JX“T%E?

™ ™ e

3 3 Z
.2 .2 . 2n—
/ sin®**! zdz < / sin“” zdz < / sin® ! zdz.
0 0 0
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gk, BT (8), B
2n!! (2n -7 (2n-2)!

@n+ 1 2 2 S @n -1

ontl 1% 1 . ont 1% 1
< =< —
Cn—1"] 2n+1 2 S |@n-1D1] 2n

E A TE PR R AR 8] 49 %

1 [ 2nll r< 17
2n(2n +1) [ (2n — 1N 2n 2’

BRY n — co HBTE, FTIU g B HRIR. FE i

7r_1_ [ 2n!! ] 1
2 Tl oD 2n+1

T 2.2.4-4-..2n-2n .
2 2 e1-3.3-5 ~(2n-1)-2n+1)
X RERFFLAR. EAE—MEH 7 RARRBESITENBEBIINRRBOER, EEER
£ ERME. EE RS IECRAE B, 2F 406]. TR « ELESTE, IE
ARIBEZHFT KRR HH [410].

318. WAMMBH AR *° EHSTHHRLARX (1)(311] , 4 v = (b — )" MAT

v =—n(b— z)“_l,v” =n(n-1)(b- :1:)"_2

v = (=1)"n - (n—1)--- 1, =,

g

Y g = b BEAEE 0,0, 0", oD BEEE. Xt u,o v FIREKIES f(2), f'(2),
(@), 85 (7) R FEAER

0=(=1" [nlf()) = nif(a) ~ nlf ()6~ @) = 3 f (@b —a)* =+ = F* (@)(b - o)"]
H(=)n / (@) (b - )" de,

B R TR OAT R A
56)= 1) + 1o —a) 4 D6 -y

n!

(n)
W (a) (b—a)* + % / F ) (2) (b — ) da.

{hH 124 ~ 126 HMIES, EXILAH =2 RE b,30 E a:

f(:c) :f(;z:o) + %(IE _30) + f (1:0) (1} _ :1:0)2 I
f(";(' / f(n+l) t n dt.

WOIEAR B FE DT A & AR B E RIEEEH.
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5 124 & 126 B FHRI WA RER AR, X MFHHRINRIER FH NS EM A KHEL.
M FIAR, RIBET AR ERNEEZBBOARTAR. G0, F AHERRFEHNER (z-1)"
TS, ATLUE [304,10°) # FEEEN AR&EHNAS L&

T T (n+1)
L[ e -ra = Lo [@-ira = @,

(n+1)!
Hrh c OEEXE [z0,z] A. IHFERNMEIEE THAGHERMAR.

319. ¥ MBEMN % 311 HHAR (7) 0T LIERIERA— T T e REFEZHRRK
SEEH RS

A B8 (— At E i R) T iR — B S 8EE. — %, uRe2—"
WAEAERHEA (BR, REE R, 7TBXE ZREANEREE.) BT EOR, 2SR R,
AR AETE T S5 (iR s .

R —A BB, SE AR ERFFRSRFBRNOITEL, 7TUMEARE B F: 5 —i—}/ 2
FH 1Tz +11 =0 BB, M V1 + V2 BHR 2% - 32* + 322 - 3 =0 MR, ¥%.

BRIRKEFRE T eARAHO. RAVIEAXEE.

BE e BRI

co+cietcee’ + - +eme™ =0 (1)

BOAR, KR BTH R co,c1, - o EBRMEH

311 BAR (7) PR u = f(z) BEE o REMRA, M v = (=1)""'e™"; WA, INRER
a=0, BX fOV(z) =0, IMARBEFER:
b

/ f(2)e *dz = = *[f() + f'(z) + - + ()]
0

0
AEERRL, 4

f@)+ f'@) +--+ f™ (@) = F(a),
HiA ,

e’F(0) = F(b) + €° / f(z)e "dz.

Eiz%m\{km b= 01 172) e, My u C0yC1y - 7‘0771 6}%“%%1‘%%%ﬁ%*ﬁﬂﬂﬁ*7 EH?: (1)v
BRREHEFR

0=coF(0)+ciF(1)+ - +cmF(m) + Zciei /t f(z)e *dxz, (2)
i=0 7o

EEXNEXEMBIRA f(o) BLET. RERNEIE, XAZIATT LR, (#15%X
(2) BAATTRE; LUIERAE R,
HTEABM, 4
1
f@) = m—yn®

®%EM%§(F.Lindemann) WERA T80 o AR, B E i T AN USREZALE NS
(AR A AT At

P~z — 1)P(z —2)" - (z —m)?,




(320] §4. ERHSH—L A - 119 -

Hbtp BRKFm 5 |co| R XNHZMAH p BT & p B EBISEE R RECHH X RE0HE
p B XA p ME RS ARKETRAG p! BREZHELC. WK = BEMRKE TEX
LEHMEMEEK, MAR p SR HAY =12, - ,mBB0R f(z) SEHFT p -1
ST NE, BT F(1), F(2), -, F(m) 2— 1858 p 1.

F(0) HIRAI—FEE. %4 z=0H1BIR f(z) RAEp- 2 MIHTAE, TR

F(O) _ f(P-l)(O) + f(p)(o) 4.

B S —IIT R0 ARLE T, anFRATER A, #02 p SOBEEE B PV 0) = [(-1)™m!)? , T
F(0) BEREEEMAY p BT, XHEX p FIEREET co AREW p FIER, FTLIGRISR:
#ER (2) AWmOVAI—MBRAY p FIBEBRNER, HHEAAETE.

MICEITIRER (2) PRIE M, EXE [0,m] £, BR

mp+p—1

1£(@)] < %mv-lmvmv... -

p—1) (p—1)"
v mmp+p—l D _ mmp%—p—fl

(x)e %dz| < ————/ e *dr < ————,
/Of ) =, ]

H B, WRA C R |co| + |e1| + le2] + -+ - + |em],

.m i : —x m ™m m(m

;Cie /0 f(-’D)e dz| < Ce F‘_l)'_ =Ce™m TPT
BFNTENE 135.1)]. REMNERY p — oc HETE. TRE (2) PHE-IMY p TR,
BIMERG LB — RN, EXROFEET, ENMATEETS RITHEGR T FE.

320. $HitESH WERHE—MNIE —— RIFE— 0 KEDMRK X, (z), EEIFEAT
REET nBIBTR Q(z), FX

Mt

mrr'xl’+17—~1 m+1)p—l

[ xu@Q@an=o (3)

BHE, Kb a 50 RSN, (BRE T 694
B—Pn WEMK X, (z) TUBEE— 2n KBZIMK R(z) B9 n I, ™ R(z) 7T
M Xn(z) BREAE n KRR, WREES M TXHRBEEER, #1584 2 = o ST
E, MZM X R(x) ik 2 &M
R(a) =0,R'(a)=0,---,R"™ V(a) = 0. (4)

FrLL, BAVBIRBITLE A FREFE— 2n REMA R(z), 53 TEMREET n 89
ZMAK Q(z)

b
/ R () Q(z)dz = 0 (5)

OIREE EE nn—1)n—-2)--(n—p+1) _cr
CEE =Cp.

!
OIREE: ?ﬁﬂ']ﬁ&%k&ﬁigﬁ, H i RRENE, MEBRER AR p1p2, -, pr BRI
ﬁﬁﬁl‘, LT EE. @%plm copet+ 1 BRE—FF P1,P2," " Pk B{J?ﬁ, JEFRE.
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FARIZ AN, FX (4) BHR. B1K 311 BARK (7), MREHPU n -1 RE n,

b
/ R™(2)Q(z)dz=[Q(z) RV (z) — Q'(«)R™"?(z) + - --

/ 0" (z

QB)R™ V() —Q'(B)R™P(6) + -+ + Q" P (B)R(b) =0. (6)

+Q™ "V (z)R

MBEE (4), B Q™ (z) =0, M&H (5) th X FEGTELR

HF n—1 KEGA Qz) MELHEM, AL UR T HERFHY « = b BHAYHE
Qb), Q' (B),- -, Q" V(b) AILIBIERFEZMRL, AT &M (6) S FHIRMZM:

R(b) =0 R'(b) =9,--- ,R"D(p) =, (7)

M (4) 5 (7) B, B8R Rz) MY o 5 b o ER, MHEK, RAEERN
(z —a)*(z —b)* ME—TEHEATF. X&, &5

e - a) (@ = b)),

FERlh, MRM 0 = -1 5 b= +1, HFEIRMNCLBNNVPILBZHER

Xn(CL') =Cn— -

_dMEt =)
Xn(I) = CRT.

FERITERATAE [118,6)), A Pa(z) BRILBETR, MRAH o XRBT: ¢, = - =

—(Qi)n’ W Pu(1) =1, Pa(=1) = (-1)". BELL Po(e) = 1. TR Pu(c) FAHTEHEE
5 n HARN A B BEKNNRLBRE

n@2n -1 (n+1) (20—
2nl! DT

ERSEELIAE XL, Kinh

/ Pa(2)Q(@)dz = 0, ®)

1

RE Qz) RUHIEF n (ERMNZIR. 53, 1R n 5§ m RFENFAZHIEREL, N
1
/ P (z) P (z)dz = 0. 9)
-1

n n(,.2 n
%‘ﬂn%?ﬁ&*%}f Pi(e)ds toli; & 58y 1, O CE 0y grmgng

WT &= n) MREHIE 311EHLR (7) B Fﬁ@lfﬁﬂ’l‘*”ﬁt i —1 % n e

d*(z® - 1)

U =
dzn

,v=(z? - 1),
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U LA
1 2n 2 n 1
(—1)”/ M(f—n“dm:zm/ (1 - z*)"dz.
Jo

. dm2n
(FRATRAMOIERH R T, AR v STHAAR n— 1 SN » = £1 83FM 0). HEX
L% z =sint[BF 314,2)], B7
2nl! 2

2 (2n)!(2n+ nn T ony 1((271)!!)2,

TRERE

! 2
'/1 P2(z)dz = T (10)
KT, FAMEESIA SN, SEBEEE S MHER ML ES I A0S HEXRL
M, ’E 2™ TURTREERERKN R, P, -, P, IEREFREROEK, T
Xt FAEM n R ZBIMAXREERIT . BT
P, = a0Pn+1 +a1Pn+a2Pn-1+a3Pn—2+ - s

HYF ao,a1,02,- - BEREE 55HE az=as = - =0 G, ABEH a3, BN P2
Fex N EXFmIFA —1 B +1 F5

1 1 1
/ P Pn_gdaczag/ Pn+1Pn_2dx+a1/ P, P, _»dr

1 -1 —1
1 1
+a2/ Pn~1Pn—2d.'II+O.3/ P2 odx 4 -

1 -1

BT (8) 5 (9), FrAKRAL, BR—1 o, HEF, RATKBE

1
a3/ P2 ,dx=0, Bl a3 =0.
-1
2 ooy WETE, RASXERTLEAREH 2™ BN I THRE ao, BIMEELF M 71!
SOER @i

2n-11"  (2n4+ 1N _on+1
n! - (n+1)!° RS Ot
BE, NERY a, FFLFMY ¢ = 1 6%
=ao+az, TR aa=1-ay= 2nT:—1'
LK ENRBVERARS, REHEE
(n+1)Poy1 — (2n + 1)zPy + nPo_; = 0. (11)

XKRAERENEMR XAK, BERITEEN =15 P =z HRKRKKE it EZ I

_ 352% —302°+3
= ——

2 3
P2:3m2 I,szsm 3z

y Pa
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321. MAFRERX 7 133 B S 144 BE T —RINBEXMROHAEL, MERLLE, BT
FAE] LI ST K BIA S 2, AL BT E EHIR S p(2), o(z), ¥ () B E ZAFMN.O
1) 7 133 B, RITEARER (4), EATRERN:

pilna;
e E Pi < m (12)

X2ETEX (8] [a,b) APERE p(z) 5 o(z), AR

a=20< 1< <3 <Tig1< - < Tn=>
BXE (0,0 TEREBKE Az, = 2041 — 70 W—EH2, REARSENREXFS p =
p(zi) - Ami,a; = o(z:); 153

p(zi)Inp(z;) Az,
pi(z) Bz, < Zp(xi)ﬂo(mi)A-Ti

S plzi)Azs
EXBHBENMEEARMAMNERNHAY Az — 0 B FHNAFSY, XHFE—X, ZEBRRE,
REBIALRER (12) 89 “B45ELUY:

f: p(z) In o(z)dz ,
fa p(z)da < fa p(x)go(x)dx.

h ff p(z)dx
TR, Y p(z) = 1 B, HH:
b b
ef’i—“ fa tn o(z)dz < b_iz/ p(z)dz.
RIERBDFIER o(z) ZEXIE [a,b] ANBENEARTE, MEXR LD —— BEIUTHIRN
2) WERNK LA MHREFERES IAXHBERER MRS LY (133.(5) 5 (7)):

e < {0 (1)

(@} < (e} + () (4)

A 1)
(k,k >+ =1).
RIEXIE [a,b] NAEEIEERI o(z) 5 »(z); MNFRIEIPERR = SFXXIEESR, 7 (13) F

é\

1 1
a; = (P(.trz) . AIL‘;E, bi = w(itz) . A:cikl 3

M7 (14) 4 , .
ai = p(zs) - AzkF, b = P(zs) - AzF.

ONXMRFC TS HMME S EET BRI R T A I THAX—&K, RFES5157] 209 B
11 & 300 B&Y 4).
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T E&F:

(St + vzt < {Ypa)-an}® + { @) -aa}.

% Az — 0 BURIR, &/51%

b b i' b , f]’
/cp-wdm<{/ cpkd:v} {/ W d:c} (13

& 1 1 1
b 4 b % b 4
{/ (w+w)kdz} < {/ wkdm} + {/ zpkd:r} . (14%)
EEY K =k =2 B ER:
b b b
/ - Ydz < \// (p2d17~\// Y2dz (13")
X

\//b[w+w]2dx < \//btpgda:—e— \//buﬂdx. (14")

WZKXFHE-NRTHEEMNEXGFE, E-ANE2_RKFTERESHAEIE—R.
3) BEHMHIR EHRAER [144,(12%)):

> piTi S pif(Ei)
f( Sopi ) < Sopi (15)

EXBRIZEE f(z) EENXE X ARG R, v; 2 X A p: BER. BEFENKIE [q, b
MEEE REL p(x), HIEET X A, B p(z) BRIEX. BES o TARKXIE [, b B R; Rl
e (15) 8 2z A o(x:) 158, T ps A pi(z) Az 0%, 1R @A AARFASY, (E15

3| EZRMLTER:
(f p(z)p(z > [’ p(z) ))dz
J2p(2)d fp

§5. MIRBALITE

322. EEMRY . ERBBEAR REXTEERS [ f(o)ds, B f(z) BE—HE
TR [o,b] EEESEN. 7 §3 RAVE TS ER — MR 0EE, R2EHFREEK (40
BT RRRARRAE), 2 BT 5 Fh & HER), KERR LTS
PO RSB (BRSSP0 I ik R ARBR B Bt — 24y FEE TR ESME S R B
ERIE R .

TEABRATE N Tt i op B BB ILR, R LR T, BB LA R T R % BB —
5 (B REIEAY) B AR ETTHE b —F) BEAR E A (8 FT 4R LAY

NI
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RO BAL A B2 09 A, TTALITHE &
Ba. EERD fa f(z)dz BRAWHEL v = f(z) TR
R ER [204), RATBEE T XT3 B AER
o1l
& e, YRR3R toBR— B, AT
Nt b BEAEE (H6) AMETAE WFR, A R—RE
Az, = L 00mN g, RIE, PR BB EE—
K 6 %, TRCHE— AL ETR0E. ERI1ET)

VAN

a &ox€

b
[ stards= 22 iste0 + pe) 4o+ s

HP o, <6 o (i= 0,1, 0 — 1) SILETR i B AR — 1 e AT L AR
BRI ARSI B (4 TR —— MRFEAE —— ERIHRE RFHLE). MR
A BRAR.

S AR & = T < g MR FEYT F(6) = £ (o, 4) My,
#7R, WARATHE Y

b
/ f(z)de = 222 vy typ oty (1)

LG, HiRBIRE o at, BATPrER R AR,

Y JUTE %8R B MRt 5| 55 — A% % MR 8L U
L, BEEHERANETEN, TRHA (z,v:) BFTEER
®, HP yi = f(z:),(i =0,1,-- ,n—1). TEKNWEhA
B st h— SRS T BT B LR (B 7). niseihg,

x XA [a,b] 73 RARSHE T AR, MK LEB LA E AR

o a x Xi Xy b
b—ayo+y b-ayi+yz b—0Yr1+Yn
&7 n 2 ' n 2 ' on 2
B EMmER, RAIVSBIFAEIAR
/ f:r)dx— <M+y1+y2+---+yn—1>. (2)

KR RFDERA AT,

ATLIES, % n TIRIEIET, AR SR ARGISEE TR/, X, % o THK
B, BOFTN A BT SRR MO R s TR MR .

Y BIRRER 2111 2 S 495

b4z T
/ ——2:—20.785398---
o 1+z 4

MERM ML AXMARIE EEE, B = 10 FHHE DA/
OHEANRE 394 BWILS
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mRELARSA
172 = 0.05 Y172 =0.997 5
T3/2 = 0.15 yaj2 = 0.978 0
Ts5/2 = 0.25 Ysy2 = 0.941 2
Z7;2 =0.35 Y772 = 0.890 9
Tg2 = 0.45 Yos2 = 0.831 6 856
Z1172 = 0.55 3!11;2 =0.767 8 78150 - = 0.785 62
Z13/2 = 0.65 Y132 =0.703 0
Z15/2 = 0.75 Yis,2 = 0.640 0
Ty772 = 0.85 Y1772 = 0.580 6
z1972 = 0.95 Y1972 = 0.525 6
M 7.856 2
iz A R
20 = 0.0 o = 1.000 0 71 =0.1 y; = 0.990 1
z10=1.0 10 = 0.500 0 z2 =02 y2 = 0,961 5
W z3 =03 Y3 = 0917 4
% (1.520 0 4 7.099 8) — 0.784 08 Tq i 04 Ys i 0.862 1
5 = 0.5 ys = 0.800 0
zg = 0.6 ¥e = 0.735 3
z7 =0.7 yr = 0.671 1
zg = 0.8 Y8 = 0.609 8
T9 =0.9 yo = 0.552 5
F 7.099 8

SR NELER AR RARBEHE — ENSEE (EHEERK—FmSt
HEM/N—H ) M2/ TF 0.000 5.

RE YA TR, RAME XILEEREiHREE, RENTLD £ HE A IEFE. 9T #3118
ARIHELTE BRREEAER, BIE — M X TRENTEHRER, EERIMNANERELT
n BHETHRZ, M ARESHGERIETERAPEFE A n. IRIVELE 325 H il X)L

323. WMBREEE X TAYY [ f(o)de EELLTE, TR —RAY f(2)“BE H
L

y= Pe(z) = aoz® + a1zt 4 ...

/‘bf(:c)d:ci /:Pk(r)dz.
" - "

“Hhek”y = f(z) AT “k RIWPL>

+ ak-1T + ag (3)
RALEER (), H4

FAE, BieiX— 2 RIFE ML R IREEH AT
HEZIA P (z) AFPERSERA TR ERET. EXE [0,b) FIREZER © 8 k+1
N 0,81, G FHFERBHREZ IR P (z), (EBRFEMRE = B FEMES B f(o) HE—
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B ZUR Pu(z) BiEX KM —HE, MEMNREXTHE REFEFENH) iRERFHE
YNY
_ (z=&)(z—6&2)-- (z— &)
i Ty Y sy pey e DAL
(z—&)(z—&) - (z—&-1)
€k —E0){(€x — &) -+ (€ — Er—1)

(z — &)z —&2) - (. — &)
(€1 — &) (€1 —&2) - (E — &)

f(&k)

fl&) + -

+

hp
HERDRBRIXTE f(€o), -, f(6) WEMRER, EMRMCEMKMTXEE —KE
et ZEE, BAKIE AT AR R4 RE (X [4) [a, b] b BOMTAT R R R BN
Y k=0 WEEBEES, K f(z) BMERLUFE f(Co) FAVE, K & R7EXE (o, b]
FEEM— R, LFUL, PR o =

/wﬂmei(b—wf(a;b)- (a)

ELME — BMpEAEPMEREXIILEREETEN PRI LINEEERARET. 4
k=187 f(z) BERMEH Pi(z) 08, XTEMERE 2= 5 z =& WHS5EHERER
{é~ ﬁu%m 50 = ayEl = ba m\u

z—b T—-a

Pi(z) = —— fla) + 5—_f(b) (5)

FH, ZHEE .
/ Pu(z)dz = (b—a) T @+ FO)

2
PR, BAWE XL 4

EE&;EmE%%E&TﬁTmE%ﬁWE%ﬁ%ﬁ%%ﬁﬁ&%ﬁ%ﬁﬁ%ﬁ%
B k=2, BHRFRANER. MRS €0 = 0,61 = 21—, €2 = b, WEEZTR Pa(a) ¥
ATEOLA

a@»=($_a+b§@_b) (z —a)(z ~b)

(a—b) (“‘La) (Ltb_b)f<7

2 2

- f(b). (7)
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G
/" _ éan)(xa—_l_b?] go— M=)
(e ()T
/b(x—a)(:c—a_;b>d b—a
@ (b—a)<b—‘“2’b> 6
XHE, BREIA
/ e = 12 [ 4 (S50) + 50 ®)

e LA T sk T BT A T AR 4 i R PO N0 R 5 o R EHE L (46 3 5 o) %)
TR BB IR

ENEEZTARE &, R, B (3) B A EMKXMELZHAN K, TR
KA. (B E LA R I ETIERYRAGE XM 5 FX B HREE SR
P Jiopar

324. MARENWNE  EHERD [0 f(2)de MATLGKEERHTT. HHRICENE (o,b) R
n MEEHX A

[z, 1], [z1,22], -+ , [Zn-1,Zn] (T0 =a,zn =),
B A K B9 AR 43 i) R LI B FE AR
/”ﬂ@w+/2ﬂmm+n+/"fmm. (9)

IMIEIT MM RIE E N A RLX X AeE—1 L&, BIE, KEBEMARK (4),(6),(8), - FHY
— N okE FHE (9) B S.

E5E|, AR (4) 3 (6) &, AXEF ERNEFBERNEMNNERSHE LKL (1)
5 (2).

MELLAX (8) RBT (9) WAL L%, R ARERR, 5SELE—H,

T; + Titl _
f(ml) = Y4, ———2—— :$$+%’f (mzﬁ-%) _y2+%'

#1153

e .b—a
/ f(z)dz = o (yn—l +4y,_3 + yn) .

n—1
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B/G, X SR E AN, §5AR
/a flz)dz = bf;_na [(yo+yn)+2(y1 +y2+-~-+yn_1)+4(y% +y% +-~-+yn4%)] .. (10)

EMHE bR (Th.Simpson) 243; X FASMELIHE, XMAXEERBEARXELH FR,
BAAE — ERERFEFFHT — 8% QAﬂjEﬁhﬁB’ﬁ’*%

TER LR, MR bR A XEHIH AR fo T S[B% 322]. BAM n =2, TREXKET
FIRMALIREZ LRI E L. #AA (ﬂ“%@ﬂiud %0

o=l -
¢ Ty BT

Yo = 1; 4y% = 3.764 71; 2y; = 1.6; 4y% = 2.56; y» =0.5. -

| &

0 =0; Ty = z2 = 1.

T

[N

%2(1 +3.764 71 + 1.6 +2.56 +0.5) = 0.785 39 - - -

— BT BN R IE !

LR, M TFAR (10), 7 322 BRT AEMRBRE A, BITREREMARIREN Y
it

325. BREARKMARD M’\*I ( ) Frth. REAEKIE [a,b] LeREL f(x) BRI ELS

¥OAEXEET, KEZHR 2 - T RFRET f(2) R AN, 126, (13)] EHZKEH
1k, M FAAE [a,b] FH = EHENA

f(z)=f(a;b>+(x—a;b>f’(a‘2"b>+§1_!<x_a;—b)zf,,(g),

Hoh § g b S mBERBT .
IMELEM o Bl b BKIE FRS SR, BB AGRE - MBMA T, BN

/b(z—a;b>dz:0. (11)
/f )dz = (b—a)f “*b /f" )dm,

FRKEARK (4) MEREMRD, 7T R

1 [~ a+b\?
O 3T o BIRHIME FTRER Y E 2L R (= 49) BB
1

L@ (o120 @

XH, HANEE

BREESN, FAES R

-1 (252) - (-23%) £ (33)

HEIR). 455, Xt REL (A) BURRIT B AV
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AmE M 2RNFRELERR ' (c) X G [o,b] FHB/NSBKHIE [85)], 3 FIAHR
FirXPEANELFAEFSX—FEL, K FEEHE (304,10°), TUBH

1 b a+b\? (b.— a)d
‘“5“/& (m_ 2 ) dz =
Hbh p BE8E m 5 M ZiE). REBECHNZESZRKEWMR (82 |, 7 [a,b] L ATLERBL& &, &
B = 1), BiRGE

(b-a?

—2 ). (12)

p:
Mix AR o —giQM%&Eﬁﬁﬁf(NiE%KEﬁA:mﬁ%—KEﬁE%@
o, BDREA S b .
a VS
fo)= £ (222) + (== 257) /' ©

BARY. XSFEA EERI%ER
b a+b > ~
| t@aa=e-as () + [ 1@
FRARBRRAS ;
p=/n FE) (I-%“) dz,
TAULEH —HS% £/(6). BHANBMERNE - HFEXME [a,b] NAEHE, ATIHT

itk p R, KMEEN A WAL FEEERATESN. ERHEFPEM LS EX (11)
A X8 — UL RIE T 3189530

»
~a; >dx,

WRIBXNE [a,b] AL n DHEFEIERSY, WIXE TEANERDXIE) [2;, zi41] BIAEH ALK

Fitl b - b - 8 rrss *
[_fMM=7§N%Q+L41f@>m<&<m¢

24n3
X EEX (Hi=0,1,--- ,n— 1 8F) EJABINENR, EEENHESICS TER
/f b—a(y1 +y3+ +yn7%>+Rn,
HepxxK

(a—b)° f/(€0) + F(€D) 4+ ["(€ar)
24n?2 n
BREHAR (1) ta Bagasst LT ) weate m g ar 2im, pr
TS FETRE R f (2) BT E— .

HIREE

R, =

_(b—a)®
Fn = 24n2

% MBS AT — RS,

() (a<E<D). (13)

ORNNRA 2, BEN ¢ thrl LIFE » M. X5 SFELVEICE
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R, Mkt 022 BPEEMEMIRY [ 100 M FRBES f2) = 1
2 —
H () =2 3x 1

L XANSFHAEKXE [0,1] EREHRS, BaxERS < 2.0 B, FAK
(13),|Rio| < 0.85 x 1078, FATH BN LIRBIML A/ NEOEFRE] 0.000 05, TEF H, PALFRAIIT ]
REMUH S E EROMBITLUAC. RIEMIRE, LR E, /NFXARBR.

326. BEAXMARIM  HEXN T RH f(2), EAMBBE FRIRLK (6).
RIFH A RITHHAR B HIRE A (129,(7)], BRATTLUB Y [(BF (5))

f(z) = Pi(z) + 5]’”(7})(2 —a)(z—bd) (a<7<b).
M oa B b DK (12), HIVER

b
/f ,_a)f(a);ﬂ+%/ 7 @)z - a)(z — b)dz,

FRAK (6) WARIHE

b
- %/ F'(@) (@ - a)(z — b)da.
(& FEIRREIETR, R R B  F o R AL RA T S,

b —-a)® ., .
p=35") [ o= a)a - vae = - L) @ <o)
BIEXTFARRERY n MESHA0EY
_\3
Ra=-C2 ) a<n<o). (1)

EHMEBEANX (2) BRI 4 n G EHRKER % —HB/N. BHITEY, IAMEL
X SN AR AXEIERIRE RRKH.

327. FMHRLAKXMAM BERDANX (8). AILUISRINIFTIEMFEREM, IR AH AR
IR B HARE A (129,(7)), H4% [BF (7))

f(z) = Pa(z) + %g)(m—a) <m—

“;Lb>(m—b) (a<&<b). (15)

A% BB (5B LRI IR 325 H—# [(BEHME. B, F4%R (15) 5, &

MATHEMI TP EEERATNORSNE ARG, B AR D PR X

@_@(2_”%)(_waxﬁuaﬂia 2K S, B, RS —FINERGET.
REERM K, T2

_ 3 1" * . 1/ *
OFEE WYL LER, — (a24nb2) (&) + n+ FER L)
1

18
—_ . -3
|R10|<24X102 10<o.8><10 .

;A e <o, £(gg) > 0, Bl
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a+b

TE 2=, 200y SR f(2) BRIE. MAES XN K, @8 FAR0SH
=2 “’ &L‘i £ (“* b) B B, TR K, FRBAR TR0, TR

?féjﬁ%;ﬁ a,b R-EHER azib BIRIRAKEREST K [130). BEEH f(2) FHEEDIMUH
FH, A A RIRIKFF AR (130,(11)], EANER:

1(@)=P@) + K(z—a) (s - 32) (z - 1)
(4) 2 ~
+f 4!(0(1—(1) (¢~ ) @-) (a<i<w).
MAEM o B b BUNEA S, RAVBH

/bﬂz)dz:”‘a (1@ +47 (*52) + 50)]

1 b (4) /5 a+bd
ta [ SO@ =) (2= 552) - b

I‘E%Jb . 2 2
L(z—a)(z—a;b)(z—b)dz:/‘l (x—a;b) {(m_a;b) —(b;a)—}dmzo.

EBE 9 (o) L, N %LE@B@‘%HZ*@T& n (8) BRI

p= f“)(C) ( ‘”b) (z — b)dz,

%1&#"&:&5&‘?’%~4\E};\.X&Iﬁ —3B X, T AR R H AR,
1

ﬁf( /x—a( —+—b) (z — b)dz
ke [ o432y 05

WNRXE [a,b] WAL n MEERS, B — X TF FHRAK (10)— B3 F @Ry
R
(b—0a)

Ry, = - Wﬂ“)(o (a < ¢ <D). (16)

4 n AT, iA%l_iU:fM%i — —HBUN XH, ¥ MRAKXERR Lt ERBWAARE
gL,
E%ﬁ@@]fﬂﬁ“ f = BfF. BT E8RITELK (16) FAANMN S, HI1EH

RE f(z) = ZF%E’JEE y = arctgz MFH, TERINTLUAMA 116,8) FELAKAR. &

BRI A A

1+ 1+ a2
f(4)(1) =3y = 24cos’ ysind (y + %) = 24cos’ y cos 5Y;

O MR f(z) BEFBIZRHBIA, MBR p BAE, XL, X FRXEMBIR, AKX
8) WA #h ¢ (X th A 5 H B SE).
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AR, B R, TR 24, FRMBAR (16)|Re| < 19% <0000 6. AEMIZE,
AEATI A 89, AN T R

MyE XM E—EmAH, KEITBAXFRE MIRENFIR, RECVHEEG. AT1EH
R — R HAAKH LA LR R AEEX Bl — RLHHEEE 283

ARFMAMBBTX AR, LERRERIMEBTMITRE, Hf 7T LRSTERS 8iE
Bt BAESR L T

328. Bi&E

1) R AXHARA [7 S5 = In2 #HE] 0.001

HAXTF f(z) = % B0< f'(z)= :533 < 2(IR 1 <z <2), FIUERRAR (11)

1
0< Rn < W
HIEE n = 10, MM ARMATIE Rio < ﬁ <0.84 x 1073 ; RABEAFN e F
B A BT ST I & FLA B A B12 2, 123 (R B0 IR E B9 RIRARE/NT 0.16 x 10-3,
HTEABHAEIE % BB NS D) 0.000 05 3E6E T . HA11A:

Ty/2 = 1.05 Y172 = 0.952 4
T3/2 = 1.15 Y3 = 0.869 6
Ts5)2 = 1.25 Ysj2 = 0.8
T7/2 = 1.35 Y772 = 0.740 7
Tgsp = 1.45 Yo2 = 0.689 7
) 6.928 4
Zy1y2 = 1.55 Y1172 = 0.645 2 T 0.692 84

T132 = 1.65 Y1372 = 0.606 1
Tis/2 = 1.75 Yisy2 = 0.571 4
T17,2 = 1.85 Y1772 = 0.540 5
Tyg/2 =1.95 Y192 = 0.512 8

M 6.928 4

ZEBIXFE—YLtr (Fm, 2N FENNERFYE) BB EREEEE £0.000 05
Z ), iEERIRI Rio BEME, BAEBE, In2 HEEAERR 0692 79 = 0.692 84 — 0.000 05
5 0.693 73 = 0.692 84 4 0.000 05 + 0.000 84 Z[8], Nt EREE 7 0.692 5 0.604 Z /8. X
B—3%, In2 = 0.693 % 0.001.

2) BB AR ERENITE.

EXERT, KAR (13)

R, <0,
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LR —RIR = 10, BIRIEHT AT LURIE |Ryo| < 6%)0 <L7x 1073 . YT GHEERS
FE R — Rk ) £

1 =11 vy =09091 zo = 1.0 Yo = 1.000 0
2 =1.2 y2=0.8333 T10 = 2.0 Y10 = 0.500 0
z3 =13 y3=0.769 2 M 1.500 0

T4 =14 y1=07143
z5 =15 Ys =0.666 7
z6 =16 yg=0.6250 1—10 (
7 =17 y7; =0.588 2
zs = 1.8 yg = 0.555 6
9 =19 y9=0.5263
M 6.187 7

1.500 0

4 6.187 7) = 0693 77

EZIRDFABERZE, RIVET), In2 BESERR 0692 02 = 0.693 77 — 0.000 05 —
0.001 70 43 0.693 82 = 0.693 77 + 0.000 05 Z[8], BN, TISRTE 0.602 5 0.694 Za], LI F MBE.

3) ERIFFALIREME F, BT MRAXTT LIS DRI R, B0 s s 98 m
WA 2o, FTLIKA L (16)

Rn <0

A

24 _ 2
180 (2n)4 ~ 15. (2n)*"

Hn=5 0 (WATALIRHEE 5 ERETERRMS) B |Rs| < 1.4 x 1075, SHYFHERH
¥, FH%E 0.000 005

|Rn| <

;=12 Y1 =0.833 33 T1yp = 1.1 Y172 = 0.909 09
2 =14 Y2 =0.714 29 T3/2 = 1.3 Y32 = 0.769 23
z3=16 ys = 0.625 00 Tse =15 ys/2 = 0.666 67
z4=18 ya = 0.555 56 T2 =17 Y72 = 0.588 24
M 2.728 18 x 2 Tge = 1.9 Yo/2 = 0.526 32

5.456 36 1 3.459 55 x 4
13.838 20

z0 = 1.0 Yo = 1.000 00
1
5 = 2.0 ys = 0.500 00 %(1.500 00 + 5.456 36 + 13.838 20) = 0.693 152
M 1.500 00

Bt In2 BEETERR
0.693 133 = 0.693 152 — 0.000 005 — 0.000 014

5 0.693 157 = 0.693 152 + 0.000 005
ZIE, F&, fin, a7 U4 In2 = 0.693 1540000 o2
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PR L In2 = 0.693 147 18- -, KM AEANIREHK/NT 0.000 005(3F L B XK T HIME).
4) MEREEBY NFEARITES XL HEAR S HO

5 1
= / 1— =sin®zdz
. 2
¥aH%E] 0.001.

TR f(z) = \/1—%5111 z, %z W0 BB T 0 79 < 129, Wik (B (16)

(3)
_\2) g2 1
180.. (27],)4 X 12 < 3 X (211)4‘

B n =23, F& |Rs <0.000 52. EXHET

|Rn| < B (%)5 < 10.

zo = 0(0°) Yo = 1.000 0
ZTy)2 = 112(150) dyr s = \/l—é_+_\/_1:2: — 30324
7 = £(30°) 2y, = +/14/2 = 1.870 8
732 = 7(45°) My = VTI= 84641 5 x Tl 1350 63
a2 = 5 (60°) 292 = VI0/2 = 1.581 1

L
Tsi2 = 5(75 ) dys;, = /12 — V12 = 2.921 6
P 3(900) ys = V2/2=0.707 1

M 154771

STTEIBRIRER, BRIEIER Ry 4b, 5 4 T/ SLITIO & AR ER (FERY) B
IEH, X AMEIEHCRE T 03—63 < 0.000 03.
XEE—3kK,

1
1.350 11 < E (—

< 1.351 18,
7)

HFAETLKEE (%) = 1.351+0.001 -

(SEPR EEFTE S R P ETA B FHELERMN.)
5) #k¥F PEFRARITERS 1
W= / e~ dz
0

K53 0.000 1.

O£ FE 315 BHE.
@@my:f(z)/;ﬁ,ﬁw#m —1_§sm o, BRERKBHEH o,y v g @ 9%
SHERY (BRI A ) fE(E.
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HER L WK BB BN SR/, ATEHREHER BT 12; Hig

12
180 - (2n)%"

B n=58%T, A~ |Rs| <0.7x 1075 HfI1H

|Rn| <

zo = 0.0 yo = 1.000 00 z1/2 = 0.1 y1/2 = 0.990 05
z5 = 1.0 ys = 0.367 88 T3/2 =0.3 Y32 = 0.913 93
M 1.367 88 T5/2 = 0.5 ys/2 = 0.776 80
T7s2 = 0.7 Y72 = 0.612 63
z; =0.2 y1 = 0.960 79 Zgs2 = 0.9 Yg/2 = 0.444 86
x2 =04 Yo = 0.852 14 M 3.740 27 x 4
z3 =06 y3 = 0.697 68 14.961 08
ry =08 ys = 0.527 29
M 3.037 90 x 2

1
6.075 80 3—0(1.367 88 +6.075 80 + 14.961 08) = 0.746 825

0.746 813 < W < 0.746 837
W = 0.746 8+0.000 05-

(TEX LET B AR T ~ 1 U F AR EHH89))
68) #KF FFRLFKAS (LK 314,6)]

1aurct T
G:/ ] dz,
o T

Y on =58, TE R AN

w=1 Y172 = 0.996 68
ys = 0.785 40 ya/2 = 0.971 52
M 1.785 40 yss2 = 0.927 30
Y72 = 0.872 46
y1 = 0.986 98 yos2 = 0.814 24
y2 = 0.951 27 M 4.58220 x 4
y3 = 0.900 70 18.328 80
ya = 0.843 43
M 3.68238 x2
7.364 76
l(1.785 40 + 7.364 76 + 18.328 80) = 0.915 965.

30
HERSERTIARTHRIESRN. HAKL (16) MITRENTIEBAREAC K A ¢ Al
Wi FEZ (E.Catalan) B [BF 440,6)(a)].

ME  BE =B TR T R AR B DGERE): AR AR R SRR R RIE R, T
R FI AR REOR T B E AR SRR ATRER.
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A B, A0SR IXLE R ER R, s B R SRS b IREVE R, BT B d xR T—5177
o FIREM X THE. ik, WERTy i, BT T RFRAR FIAX M B9 REL, K
AT LAFE & AN Rl X T 0% rR AL BT AR — L.

FAX AN T7 it AT LGS 21 b R AR Lk s B A U FRIA S



E+E RYPENTE, NESNES
Sl lodis

§1. 3
329. MERKNTE RAETFE AR
=)y =9@E) (to<t<T) (1)

EESME RIS AB. THE— S0 2% THEROES: TRIENNE Fill
LLIPTLB KR EHRR S TE XM:

§ = sup{p}. (2)
RERREL (1) AL T4, CIEM [248], AR FTRKR, A REFRA. AL
Mk, IR EAEN AM, Hrh M B#E HTE— S, X AR TE5 L B
I8N
AM = s = s(t)

B ¢ BT ReR gL, H SRR

B AT AR AL
st =V + v’ (3)

(248.(10)], Jf B @A E W2 L.
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ERTHMES, ROTERSEITEME AB K. HBHIAAEANR, 7%
RS .
s(T) — s(to) :/ sydt
oE

T T
AB=s= [ Vapryrdi= [ o OF + 0P (4)

BIEFTSMAEIN AM BEE, 5 FHR, f Ao

t
AM =s=5(t) = / VT2 + y,2dt (5)
Jto

FR, TRES M IR M &M BURTE K AR SHER. IR ¢ IR E
BB S (EXFMIERT to B AR M A, TS ¢ 2T3H), MBRAR (5)
TS HI AM BIE- — & t> t, A M T HEIKRIAS Mo BIEM,
MEUE S %5 ¢ < to, 5 M I FHHEIKRIAS Mo (9N, MERF7 S
EMLEEALRREDHER TREH:

y=1f(z) (zo<z<X),
MEL = YERSHL 1EHREGR, AR (4) 18

Sz/\mdx:/\mdz (4a)
&Ja, MR URARAITER
r=g(6) (6o<6<0)
LHTERYANFRA, R A A BY T— AR ARG A SHE
z =7 cos = g(8) cosf,y = rsin6 = g(6) sin 6,
X8 6 RESHMIER, XXM ER

€]
s= [\ /rerpde = | Vs w6 (45)
8o 6o

St FXBAAEREE, EHEHRERAEN AM BHEMETRR, & M MHNF
WEARAT © SR AR 6, T

AM=s = s(z) = /m mda: (5a)
%, AR Hb

0
AM =5 =35(6) = / /12 + 1 2do. (56)
6o
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330. EXHERKEMNISRITEHERKENS —MiRR A X RRiEsd
Lk ERESA S0, RAVNER (2) e TAERINEN —— /9 M 0 K eh
— R KE S RMLAAE T hENFEKAES {p} W LELHF M BEHL (p) A7
Hil (REHYeil, REXLDPRERKE \) B TESEMHT, 2 Ak R p 698 .
R

S = ALirEOp. (6)

RIES, KA E ML LIk (p) MER S BN S ¢ B0E:
to<t1 < <ti<tig1 < <tp=T (7)

HBREMBEE At; = ti — (EEHUIM, ENFHRKE ) = maxAt) B&TF
FEANFHE. 245 BB 51 BLRE T RR IR A EME. XA, 1N HiERA
B

§=limp (67)

HABEAK p WINTEERRK: & p MM TFXE [t, T) BESE, RERK
LR IERN—NFTRY 5 5
te <t <tit,
MK p ¥ h0. (BRI EREIMABIT o(t) 5 ¢(t) RIBEMBER. FELL, B0H
B, BT (k)

\/[‘P(tkﬂ) — (te)]? + [W(tkt1) — p(t)])? (8)
BT (B 2 F0)

Vo) = ot + (@) — ()2 + 1V [p(terr) — P + [(ter) - pD)?  (9)

KA. (9) RAEEEAHESLTEHA/NT (8) .
H—J7mE, A (9) BB

lo(2) = @(ti)l + [6(8) — p(tr) ] + [o(tkr1) — @@ + [b(tra) — (D),

H A p AIEIMEASE X MUE, p A5NS4/ T L R B AR IE A9 /0
fEF.

UTHIHE R T AR s 890, IHMEENHE e > 0, HLBANEN, F
FEIXIE] [to, T) XAERY TR A

th=to<tj<ty<.- <t =T (10)
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18 [to, T) 73 EIER 72, (EAS AN AV A p* 1 R AFR

* _£
p*>8 5" (11)

TR () 5 o(t) B—BOESEY:, FAEXHERN/NNE s >0, FERE |t/ -t/ < ¢,
®E
" / € " ' €
wu>—waw<§9wu>—wun<§;

H (7) KPR EIRXIE [to, T) 47EISE >, 15 X < S(BIFTE R At; < 6), AL
B9 p.

ZEIBXE [to, T] FEIEFRIE=F 0, EIEFR, 2k (7) FIER
Rt ROME (10) FETARLR tp BRI E, WS MEHN A ARKE po. FRHXA
SHERM (10), FIXEINHT S5 2180, B 5CRTETIRAY,

po=p. (12)

H— X —EREN (7) FIEmS ¢ ﬁiu_ﬂ’ﬂ‘ BB S . KA
IEHAR T R A o(t) 5 »(t) TRBAINMEFD. B/ NT ig. FE A XA BABIE m Ik
F 2 po 8Bt p /NF g:

P0<P+%- (13)

mA%EK (13), (12), (11) #Hd
p>8—e¢,

B 0 < S —p <e, RMHEDAFEIERRIKE (6%), XEWRE (6) AL
Foue (6) AT R (2) K, TRFNX (6) THBESAIRILIE LFEMH)
EX.

MHE AMAMEERL, EAAREET, XHRY

E XEARETL At R . ZUABMERFS T AT iy
F, WRARER LITEFm—5, MARAKBEET
4 0(& 8). HAMESMAT FMLsBET, RER

2 (p) E—BEEBLUET 0, e AR T H—B
A s A RSN IR R SRR, FRRTX— 4,
BEEK p BRI MO A R Mk, T
TE T IR BOITE SR X R T
EAE, ERBERFLE DBT 0, MEERXM FHUEIMNEZAT o,
9 2 SLAT [RVRE st B 7 R T JERFI 22, ST S P T BRI 42 )
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MAEKNVERHRE X (6) 2% (6*) ] HIEHEE L KAERER (4). FATEMIT
SEK p MM EER L & (BF 248, (7)):

p= Z VIg'( (T:)]2 - Ot

Hep 7,7 BXIE [t ti41] PROFLA(E.
MEERS TSI, B 7 — AL 7, NBGER A FREX

U-Z\/ 12+ ['(r,)]? At

BRERRD (4) B9 A, 4 ) AT 0 B, INFELIARS (4)OARIR. BT
ZIERTA R K p WA TIHALER, RFEXRMAE p- o BIET 0 B0,
FE, HAIx XA 2 AT E:

lp—al| < ZI\/[@’(%)P 2/l (s 7)) 1At
RATNBIERAR SR
[Va? 4+ b2 — \/a? + b2 < |b—b1|®
srEIn B E B M e —Im, fE15

\
p—a| < Z [ (73) — ' (7:) | Ot

o
IRYECREL o' (t) AELME. M TIEESER > 0, TR X 6 > 0, 15 H
FEt—t <o, B [@'1) - (8] <e BRUEL X < 6(RIEFAEHY Ati < 6), M | — 7|
B <o, TRW (R -¢'(F) < FA

Ip — o] QEZAtizs(T—to)_

X IR T AR (4).

331. @i
1) B oy zachg(@ 9).

OEMFHLIENL, HARDSTHRBRELEL (5 208 A.1)
OXNAREXT o =0 B RBRK); T o £ 0, WA MEEK

; b+ b
a2 402 — /a2 + 62 = b—b
A G e R
BHHMES, ER (b -b) AIBRBEMEN 1
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RIVE 252,1) FE2F
V1 +y:’c2 = Ch—z-
FRRBAR (52), MBEMETSR A EXMARES,

s:AM:/ chfdx—_-ashg
0 a a

RAEE tgo = yl, = shg, HRIINA s = atger. X

& 9 H—3¥, £ AMPS(E 9) P AMKH MS = atga 15 53R
s % (MEEMR). RIVESBL TRUZBERITEAE £
RIff k.

2
2) gk y= z—p
BETLE O(z = 0) ENMMRE S, MFHLRY ¢ 0TES M, RITE

/\/:1:2+pda:——{ \/x2+p2+—ln(m+ 9:2+p}
[0 - p2
=2xp\/$2+p2+ nZEVEEP

0

3) BME 2z =oacos®ty=asin’t.
FIABZITESBA (5 224 B 9]z 5 yi 898, RIA

VT2 + 19,2 =3asintcost (@i&o <tg g) .

RIEAK (4), R A(e,0) 5 B(0,0) ZEMESZ—2F L EEKX

= 3
— 2

AB:3a/ sintcostdt:%sinzt =3—,
0

2 2
0 L

TRENHEAWEKER 6a.
4) HERE 2z = a(t —sint),y = a(l — cost).
b (50 <t <2m BY)

\/;722 +y? = a\/(l — cost)? +sin?t = 2asin %,
REAR (4), JFHEW—HHKE N

27w 2T
2a sin zt-dz& = —4acos t = 8a.
0 2 2 —_—

0

5) BIMML = =a(tsint + cost),y = a(sint — tcost).
FATE (Ht>o08)

Va2 +y:2 = ay/(tcost)? + (tsint)? = at.
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FEMA A(t =0) BUEEA M(t > 0) AT AM FATEN:

g 2
AM = s = _a;;_
¢ <0/, (NFHELRARM—RS.
6) MIEKBRL r =ab.
REAK (56), HHEMR A O AIIEESR MR T 6 f) MK, RATEH

9 —_
OM:a/ V1 +62d6 = %[9\/I+92+1n(9+\/f+92)].
0

ABAOR, ARA 6 = 2 &, #IVE HaF AR T
o b LI Rk ARKA [(BF 2)).

7) AR~ = ae™? (@ 10).

B ) = me, BT - = %rg, 3 AREAR
(56), Xt FELIRA (r0,600) 5 (r,0) BIFSIEIAIIN
MoM, A

6
s=]\40M=/ V72 +T2do
fo
0
, 1
=\/1+L2/ Tedf =/ 1+ 5 (r —ro).
™2 /g, m

BALEER, ¥ FrHIEL 1gw = % 7 15 45 ST L
WS A

T—7T0

s=MyM =

cosw

B E Mo BIETHRA O, JRBME ro #alm 0, 3F
T PR Mo M INKARMRIE S OM K, FIVEEH L RE R By R

& 10

r

s=0M =

cosw’

R AR Z B, N AMOT(LE) FRAEER H, K s ETRALIRFPHILK ¢,

OM =TMO®,
?ﬁﬂ‘]ﬁﬁ@];ﬁ&gﬂ%ﬁ%&ﬂ@%ﬁ%E}’\JE/—T‘%.
8) HE 4z =L
Tt BT E— M RIEHR BT RBCIS A © = asint,y =bcost. HA,

2,2 + 3,2 = Va2cos?t + b2sin?t = \/a? — (a — b2)sin’t = a\/1 — e sin’t,

V=%
a
OXAHIRL KA VIR, (E187T LR Z5 Mk RO AT X R TR B B B M T
BB, 1A O(BAE B RIAL I BB Bt TR —REL. RINIEWBEITE

At e = R0
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BAEMON PSRRI ENE—&, TEMEOIHK, RITEE
t
s = a/ V1 —e2sin’t dt = aE(e,t).
0

XRE—, MR T g R A T R FRS 4058 — F2ER (BB % 293 AR5 305 A); KL
4, —FLIER “ME ROX —BFRE .
5 B RAE A G 1043 2 — 9K B AT R AL AR RS ©

3 -
a/ V1 —¢e?sin?t dt = aE(e).
0

AN RRER
S = 4aE(e).

HEOREEXM FIEZML y = csin %(nm c = Va® —b?) H— K, AR —uRE
S F X REAY G . X FLIE ERRA, JERMEARRE. B8 A ERA, A— AT A SRR
FHOTER T, HEOROREMHE. 0583 E M0 —5 MESLIELENF. FRT,
A9 ) FE] RS A T IE 3R I8

AL, AEL AT B A8 R RS (R2).

9) 8RZ r =acosf +b.

Hab vy = —asing, 3FR

/ dab 0
2 +1g = a® + 2abcosf + b% = (a+b)2 [1— (—af%b)gsmzi :

Hit (M b# a8, TN 0 =0 88T ER 6 < v BSANITK, RAVEL BETFAR)HE
Mo FRER:

0
s:(a+b)/ Vl—%sinzgde
0
2Vab 6’)
——.5 )

8
z 4ab
= b 1— ——_sin®tdt=2 E(
2(a + )/D \/ (a—}—b)Qsm d (a+b) T

B KRN 2 ER

2@) .

IDBEER (b = a), AREBL R KBITEIL 1. AT

4 7‘/92 = 4a® cos® -Z—,
Ll (0< 6 <7
° 9 6
s = 201/O cos 5(16 = 4asin 3
R (B 11) Lh 20 FKR, MRS O 163 AL, 5172 OM #EKLMZ, NS AL 3%
FI s = AM.

OZF 315 BHMIE
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BMORLHKEE Sa.

10) WAL +2 = 2a®cos 26.

BAVRITE WALBI, AR (XA 0 = 0) BIIEES
(s 6 < 7).

BIVE

. —2a2sin 260
rry = —2a%sin 26, Bt TH = —cosmy

124 D§

2
\/T2+1"2:2i: av2
6 , »

cos 2
; E_ E}E/L\\I\ (50)
- a\/_/
\/ -2 Slrl 9

BIME LKL T (B— ﬂ’%’é& Wﬁ@]f 15y, 24 sin® @ B’J[ﬁ? k2 /NF 1 BTRISREZE
T, BRI — R, 6 2sin26 = sin? o(HN 0 < =, &% 2sin?60 < 1, HILAT R ¢
ARETTLIE HW);, T2

]

A 11

sinf = L sin ¢, cos Adl = L cos od o,

V2 ’ V2
ae = ! ’ﬁc?sgbdgé AV/1—2sin%0 =cos ¢

\/"1 - %sinz ¢

<]

535

()
S—O./O *?———O‘F E,(ﬁ
1—§sm2¢

Emmﬁ%®$k%9=g,ﬁ¢=E,Hﬁ%%mﬁz-%&ﬁﬁﬁmTémﬂﬁﬁ.

/ VTTIIZEWK< 5

%¢ﬂﬂ%%ﬁ§@%5:mK<§§.
TR R SRR LAY K 60 )RR 1518 th AR
1) /S, RS AT (5 256 B 7 E, B3 RIRIE A6 T
RIVEFIBEE F UL €, n('5%8 256 BEFE—B) F5C0AMENLE, U o BRE
BOUC (TR A25E), Tk R AT S .

ORNIAE R MET, YIE 0 — % oo — % B s BREREUR R RBR, BN
9= % AT 1) = 0o, FRAK (55) BEAREE RN .
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MK ATRE AR (BF 1))
o =ash=>.
Bt 5 n THEERMN o Bk

£ =alln(c 4+ /0o +§) —lna],n =+/0%+a?
MIEARIESE 256 B (17), EERIAL [BF (18)]

a . g
Va2 P U
TS W R LS KT

z=alln(c + /o2 +a?) — Inaq]

a
+C_071
(c-o0) T
P g
y=vat+o?+(c-0) 5=

\,027‘(1,

cos 3 =

BADKTTRN A ¢ = 0 BYiX-- R AR dZ; TN
HELEM TSRS FFHERE A —E s (F 12).
£ g, AL (FFHEMB)HERT B HE

atve -y V;z_yg_\/gz_yz )

rz== |aln

MERiEER YEEK” WFRERXN 3 230 B
(4)]:

2
Y D) . dz
yz\/ dy

M 518t = o XFFETRYLHREBESVHFECOMERA—F TS
MBHRLHMRF, WRESELXIER (BF 1) PRELKNIKARE, H o).

332. TEHZMNNEFRE LML EAGHN (TR -LIRRTIRE) SR
B HERERAALE, MITFIMERENESTDARNE, BREEREEF AN
B, EABRHFARMENEATTEE. R, XRBEARZEH% AE—W
BRER—mE A REEN) MK s RUERXZE R (HEREHER £ = %) Bz
250 H, % 251 H).

XTFB—A&ME, #al IEXFHNEEZ BE iR

t =

F(s,R)=0

OB MEBMZRERMX MEXEEY RIBRTFH T 3XHY5hiAlrahere—— 31, 8): R —AFE
KL EBMENE T, A TM KEECBERI A M, ME M BEESREFHE T 29
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EXMRNKLR, RN AN RNERED .

HAVER-AAR —ANBFTRHE WL, ARELF O ENEE EAMERR, T
RN RE T —HTE T LR

(1) S)AKMERAR—-NETE, XNEHTERNBUR TIER:

= = 9(s). (14)

AT EIEBXAZMMALE, BARMNERF—ZBH—T, @EMFML LK
EREAER, REAEXFMAKD—T, @HEXSA ERTAIERES.
HATRIENT (1 5 2) RARICXHAL TR — s ERPKIMLHSTTE:
SRR (21, v1) T (z2,92),
LS Hay,
M R¥AZ  RiSR,.
T (14), BAWER A s 404 L = R%, IRED (5% 250 B (2)]

R,
dOzl _ dag
MM, K EE, X s =0 B
T =T2,Y1 = Yo, (16)
HA
) = Qa. (17)

WIES 131 BRE, N (15) HEH oy 5 o NE—FE; HERKIIELEL, HYs=0
AFXBAEME, RZ2%ERX (17) SEMIA. WX THRER « EHE [ 249
H,(15)]

dxl = COS(x7; = COS g = diL‘z
ds 1= 27T s
dy1 dy2

—~ =sina; =sinap =

ds ds’
B L STA TS 45, IR (16) SR AT, KR ERmAE
AT
BAE AT, IR AN TR (14) BB THARERER. &
A (14) FERATE j—z‘ —g(s), TR

- -

) s :
f a= / g(s)ds + ao, (18)
A

O ARiBnatiirliche Gleichung HII®3C; A X AK1E équation intrinseque (B “EA H &) JR
SIS B4R
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AL a0 HE R, RENERX
dz = cosads,dy = sinads (19)
ik, AR, E15E
m:/s cos ads +a:o,y:/os sin ads + Yo, (20)

WAL 20 5 yo ZFHEE.

AT iR, RN FENEEFE oo N, MR FEBEEE B 20,50 HE
HO. XEEBMNET 0, BRMEEREMBNMERXHFEA: BEITKMIE S
S54ARERES, A AEXS ENTILRNERS « BMERES.

MARFE (14) BREZEEN N RBE R g(s) BIELEM]. WEALR
(18) AET o, UL (20) HE [ = 5y, KNMEREFELMENSHERE. H
43 (20), BEIE] 1 (19), M (19) BATE LB L

ds? = dz® + dy®,

T2 ds TR LEHEXZMLHINGLS, T s SEEINEK
(BRINE LM FRE R SR). HRERX (19 £FH
i, Bl o BXAMAEMNTILRS « BNH. &E, M
(18), HAMES S, HRENE T
2 = g(s),
FEBWATR, 52 (14) LR L ERITMAHANER
2. EMm&E—A (14) B eh542 (L P R4 g(s) REL
A 13 #), TUAARALFHEGNEBT A
EEEE, B THRINKEZENGRSSH A%
B, nlReE A NE H S I REN (BRRERIEEEN).
BEENAEFTEE, REAMESHANIHLOE 13), BN118 (14) B NEHE
EAME -5

% = g(s)'—ﬁ% = —g(s). (21)
SEPR b, MFREEFEMA LMK KRR WG /ST A, ENTRRERF S
. Rz, SRR (21) bR FREMEIL, ATEF I EROBIMER RO AE.
A LUAA X BRI I AE AR EIREEA R AR.

O3 LW = TS0 ASIE, R AEAG AR E 326 B 6O TE .
O & THBARAARILENEGH, XMBELE P FKohA .
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333. B 1) XKW FTAHEHFE R? = 20s HHIZE. RITH

de _ 1 /B0, _2.,
dS - /_20,33 - a bl 2 )
F R ds = aada. W a EASE, RERITEBET)

dx = cos ads = aax cos ada, dy = sin ads = 1asin ada,

M
z =a(cosa + asina),y = a(sina — acos al.
B REAl T M 64 #744 £ 55 225 A,8)).
2) [FIHHEE — Xt TR R R® + 5° = 16a°.

4k
da 1

.S .
— = ———— a=arcsin —, s = 4asina,ds = 4a cos ada.
ds /1602 — s2 4a

TE£

2 . .
dx = cos ads = 4acos” ada, dy = sin ads = 4a sin a cos ada,

RS, E5H

z=2a (a + %sin 20:) = a(2a + sin 2a),

y=—acos2x =a — a(l + cos 20;).
MRBERSE t = 20 — o, WG HAV LT B ATXHF

x =ma+a(t —sint),y =a—a(l —cost),

h

BRAIVESRD TR L[H 225 H,6)], MUESEHOEEMNEHEREEBNFBET T,
3) RIFEMEAXT FHABE R = ms.

Bm&si
1 1
do _ — o= E,s =e™%, ds = me™%da,
ds ms m
dz = cosa - me™*da, dy = sin a - me™%da,
JFREEE
T= T (mcos @ + sina)e™,
m . ma
y=7 +Tn,z(m51nc>z —cosa)e™".

RATI ML AT. &%
m ma
TEVEAY S e

ORARNATE K — ML RVAT, BT LEFRS & Foaont %, ATRTLLRX anf R, X4
TEXS TR SCHLRE Y.
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RIE, BIALLAM: tgw = % R ERA v, B

1
Y  msino — cos o tga — m
;:mcosa+sina: 1 = tge —w),
1+Etga

FRABKAOET o—w, L a=w+ 0. BE, 15 HE MR AR TR X EE:
m
V1+m?
I st 4038 4,226, 3)].e™° MR A/NTRIER, s —TAIETHY 1.
4) MEBRNENT S —LHE A NAERAEE &, I THNAE TR
(a) M T B#LE, y= achz B4 [331,1); 252, 1)]

6
mw  m :

r= e

]

2
MM R=a+ %.
(6) MFEMEL z=acos’t,y = asin’®t, WRILECEFE —LBRH—X WP &, BIENKER
HFR, EH (BFSE 331 B,3)]

3a . 3 :
s= ?asmzt— Ia,R: 3asintcost.

A

2
R2:4-37asin2t 3?acos?'t=4<% +s> (i—a—s> =9i—432

2
HARE, BRANABHRTUSR R + 45° — 9%

(8) TR HIEEL T, RITES [331,9); 252,6)]

IR

0 4 0
s asm2,R 3acos2,

SRR + 5% = 164>
(r) FANERETEMNANIIEE. M TRMeSZ SRR ERLE (225,7)], REHREY

(14 2m)°R* + 5% = 16m*(1 4+ m?)a’.

(m) AEEFELA 1) £ 3) PRITWERE THEMHEL  REZ SN BIREHINAT
i

5) RI|AILHIN AT R AT URE CHHELHNRTE, RITEAXER [255,15)]

RAX R A EL LMK BREMIER, 188 R = o[ZF 255,2°), WAXFANKF
RERENMENABT T, HE RS s, BBY p 5 o ZEBMRMR R, thel Z15H T# A
KRB H AL
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(a) M FIHEIBL R = ms; TR p=mR =mo. BRINVEEFS EXERTLUAKFTE, Bk
RIMEL S, B ORI —RITEIREL, MFESRMIT IR NEMNE L RF [BF 254,5)).
(6) T FEIRIH L

c=R= \/2ass—g—,
dR el _a _o %y,
25 =75

(XRMIZFRBINGER).
(s) BINBILMINA T RN R + k2s® = ¢, MLt R X REABILR, (B 7K b 48
R
%R . FHAYA

U:R:\/Cg—k:282)k8=\/62——0'2,

dR _ ks k/E o7
ds — VR o

HERE,
p=—0- kcgi = k2 —02 H p° 4 k0% = (ko)
B EHE L TRIR BB S .
PRI S RPN ARIER L (BF 254,4)), BAMERLK SEMNERL, fFI5 2, PN AR
LDHES5EEL (BF 254,3)).

MiE TERTAITTET . FrfE L A iA (UL AR RE #T B TR, M X T EMMLE aia1a, T
MABE.

334. TEIMHLRINK XTTFEAIML
=p(t),y = P(t), 2 = x(t)
(EEEL), Al M LR (2498, KHE), 4 HITKAE L. thibd
BES (4) ELUMEAR

T
s=AB= / 2 + y;? + z2dt,
to

LA HADSESS. EXMEE T, EARE AT LAZETC A LAY IEXT T i #h L BT UF A Fp
B, XA FEKBEITE T, RIDESF.

1) $81E% =z = acost,y = asint, z = ct.

A kb

VI2 +y2 + 22 = Va2 + &,
LA R At = 0) BlR Mt MIEEH) BIKH

t -
s=AM:/ Vaz+e2dt=+/a?+c?t,
0
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MREE-T, YA EREEN . ELEMBELAE TR TRMNESL, FAXERERNERT .
2) iR v = Rsin®t,y = Rsintcost,z = Rcost.
A BESY

VT2 + 42 +22 = R\V/1 +sin?t.

AT 2 ) @ R A% — MR8 £ MR R A

3 %
S=4R/ \/1+sin2idt=4R/ v/ 14 cos? tdt
Jo 0

%
:4\/§R/ 1~lsin2tdt=4\/§RE (L>
o, VT2 ¥

§2. WM S54FR

335. EMRESHEN . TME N T-HBHFHAFLZEMEEER L
ATRERNARERERY) FRETE, BAWRZ A MR, siRRS AR, X FxmE
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MREH 6 B o B S XANTESH ¢t B to B2 T, N

N =

1 [T 1 [T
P = 5/ (zys — zhy)dt = 5/ [p(®)9'(2) — ¢’ (t)y(2)]dt. (14)
17¢) T ’ to
/8 = 7 dz
XA T BT R rI% ﬁ;,t@ﬂ'ﬁﬁﬂvfﬁﬁﬁ. Blan, FHRBEFEEFRITEHE TR, AR
BH¥5T2 z =acost,y = bsint %, HA1FHER
2n 2m
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2 Jo 2 0
16) KANBRELAR (14) KITEEFELX ¢ = acos® t, y = asin® ¢ WEF. KI1A

2w
1 . .
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0
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27 : 2
4\ |°" 3
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XL A0 ARX 5Y B TFLERGRR V, HFLEAULE 5 Xt iE,
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HA RS o, 0. x SHRSEE w FRME—FFHAXE (Q) WRELM. X4
XaH R (L) BITEBRALFH LKA & BEX M HEEEEA R
fhay 5. TR XU (ERISL AT, I B T BDFR R e iBe.

WM EHAEHESHE w=1v=0 THRENITIE—S BAEARETRA,
Herl (B2EE 228 BIOHK (4,0) £ wo M _E X HE—NERE
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WERR R, TR _EAXT R X RR T 2R, AERBART FTAE
A A RRARE D, 808U =Xz —HEXrExE, AFRKEER
513 (% 175 B) MAZIHAXE (Q) RAEREMBHRL = = {6} BN, itk —
RIFELLLE — - HER, LA e @EARA 0.

AR AR AT I

FoF =N BRI LG th & Z ] 6 AR A AR,

SR, VR SR o E B AR & &, XA DU 2L R BUEE /D
YRR EI 2

342, HARMAHFRIEX HITMILERERN—SIFR:EH H, KA TER
Hr@mBEY (P) WAIHEKARR FTREREZHYERR V = PH.

CHRA (u,0) REXK (@) BAFR (L) b, M FEIEMRRES 262 B FH UK.
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BALXHRFR [ 336 B,1)] 232 T (P) AN SREE (P) MEZILTE (4.)
B (By), FIREMNRER A, 5 B, #am T P. MREXLLHE ERIERGH H
MEMBREER (Xa) 5 (Ya) K, WENRIIETR

Xn=AH5Y, = BoH

AFamILRMRIR V = PH, T4 340 B 1), XEEHKNTAEIERAEFT,

MEFKIPRARETFTFER v =a & o = b ZEPFE—ISLIK (V), FHIFIHRLIE
HT z i —LFEESEE (B 26). BREMAXLETE T KR, HERIINT
AL AR ¢ AYERE AR LA P(z) &2 — & z(a <z < b) MIEELLEEL

s

A 26

MR (AEARY) ERTFRENOBBE—FEH « #AFELE, N eI
HE—NEHES—NEE (WE 27,8), HERBHO—NMES—NZ LREH N T L
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A 27

FBATE BT IEXFETE: MR EERNAEERET « P ¥R L kit 2 —
N s —NAHELE.
EXMEET, TS, Sk (V) AR, A
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A RET RS, R R FEE ¢ = 2 BN LIRSEIRE TR, FATRMH
RET¥Hrz=2 5 c=2,100=01,--- ,n—1) ZEKE i 5. ZEXE [z;, 2i41]
t, BREL P(z) ARKME M, S8/ME mu; INFER XN T K E SRR z (HAE
HRAE—NFE L, RINEE ¢ = o, MENT EMENRBRET) SiHfEaSEmR
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S5&/MNEE L, B TESHN Az = 241 — o ER, WATERE S 7 A ZiE+
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B RA MAz: 5 miAx,.

WE S RA A BLIR (T), SMIREAERA S BALIE (U); ENTRATR S 3
ET

Z miAz; 5 Z M;Az,,
i i

FEY A = max Az Fal FER, A 3FRER (15). % 340 B.2), AR LI
(V) KITKFRD |

Mot i B — BB AT, IATLL E BRI % TREAE A B M BE S
REST. BARTE oy FHE EUSR y = f(2)(a < o < b) AE—FKHIZ, BeAL f(o) £
SELEROIE BLRAR T, T TTFAA4S BT o A RETL 3748 o« BTIHER () 28,0 15
6). RMBN. FHRhaLik (V) & FRAFFHFZ0ET, B AT RARH FIEL
F o WETE LR T FOR, HA P2) = 2 = slf(2)]?, BT

1% =7I'/b yldz = rr/b[f(:c)]de. (16)
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RHABIERE T EAML y1 = filz), LEAEL g = fo(z) FAFHE, WE
1M 5 WL,

b b
V=n [ -ilds = [ (@ - () )

BRETEHENBREAX BJREH AL, —MKIR, TSRS R AR BT
A % R BT B E B9 AR AR N s AR A5 A9 IK.
E— ﬂﬁf*ﬁ/‘F/\ﬁE%‘% 4o R 3K (V) AARRO, BT A RLK (15).
FELIAETEEM e> 025, BATUEFR 2 =a 5 o = b Z[EHXH
WA G 2T AT @EFA RS 2A(X) 5 V), #18 (X) &F (v) B, 1 ()
BEE (), HEEE Y -X <e BHXMT (X) 5 V), RNOARBREA, L
A(z) 5 B(z) ERENEBEEMHER EE

b
X = /b A(z)dz, ?:/ B(z)dz.
A—AE, AN A(z) < P(z) € B(z), FTUANE

)?:/;A(:c)d:c /bP dm</ Blz)dz =Y,

R v 585 [P P(2)de HEEFR—FR X 5Y 28, T X 5Y HE/N
T e B EHEH RN ENGSIL.

343. B 1) XHBERESEH » SEHF h OEHEOER V.

AR E—#R T, FFEULRER « B, #IAK
TABEAER S, 5] v BhEFE S AN (B 29). #i&
ML RER

_ Ty
y=5®

HEB — BEARX (16)— RKNER
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oo [ Go)'ae- 5]
& 29 INMGEREEETPFREECDRMT.
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3

¥

B AR AT 115 HERE R 108 7R
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HBOT IS thLE y BETER IR AR MR IR A gm%. ERAARTEE o =b=r, &
IVEBEIEEN r (RSN ima
N IEHMERATWNAE 05 9’]@2@2@9’]5&’{% y= ach 25 ¢ BOIERE 15 B9 IRA AR,

BINA
T x
V:7ra2/ ch2Eda::-1-7ra2/ (1+Ch2—z) dz
0 2 0 a

= %ra, (m + §sh 2$) = %ﬂ'a (am + ac’h% . ashz) .
Bz (% 331 B 1)lash T RIEABLIT s, RERAVERE v = %mm +sy).
1) R HEAS 2 A0 — 1t _

z=a(t—sint),y=a(l —cost)(0 <t < 2m)

2% o BhOEREATTE S IREI AR
SR B EREAT

2ma
V= 7r/ yidr
0

PIRES M —#H © = a(t —sint), de = a(l — cost). BD

s [ s s (5 . 3 . 1. 5\ |%" s s
V =ra (1 —cost)’dt = ma (ﬁt—4smt+zsm2t+§sm t)‘ = 57"a’.
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2

5 R TR + 45 =

®i1E , .
y= (a% —$%>2 ,V::Tr/ (a% —a:%)ad:nz %was.

BWRE R ERANSHTRE R, FFAKTE (ﬂﬂJ:EE) EHIHE—M.
6) ISRIMME 20> = 2% + y? SEKE2? + y? + 2° = 3a? WATLIDHIEFASD,
B XF AR ETARLTSE RIELS - RARER K. FTUla)X Mt a8 0 REF
H z=a E.
FHT » OFEERITFIARGSLEBAR; 4 2 < XEERE) KT F T ETF 20z, I
R 2 4518 > o B, A% TF 3a% — 2% FIAAM (16) & i'c, ﬁﬁ

a aVv3 3
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0 a

7) RERE 2 + 12 + 22 = RB® SEEE 22 = 12 + 22z > 0) HAEEAMARESY.
R WM AR RETYE - = - b RITE

V2
R R 3
Vzﬂ/ﬂQ:Qda:—i—n/ (R2—m2)dm=ﬂ(2—\/§).
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HEIX BRI, RIVARMOZEHRARX (16) MEAGIF. MERINKE—RHNOLRK (15). K
HEFBWOGET, (KRR A £ FTLUZ TE MR LOSIE, F1na] LARIESE 341 B HAIRIE, A
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8) RHAE B SHAEM G, AEdKNERMTE, N BB LY TR ILARS K, 7R
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Big, AEMEREEREN o HE:
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REEY ER AA FASKEESS o. RIVEHEEET « BIFASZRZTA M(2) WEE
A XTEERELAZ AN, BR
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N =

FEREAK (15)
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3
Heb h = KL RARSEAHSE.
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AEBERE EEEM v BRE « fi—mARIIER, XHER, REH v fEFREEX
SEAK, —HEAT LG XA AR (B 31). B AARS y B M OFTS I B9 @, BN
MAETFEHSQ, HEMRN
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a
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0
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& 32

Ffr 45 th 69 = HERRBRIK A 1R FR (B 32).
FEHT o MBS LS M(e) SHFE, BRI, £ vz FELH (RREHE)
BT EREIHD:
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B MREE 2, M HAEHO TR (R - — EEHE — B oy FEENREY) X
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He
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FIRAEN; EXRBRARS, BEES
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11) RIVRBEFRANHER r, HEHEZHRE ARG,
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A 33 MATEMLLR, FARIENET: LIE O 7 = WF
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0
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0
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.2 2
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EPS

T 1-sin?p k-1 [% dy
[l: ;d@: 5
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V[P e (1 Lo
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e
2
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0

0

I

2 -_
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Jo
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0
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XHE—¥, &5
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XEERNE =P EE NERNEI TR ERBEX —ME, HFratBE
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HRARAET MELAIITL Aod, - A, 1B
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T 432 K70 1
n— n—1
2 Z yl-As,- — 27 Z yz(As, - li).
1=0 i=0

IR O (s) RELH, TLUERERMN, TERAEH vl < M, Kb M BEX—%
WM 2R HINE

n—1 n—1
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1=0
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5
.S
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0
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EFREMBREZT, REHNEE: EFEOmAFEF B LML

S
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MREALEREIZ N LR —RESEERE (6), WAL LRSS F TR
[BE 313 H,09)], BZHUTER:

T
P=2r / ' yvz2 +yldt =2 / (O ()12 + [ (t))2dt. (21)
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345. B 1) UKBKFEMER. RIFGFE R LI r (BEH, 58 o MIEE. AR H TR

RAVE y=vr2—2%, UK Zin—
o=~ V1492 = —— T+ y2 =1
Vr2 — g2 2 _ 22

WA S R EARAAT 21 5 22 > 7 WMIFTE BT EER, RBAK (22),
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Hep n SRR, SOH—k, B E A EES T B KR R RS540 8 1T
$EOTE 71 = —ry 20 = ¢ B, BERTE b= 2r BT, RAVIBEIBMREHTER P = dorr?.
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AH 1+ = chg, FFLURIB AR (22)
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0 a a

Heb v XN AiERe A B1ATR (SR 343 B.3)).,

3) FER, STFEML 2 =acos® t.y =asin’®t.

AERBEBREF LM (0<t<F) OIFHRLMMHEER S ®ieq
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Z 2
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oo,
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4) R, 3 FRE# s = a(t —sint), y = a(1l — cost).
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2 sin® ¢
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2m L
P= 27r/ 4a” sin® %dt = 167a’ / sin® udu
0 0

™
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0

5) WK AR Zr = a(1 + cos ) ISR MBER: 7> A Ay dh EAY E AR
MEARLAR (21) Bk, BRARALF:

S g
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0 o

TERNEEES o =0, =x, JFEB

3

6 6
y=rsinf = a(l + cosfh)sin 8 = 4acos %sing,ds = 2acos §d9,

5)id
32

P=2r. 80.2/0 cos* gsin gdc’) = gvraz.
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6) FIREH), Xt FRALZr? = 2a° cos 26.
At y = av/2v/cos20sin 6, ds = av2 9d9 BT AR A (23)

COoSs
P=2.21.24° /T sin df = 8ra® (1 — Q) = 7.361a?

o 2

B, ?vl‘é ELEx
7) ﬁiﬁﬁﬁﬁ%wﬁﬂméﬁﬁﬁ N, MERMMKHREESRN (REK).
1&&*%! >+ b—2 =1 B ¢ BiMIEE, 7 H o > b MBRIVERFE
2 2
y?=b" - 2—m2 vy = —Z—a:
y\/1+1j’2—\/——+ yy)Q—\/bQ——m2+b—4m2
:g a? — a2a—2b2$2‘

R a® — b2 = 2, oAb ¢ BAESELWOESIHE 2 LT ARF LR o, BRE—K,

y/ 144" 2 a? — 212,

}E

P= 271'E / a? — g2z2dx = 47r9 / a? — e2r2dx
a —a a 0

- 2
=4 2 (%z\/ag — €22 + % arcsin %)

b PYCT.
=2r—(ay/a? —€2a? + — arcsine);
€

a

0

a

BR a? —c%® =a? -2 =0, FRUBRGERITE
P =2rb (b + e arcsin e) .
€

REEME SRR IER:, MEFAC LM aTE ENEHE, L o BifEvaEm FTRE
g y/1 +y'? RZXDLFL o 5 b O EXE—TEIA, AR ABLE

—_— 2 _ p2 2
y\/i_’_yIZ:% b2+ab2b$2:%\/b2-|—?$2;

b
a c?
P=27rg/_b\/b2+b—2z2dm
a |l [, ,, b ¢ c?
== hl In| < b2 4 g2
27rb "2 b+b2w+ % b:r-l— bac

2 fim T
—27ra(\/bg+cz+b—l b2+62+c>;
Vb2 +c2—c

ll:4:by

b

—b
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R VB2 + 2 =a,c =ca, FTUBRGE P WREAXMEZH:

2 2
P:27ra<a+g—]na+c) :27ra<a+b—-llnl+6>.
c

a—c 20 € 1l-c¢

346. HEER KINFERFR —FEHRERM T, T E, BRI Tt (%
MALUEA 5 A —MRE X2 5e) & X EmAES. RATFTEMEHEE.

HANR MBS 344 B HEFHEIH

z C, ¢ cy FE _EHABLL AB. BUE/E ML,

WAL EITT - favm (B 35). &

XANE FSIfHE CD, X B—K LT —

AU HNRAE R (6) P EE=AHTE

x z=x(t) (x>0), (24)

XAMAEHRFET. MERETITE X
ZHELT A MESTAER P,

NRIFES 344 B—H, EAI5190
K s EASE; TREAMIERME AB B
R4 (6) 22N T R4 (18), MA AR
= (24) hikH

z= X(s).

TEHIEE AB FRIE—5ITE AA, - A, B, I E SIS CD FHEL

CCy -+ Cr1 DULE 35), AL AiAi1Cipr O BABAT, WEET RN R A

22 5 A e A sk e X 4 @ 0 @ AR IR AR A TR ek A e AR Q MR P
W 2 = AC, BINE (RARERAS) e

n—1

Zi t+ Zit1
Q:Z : 2Z be.
i=0

S5 344 BPEROOER (0 0T LA QIR TN ML), AR

n—1

Z Z,;ASZ

1=0

AORER, AR U, XE— R0, &5

S S
P:/ zds = / X(s)ds®.
0 Jo

ORREH EREMRTE, N RERELS B I EREELZLENN L.

= =

A 35
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BT BB 1 A — AR A S
T T
P= [ s ita= / OV OF + [0t (25)

BR, £l AB 898 RAE y = f(2)(a <z <b) WEET, INMARXMER
XA

b b
P=/ m/l-{-yfdzz/ x(z)V/ 1+ [f'(2)2dz. (26)

—

347. B 1) R 36 FEIMIL AB B B SATAMMYME, BahE (ERPRRD
ZF) &

T EH EER Y R E, 55N
C
z= -z
a

¥ OBC ME. iX-REEH ABC BAMEA P.
M REA (26)

P:/azﬁ+y'2dz: a%/ z\/ o* + 4b%z2%dx
] 0

_ ¢ 2 2\2 3
.._lzbz_(a + 4b%) a”].
2) BREMLRMNITZ—RE v = vVa? —22(0 <
T < a), MAK (26) REXKRAMMAH, NAY ¢ =a
AT v, BT co. RASEERL F 36

T =acost,y =asint (Ogtg g),

HAMRE LK (25); BA

;g N 3
P= / z2y/ T2 + y2dt = ac costdt = ac.
0 0

WRIERBIE 343 B 8) ArHaYE A 3 M4k, MM E A4 15 G RIEH, FORS T
2eh(c = h).
3) kA REME AB RMN/rZ —HE

T
z =acost,y = bsint <O<t< 5),

Ak e T A _E B — 89 TR, REEFIF B2t i), B (1R AR S AL A0 A,
(8) B o> b B AMAZLE: = Y20 g 05, @18

z a —
P=c / cos t\/;2 sin? ¢ + b2 cos? tdt = = / Vb2 + e2udu
Jo @ Jo
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(B ¥ u = asint), A EBSE

V= a?

B)Ea<bWHEET, BLEe= , FE

% 1
P=bc/ V1 —€?2sin?tcostdt = b2_c {\/1 —e* + Earcsins}‘
Jo

4) AVRARHE 2° +y° = Rz BIRE 2° + y° 4 2° = R* FIRLHVERS, RO Hi5T
BYEHER (4D R LR, MEB229H,1)], FATHHE AT LA SRR X A

z = Rsin’t,y = Rsintcost, z = Rcost.

R R B FESE —EMR, M kat ¢ Rz 0 Z 3 ;—r BN, kAN HRALYTHR4A (6),
ma— 1 FEMASTHE (24).
BIBAR (25), Fri2 A h A EAER

s

P =4R? /~ costdt = AR?
Je

5) AR, 128 r, MR ER [BFH 343 B 1)), dEH A KI8T ABIRE
. BAVSILARR, WE 33.
FRF—EHE, 85— HRENER

r =r7cost,y = rsint

miE
z=1\/r2 — 72 =rsint (ogtg
BWI/EAR (25), Z 2z —MFREAMET

ol

).

s

2
%P:8r2/ sin tdt = 8r%, FiLL P = 167°.
0

6) FEHEIRE, BERMREAARB¥EE r 5 R>r (FET (BF% 343 B.12)].
#HAVCRITEH N r TR 2HER, RITE

z =rsint,y =rcost (Ogtég),
2:\/§2_I‘2:\/E%2—rzsin2t:}2 1 — k2sin®t (k:%).

RAE~ K (25)

P, = 8R1"/7 1 — k2sin? tdt = 8RrE(k).
0
MERNRE¥EH R 6O E, ¥ 2§55 y FEBAXHE. X —K

r = Rsint,z = Rcost,

y= \/r2—z2=\/;3—stin2t:r‘/1-—]:—2sin2t (k= 1R)
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JFE ¢ REE (MRMFA—F, BFH—#R) M 0 ZF arcsin k. FRIRES (25) HEMML

K, B85
arcsin k arcsin k 1 . ,
P, =8 / YV T2 + z2dt = SRT/ 1— o5 sin®tdt.
/e 4]
B
Sin[, :k‘,sinw’dt — M,
\/1 — k2sin® @

Heb o i 0 25 g L

arcsmk [ z 2
/ 1 2 O d
/ VUm singa = [ e
0 k 0 \/l — k2 sin? @

- HUPRAES 343 B,12) MELBRAT; BEF

(1- ) Kk + SE(K).

P, =8R*{E(k) — (1 — K*)K(k)}.
P = P, + P> =8R(R+r){E(k) - (1 - k)K(k)}.

A USROS AL L BNIEF it 7655 = %P RA LR A MBI T 270
SR 0 LTS

§3. NFEEMBEZHHEMNITE

348. EMHMAMKE EHATERST N WEESHHFERHEE
REFALLRT, Se e S 1 b E MR T SECE D MR R TS, RAFAN. K
TIXA B, BARETRS AN —EKE, 4 UEZTF LU R 86 F
* AT

IERARIZAE, ERBEE & TFE Mo, 0] 8 JUTHS M) E 8 Q. 1
B — T [o,b) ZHATFXIE [0, 6] METFE Q BIFE—54, #8X(E [a,0)
SeE T FXIENES B Q 2R AX R 4.

ERETRE, AR E N BE ATt 8 <X R0 Q((e, 4)), BNEX
8] (o, 8] B FXIE [o,7] 5 [, 6] BAKY, BBAES

Q([e B]) = Ql[a, 7)) + Q([v, BD-
[l RZ T E E AR N TR AXIE [a,b] BIE.
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BAVEFELEREL v = f(z)(a < 2 < b) ERFF (B 37O, T£ 1) &k AB 89K ES 2)
EMEABE AA'B'B FTRHMER P LUK 3) X MNUATFKS: « BlEH: B8 DIV (K AVEIR
V, X=/&BFRFE HEERIBE. R T/, TSI E 8RB “XIE R,

HAPRARX N T “TLRXIE” [z, 2+ Az] BY

7 /]B 8 QH “TTEAQ. HBIERBMLM, A
My, S y=I() H—1 AQ MIENMIERAR, B g(2)Az, XTF
m =K Az B—RE, [B1BES AQ RE—AE Az &
4 ) BT T 55 /N, }ﬁé*jﬁﬁt MEF D (5 Az — 0
o L HRANAQ FA 151%%\%.%Zﬁ

%) « x Ax * M, EMER
AQ =g(z)Ax (1)

R EREYS Az ABTE.

N I, 76 E 61 1) b, TTIARIRARE MK it

BUGITE MMy, B2 AS PE4E T —KE9ES
& 37 1+ 92 Az = /1 + [f'(z)]2Az.
TE6) 2) B, TEHEF AP BRLIER
yAz = f(z)Az
BIMEEERNAE. B, %6 3) F, ATENES AV FoBENFEERS, KEER S
ry?Ar = 7(f(z))* Az

BIPE ER A,

A X =FEE P AN, B TXHOBRAEBIRE, BB Az ABMBITS /D, H
ROHE 1) FiRE/NTF KM = Ay — dy, 15 2) F/AF AzAy, MEHE 3) RAF n(2y +

Ay)AzAy. -
HEETED, AL FLE Q Bibiimirg

b
Q:/«wm. )

AT BERBAXA 5, AV XN [0, 0] AR 21,22, , 21 TR KA

la,z1], [z1, z2), -+, [mi, Tiv1], -, [2n—1, ]

IR f(x) BEHELL, HAAESZNSHE X THIEL HIVEE XHL AT E LE, I
BRME G L.
OHEMEOFHERIBEZT.

SO%f %3 (2) EHERBIWR, B4 AITEA B KRR,
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HAE—NKE (2., zi41] B [z, 7 + Az] M T HRITHIEH TR D, LS T
q(zi) Az, FTLIBMHIFERIE Q R BIHIRAAM

Q= Z q(z:)Az,.

AR EE/h, B ARERERRERS, TEEMSN Q ER LRMAKRR, X
R, HENER TERD [ q(z)dz.

X E A BN FR L =AM TEHESL. ETFUMRINABI— KR S, PV
By A3, BRRERTE D YR 0 R B (UE FiH B0, AT FERBAFANE GERAT
) % 15

Hit, BRI LAERIR I LI%ER (1), RHAE L de M 4Q KB Az 5
AQ. ERER

dQ = q(z)dz. (3)
HERAFIXLETLE KM, MX B FIIBAK (2).

RINERBL, KAARSURBTENAZRmEEYN. MABRAL Q AL
LIFERK, EAANHIM (3) RIS IRESLE T, MARRT R (5B F ik, AFn
BHTRMEAEK TIREH SETLIEWNER. B2, FETHRIT A TEER £, £
TR dQ MERXXTERTEM LT/ H B2, HHEE N rEZERER, E
LR SRR AN, MATISRIR S Rt b B0 64 1.

A AT RS — SR, KATH Q) RFERMN FXIE [a, 2]
ME Q MENEI. M Qo) BARKETE. AMRY, ULTIEMN “XIEH
¥ Qo 3. MLME AR R, g XA S eREQ () TNk

Qle, 8) = Q(B) — Q).

RO TR, SEEHE 1) A AM,2) ATENHE AA'M'M WER, MRE 3) %
3 T4 B e o o B9 Sz P 1A AR

HAQ BRI Q(z) MATEIE, MERKEENMEM g(z)Az FEFIM,
IFE 23X R 55 103 B, 5 1048 XX, UHSFSEHEM%ER (3),
IR dQ BT FRIE dQ(z), FL EFHAHEREMA, MERHMNT. Hbth 1 %15
B TATER AR

b
/ a(x)dz = Q(b) - Q(a) = Q(la b)) = Q.

RTIRANVIPB S, 76 BT b BRI B RAER £ 5 1 T R A 6030 8.

349, MAMBHESEBOMNKED  MFAM, ik m QA M X FR—AG0E
NI, BTRE m SEERMEE d ORF E—MEBOTELE, FEN my,me, o ma, 5

59) Gt STE IR F A SR EE A SR AR FRYIE TT I A0 S
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MPERDIINA di,dz, -, dn B 0 DMRREWEE T, B DHEERBLM

M = Zmzd;

W) — A S 6OBE RTFLAEE 3., 00 F— D069 0 BB RTHLE 1 B
B FRTREFERSULE, TRSEIMH T — Rl — 1 FED, B4R B
picsmugsn e |

RAVDESHEEF—FHEML AB(E 38) TAHH
TR, T « BOBA BT XL, IARIEEHER
B0, FREMEE & p (BRI B E BT 5
B B—HE HTHREL, BEE p = IRRY
%, AAAETBME B R p BT, fE BB 2 T
0B B0 1 2 — ERINA0 R ik, SE BRI T 0 KK
AR, 3 B9 1B A0 ARIE T B s LTI, —
WG, YR B BRAR NG (HEL) TR A

x BETHAEEERIAERSRAE EREEZ T
TR BB HE (FL) S

i 38 RN B AE — K ds BLRB G IUM ds %

7). TR fE S HAREE y Ab6— s

RIVEBL T ENF BRI

dM, = yds.
RXLETENH NEME—R, FBAR A REHINK s (ERVAEE, HIVEEFET
i
M, = / yds. (4)
0
KB, X TF y BE9E DEBRRMT
s
My = / zds. (5)
0

LR, WAMBE y(K z) Bilit s TiEM, Lhrt, SLEARPH) s ZET LT RRIEN
BZR (t,z 3% 9) MFRILH.

HLNHHE M. 5§ M, FBTURESHHELEEMNELD C&n) WRE. & C B&X
BRI, BRRINEHEAN LS RE S ML RTIKE) HETIE L, NLREXNF
EIB— N RhEER SR, B 5 BRI A 8 0 S AEIR], BRI s AR X T ALAR A 48, 1R
G < B N

S¢ = M, :/ zds, Sn = M, :/ yds,
0 .

A 1

S S
1 M, _ 1
g__S _E/O zds,n = g = S/o yds. (6)
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MELWPIE n AR, BRIVER TREZWILASR. FXLE, HITA

S

5
nS :/ yds, HIt279nS = 27r/ yds;
0

0
AN EXHNHE NI REL AB JEF R EMER PEES 344 B,(20)], X%
MER ST 27 FT/REILSE o MIERMEE L ENERNKE, M S BRINMMEPEKE. X
H—X, #1MESBUATHHRFA(P. Guldin) EE:
hELX-—ERE AR s, FrFhed @ b, FTROBLARKELBEETC
C Fré ey M B &4 & (B 38)
P=2S5.2my.

EAERGBMBEMBLK S 5T I LR QTR P, 3T LIRAS 05 E
BT 7.

350. B1 1) RORHIA L, + L~ (B o > b) MK = MOBAIE
ST L (3F) A, KB 0 R A B TR A N — B 2r. EL (BEE
345 B,7)]
M, =2b (b + garcsine> .
2) IRRN ST T RS H L Brt #h80, EATE FL BT XA ELL
BT BTN, RN RS E y f, LS B s S SRR A, T2
o — D(s) By s HOZTERRC, JF A MBI 28 REFEANMANK, RIVEH (B

E% 314 A,9)]
S
M, =/ zds =0,
-s
Hit ¢ =0.

3) FIA&/RSHER, RWEERER r WEFEN AB ¥
MELE (E 39).

B X MR AT TR T A M 89%2 OM,
I EWEL C EXAEB L, AN TERLHE
FOMALE, (VERE S0 O WIES 1. BUINE FR
L s FRI AB MK, UL d FRIE AB(= A'B)
M, BOVIBFIRMING ¢ fmiEs, SEEH TR
W, ERRER P KRN (3 345 H,1)], % F

orrd. WIEERIFERE, XA EERLET 2rns, B &l 39
\ rd
Vhsn=rd Bl n=—.

S TFL BT S d = 2r s = 7r JH
2 .
n=—r= 0.637r.
1) RH AR 1) — 1t

z =a(t —sint),y =a(l —cost) (0<t<2m)
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OEI

MRV RIS, A ALE TR R € —
ra. BEEDE 345 B0 4) OER, BEVRE
%ﬂﬁﬂnzgw

5) EHEHET BEOMENHAT, TUH
PR 7 A TR RBE BE RS T A9 TR, L i MR
SR IFE (FRHES B, IR F LA A
10 SE B RIBE S T = A (0 ST iR ) B9/ (F 40).
B9 F R &0 5 AER.L. Bl (EES

FIPMEZ T) RAITESR
P =2rr - 2nd = 4r’rd.

351. FEEMOBNESEONRE RITEFREXFTR Y= f(o) FFLHABME AB

>THRENFEEY AA'BB(E 41). BERELBEX ARSI HN, FRENES

BoENERNERFE A0 RE) RENEE. FBATUR p = |, LHERRNTWEFLHY

(Ef— 85 R B U E AR &, MEEAR [ AR E—Ri. nEisa T EERYSHE
(SR RMHINEER, BAGTHE 9 X R T

B THEERE XE R T LR R

y //AB 55 M, M, RATEE—H, FRIER

A///"\\\_?; MEETERREREY SR (BEE). &

, BB ANEERET, MRELGER (@R

— s é LUK F— AN JORFER) H yde. BT ERE

* Xt R TCEBE N dM,, dMy, BRITBE X

l L NRMSRERESETECHEL MR

0 A doe B fhul), BB BRI, B H1AE B R/ N B

- SN £5 o« MIFERY 1y, 5 y B

gﬁ(m+d@ J§—F AT L 4 24
ﬁ&a@ﬁ%%ﬁ%%%ﬁ%tﬁ%wm%ﬁT:M%%d.@m&ﬁﬁﬁ

dM, = %dex, dM, = zydz.

WXL TR B HEME—E, E/IEA

1 b b
M, = 5/ vidz, My=/ zydz, )

XEH y YRETHIEML AB 895 B P H A RS f(2).
MEMEHETE P—#, BB RGBT T ARSI T8 58, MERSERE 5
BT LHLER €. MR P RAREEWER (AMEEE), NREEOHEARER

b b
PE=M :/ mydz,Pn:Mx:%/ ydz.
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it

b M: 1 [°
g:%:%/ zydx, n=?=§ yzdl‘~ (8)
FEERXMEE B, RITAE LPLIT n ARBR FEEZMLMAGEE. FX £, AXMARK
R\ ,
2mnP = 7r/ yidz.

XANEXMAENE SRR FEEE AA'B'B 3458 ¢ filEH TS RIM S RARRR V(5 342
B (16)], MAEMBATREANERGER P 5 2ng(ER &0 LHNERK) (T, thiF
ﬁﬁdxﬂ% EIE: . L
T R BB AR e e g, F T B B RS BT A e B A K e
A :
| V=P 2m. f

fe cm =t - i . e . e e = e e e e e A e e e e A = mm

EE, AR (7),8) Al E £ TE UEEE%%%RB’J@E/ (B 19) WEFE. T, S Fxf
:3iZ

O e T e |

b : b
1
M, =3 / (y3 — yi)dz, M, = / z(y2 - y1)dz; (7a)
(o} v a

H AR (8) MIMfABE M EZRME T. RIS 338 B (8), MABAMHL, HK
JHE X T XA E AR EHA

352. Bl 1) BUKRFAME P = 2pz. o M, 53T THEN ¢ WSR2 EMEE# DB
M. M, 5&.04R
HA y = V2pz. FTIURE AKX (7)

Mmz— 2p/ mdm—%pmz,
M,J—\/—/ m2d:z:—- Pyt
B—7T, B[4 338 B (7))
P:\/Q_z;/ 2 m%.
]

LA ARAE A (8)
3 3
= 5= 8\/2pz =3V
FIRAKE S S g, RESKSE — REHLAEE — %M%%@%%%ﬁ%éﬁ%%fé
I ALATRIEERE IR R R, BlanE sk E —F B mS, NRE. L SIERAIEE N 2 FrLAE R E)

AR y_8 2
- = EWI Y.
2 2
2) #IA% 339 B.2) 5% 343 B,2) WER, ARKE—LRHE % + 35—2 =1MEL.
4a 4b

RIBARTTEHRL = 3= 5

3) MREE FLEXT?’% BB E ORI LR E
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BRANERE N L LI v1 = f1(z) AR, FLUBE y2 = f2(z) ARHEETRIEARE. B
WA FRBVER y b, MRS v1 5 yo BEESAR T (8eR% AT = R BNERL [—a,a]. T£
BRIEARX (7a) FHE-A [BFSE 314 B,9))

M, = / z(y2 —y1)dr = 0, EHEHH = 0.

4) IHRIEHRL = a(t —sint),y = a(1 — cost) BI—H5 = BATR HOEFRHE L.
A% 330 H,9) 5% 343 B, 4), RBAG ST EBE ST = ga. B F R = ma.
5) FAEHY, 3 FRAMML v° = 2pz 5 o° = 2py FERLMER (BEE 24),

E48% 339 BE 5), EAAR (7a) B3

6 3
2p 2 =P
—eol foom— E Vgp =5 = 9
77—§—P/0 x( 2pz 2p)dz—§p2—10p.
3

6) M /RFHE—EE—H [BFES 350 B, 5), F_EBUITLUNATEXMHGE, siE4E
LHIRLE HE T M EAA R X R ABER AR FRRIAHE. Flan, TR RSt (& 40), @52
K3V = 2n%r2d.

353. W¥FEMIh MIWMENEPZELCHM, MENTFHR M WARFTER F, IS
SREHERRFE A, WX OE SO s LRI A BELITER Fcos(F, s) - s XFR, HeF
(F,s) RN FE5 SMEshF R E8NH. BMBN, T F, = Fcos(F,s) BH F Gl
s FRRE, SIAX MR, INERRTTUER A = Fos R, R AN F S KMiEsh i
mAAR, W A = Fs; MERM N REERHAROERLT A= —Fs.

SRM—ARE, WK/ F RE5izsh FmE 8 (F,s)
B REERARNER HEXIATBHN—ESEmEL, BEX
KINEY R AMPAL R FE R4

WRFITEMRE s s TE: KRBT X1 &
BIVIRTIE A STRIME s = so, &S B XA s = S(&E
42). X8 (s, S) FHE—ME s XA F B RB— D HHE M
E, M NTE F 58 cos(F,s) WHENE, RZXH
MELIEE s MR EhBENE s FIRENEmM—74,
gL, B M, MERINKRRSHER2H s Bl s + ds(HAT &
M SERISRITE R M, LA 42) 8938 8 ds MR MIHE) T
EHEMRER. £ M &, TH F UEMS (Fs) (ERER
b B — TN ds ZTF —— S M 3ER M AT,
X B AR, RIVEREE T XL, MASA F 5

& 42 A (F,s) A ENE R, SHBE TERH ds EHThTEM
N KR

dA = Fcos(F,s) - ds,
HZ2EIh AWERRS s
A= / Fcos(F,s) - ds. (9)
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WXAH F s —fggsk Roh, RIERTTUE L, Y (F,s) = g Af, B AE; LFRE,
AT cos(F, s) = 0, FRBMESRMANET . BHEHTEHF RN ALEEH % FED.

s S EAVER ) FARBBIRZRAOMIR A (BNEEh A1) JiEL e (RIETEATI0nTEEN)
SRBAA N, MR LA TR, RBYRYH Py = Fcos(F,s) AT
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0
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2
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2) BETAFE—EBHUER (FR) & TIREABEZEN—0 (B 44), BREX KK T HH#
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BIRIR SRARES, Ll p R (EEBRMER LK) EH, MU Q RREEER, ARAFE ERE
EEEWNER pQ, MIHNANETRH, FRnFA5

s2
A= Q/ pds.
s1

LV FRBAFIHRSENETR, ZREE V = Qs. AERASHMNTE s BRITE
V T; &84

V2
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Hep Vi 5 v, ZRER V MEH S BANE.

HWREN p RLUIEERR V B— N EET HRIFELA,
. Mth A BDeh BRI, RAVEMBE LSRR, HRER
' R, AT ER ML th b B4 A VA, BTFR B2
SRR, BARXSIRR FRER, i E-DRASE R EA
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Vi,
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1

MR p1 5 po FRTRIF A 51118 BILSEOFE ), M py Vi = poVa, ) X—j = 2 Bt
B o1 BUES po < p1 BOITTR b, BOAKEOTHHL AT L AN

A=cln &.
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BiE, EXE AP ¢ HHIFEM pi.

RMeTE R E ARMWERE ARk, SESRERE 2 EIRA AWTHE, MIEMEER RIE
FEAED L, WA EMIRERER T XMTRRZ HRATR. EXHENGET, RINFTHRD
SEMES p SBR Vv ZREXERFLUTER

pVE=c=¥E,
[XTXFBBELUTHE 361 B, 3) RiEL], P k B8 —MHSIE GER) BFEEE, Ao K
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V2 c c c 1 1
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EEMZ eV, F = p1, eV ¥ = po, MR ATLURRERENER,; 1E&%R, E5|HUTI

BFRIER
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BIMNRIAATESTREATEL, AMBEEEAREBEEMK. BAARK (10) U KRBT ™M
BHBSFHAR, SUMFIHRNSENERT X, BEA M. YR, L AXBFRR T IEH
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355. FTHMEMERANI —MHREEREHAOESS ARE; BT LEEEME
A BEEAHNZERIFRAEA. 4B, RIOAR K TIHFEE R EFEENREN I, L)
B8 RHETE FEBENR.

B AP S AR b, @R T EE (B 45).
XANME—R AR, 5MEZA R, RERR ro; TEFIAE
BT, & ro =0 8, RITHKIFBITLHERE.

ENA P FrMBESNLETES, A w(1/)
FToRMIERMAEE, A o RAEERY BERA £
AEFRHARMSOHMEENTIIZES. BAEARE
ARNSHEE, RNREE—NBRIEE: ELS5HS
O EEENSFLTR—FMEZTF, ENFZEAR
BAhZ—. JAt p —MATLUAERME » AUREL. LU
TR HE W TR RBTMENBRE; RAmTeinfe
SR E — I &, BB Z 2R EANSHAE
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HTENEXN2ES, BIMIEIESE 348 BHIR
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Moro B R. KGR B ALE T ER, RIBT R4 B
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JTCEEAME—EEEENNES P. BERINTERR & a5
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L&) EA, M RAIFEIN T oEEN
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Bl B mE—REFRI%EX B
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KNEEEY, CHRUARX KL, DRMEAZHNSEHETFHAEHAES.
BERNRBE, X IEFM e B EZ FREENE M. RINEFAR LEIHIHT
EWY; £E R R RIRTURR HBEE A

udP = 27 pprdr.
PG Z XN TR N5 dM R T XN 1S FE LA m KR B3ERIN) % r f5E:
dM = 2 upr3dr.

H 4 AR BEAR S5 E 2 A
M = 27r,u/ p'rzdr. (12)
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MHZERNE, £—0H2A, BXERE M M 4, RHaEE v SERAERE
w(1/%) HFEMm5:
A= Muw.

AT ZIEY A Wi ERANE, LT T p R ERE EH S TRRIEL ERRE. &iE8
WRBEENS S, R R p=c=HE. WEBHFKMH (11) XHE. Tﬁlﬂ:ﬂfTE%E&
HES P RSN AR ERELHER (R —rd) £, MBENERFMEENp=c=

T (12) PLAXANMERE p, EHTE L

R 3 3
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45 IR TS0 H B EA: M = EMPR

AT B FLAEFABIIN GO, 16 KA A0S | . (BT AE T 4 S EHERT, o0 1 960
WL O BT, EEEEE S, 1T MRSk, BT S R AT R R, B it
FHE. 1 FiXMEE, 2R A 69584 AR T E B O BOR R385 X4 TIHEY, ST H
Sh3E, BRI A A RRER, BD (SRR 60) RESEDII B 2 AR BOBEE, AbAMBHE—
BB WIEENT dA— wdM HERITERLWER 2nrdr b, R IRBIRETS RXHE.
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X, RIABET p RIEBESDOMEE r RS, F&EHE (11) P c Bk pr, &
RKEXITHENE

P

R
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]

&G, 7 (12) B8 pr REFTERIRRIEN, 3G B E R
R
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5., TEREI T Mo AEBONS T h, 455 TREHE L 00 BEA0rE Jh 00 fE T oy .

356. ETF/NTERMMEIE KAIFE5|— LA /NIGCERMA &R fERA a1 .

1) R (V) S FAEMFENEIE M HRER, RIZEMES K FE I THEKE
E (RSZVFENES ¢ WE—ER). EEREST 1

% 343 BN SZT, SYEME ¢ &, WENTEERFWRE (&) £ pz)dz, K
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b
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VIR ELCSARERFRMERE ¢ REXH:
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IR FRERE 1k
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Jo

6]
AR M EEUR R TR y = f(2)(a <2 <b) A, T

b

M=2r| zy 1+y;?dz:27r/z f(z \/'+ z)|?dz.
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W
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M r4 ZZJ MI
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Heh P RREAR EFEANGFH E=0,9= ga,g = gh.
1) B m 5AREM (F@E) 098 % d BF TR, 7R
HREN m WRAIZH (BFmE) HEDREB(EERSE).
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. ] bh3
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N
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4
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¢ B bt
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SR, E#ﬁ%?ME’E%‘%B’\J, BEEATE c WESKHER v URESH v, V", - 0
B X AR
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TR F WERBEZT), MIFEAAROBERHENFE—H, THERBELASHIEEER C,
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B AL HAT R — T R (8) MMM B, BYSEAAT EEIL AR FUAORTIR; 5 H
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B BRI KM (3). AIFXREMAREZRFH C, MbrXLE KM L, o LUIER
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A AGX L, ST BT C = 1, 33| H T45mW /
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—

WETETTE &3, EXMEE F Al IR BB iEfg, T BE b

y:
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A BURE T —ANE B a9 E F a9 RS,
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R

dr =+ i

dy.
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BY (5 3) M)

J=Ipe Tt

A ARE R BAERZT, BT ENE T AR AR IR ARRRT R, FEE ¢ B98N,
EHPRERRRGEET 0, AL REBNT M BERERLT .

(6) ARG R TWRET ¢ = 0 i, SFARPHBIE V FEEM MWATE (13) FEHT
=&, Big

—Rdl R

R
=_= - =-=t+1InC,
V=Rl Ldt,ln(V RI) T +1In

V — RI = Ce™£t.
FEC HBRG =081 I =0 kWE, BN, C =V, FIURE
1% _
I = E (]_ — € %t) .
RINFBE, S TS ERABRT % R e, ZEABR T 1A3E At H 3R

Vet

R
XA B A RR BT R, T RVIRE PR ¢ BYIEMmARRILE).
5) WEREFE BIVEHARZEERENYR A, B, - B YE M, N, - FEEE

L3R AT RITRESERMBYREEE, — SRR FBER. YY) G KT

RAGERRREEETET KA 18, WARLE N ZYRE— M ER. EEYRH—ERPRTE
FRFMENS T, SWREX.
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WERE, EXEERT, — YRG0 FIB—WRE—A70F, A2 —Y) REVEAFE
IREEST B —4) R — A FE/K. MR RIFFEAERR, BIRTIE] ¢ MR T 25, B—X EERABYRE LR
8 o FEREVBRES ST AL o X Fo (a8 nE B, B)S% (;—9; PRAW P R R E .

RAWMIE A & B 251, U o & b(WATELANEIR b > o) REMNRFKEIR (FEK).
St —EAtE ¢, YR A KRN o -z MWE B B98N b— . R BREY, REEAE ¢ B
f R RS RN B R 89FRAR (IRENE R E R L E) N R EARAR) BLLE]. XERET
W BT

dx dx .
d_t:k(a_m)(b_x) £} m—kdt.
Moz, [Ei5 :
L n=%_ ktyc
b—a b-—=z

Y ¢ = 0 BRATNA @ =0, BTl C = ﬁ 2. A C A

(a—z)b i ~
In b2 k(b —a)t,
G R AR S _
1— e—k!f;--ajt
T =ab

b— ae—k(b—a)t :
W ¢ BINE, R 2 RERREET 0; AR —BIEE, THESIMZ N, UE z 5a
ERA ARSI T BN R SERR E AT .

6) P2 REY—FREI m WRARHE—T
gEHER R | 692 E SRS - (RERT R,
> AT —RINEE (B 51). KRR AERR. ¥
&M%@&ﬁOA%@&ﬁo&@<g)%E&ﬁ
i, NA TR )

ZEhFIMHFAE OB, RENREFIGE OB,
AL E S, AR T ERE ROURE 6 R, t
RN ERT (MEEOME) A 0= LAOM 5
(MIZBHFFEABT 252 6) B 1] ¢ ZIABUKEER. AT
HE R, ZRA M I AB 89355, HEME A
EFHIBIR s = AM = 10, TAHE t RIZNEA(LE
3 1 R .

BERERESEN F = mg, tNER, ML
. R, BREYI% S NE, = —mg - sin 0,0 Mk
RIS A BEBIEROS ARG T, B0 v ToRA M 0EE, NTEFLRAFHE
%ﬁ%wﬁﬁ%ﬂiﬂﬁBwﬁﬁo.%—ﬁﬁﬁﬁﬁ%MBt%ﬁl%%FiwwA%ﬁ
A, BATE FRiERK (5 352 B, (92))

s
A:—/ mg - sin 6ds
s

@ F & RIE B BIARR T [
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(X8 S = AB) Z#, RATE o,
A= —mgl /‘C’ sin 8df = —mgl(cos 6 — cos ).
6
TEBEFENER ¥ 352 B) €A

1
57717.)2 = mgl(cosf — cosa),v = \/ﬁ 2(cosf — cos ).

EH o= _S - 1— ATHE 0 5 t ZIAUKBERBDIMSFTR
—ﬁﬁ(cos@—cosa)

¢T df
dt = —/ = :
9 2(cos 6 — cos o)
EHTECETEFT.

KM 0 Bl t FR%, ﬁ?‘aﬁ' Mo B o FT, ﬁF?ﬁﬂ]@%dﬂﬁﬁE&B’Jﬁi?ﬁ%?:

119

\
4
[/ v 2( cosH—cosa (19
&rﬁﬁ—-ﬁjéﬁifd“’ﬁ’ﬁTdﬁﬁ]—FE’d’»}kk E E‘ﬁ”ﬁ)ﬂ#@l% %ﬂpﬁ@f
i (14) BRI TR
\/7/ sin® £ —sin %.
ésm%:km<k<1)§MT NSRBI
sing :k-sincp,%cosgdﬁzk-compdgo; (15)

BT {E 6 M 0 2B o MG F o M 0 BF g,%%

T dyp !
SN A N ’
9Jo /1—k2sin¢p 9 (o, &) (16)
B AEBAR (15) B —X, BHMA 0 TR o, W ¢t X F 0 BUKBXRTLUANRERELT.
Rz, BEL t T 0, RINFELMHMERS

_[” dp
u—/o V1 —k2sin?p
@_fﬁj ENERXHE u EHERXE _(_—j'o,—koo) W @ LA eSS (BEATH) EE, RIAtE
AFHM —co BE| +oco. EXFFERT [83], TE ¢ BXE v EXIE (—oco,+00) MAEJE(E K
¥ BEATEE (Jacobi) B R ERA am v®@. BAEM (16) XBR

o= am\/gt,ﬂ_ﬁjt% sin g = sin % - sin am\/gt.

®am——amplitudo(JR I8 BRI AN T
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BER3 sin am w(“BAEZ R “WELL X ) EFRBMICK snw ©. FR, 85,0 3 ¢ BUKHIX
REFRRNAERX i
sing =i /e

BERIMKHEZHGME OB ME OB H)—MRIBFMAREIT. 2N 0A Bl OB

TETEIBI A4S K. R (14) P 0= BT (15) F o= %@) JIFEZE) BAE B thEE — KM E

MR T:
3
T:Q\/Z/ d—w=2\ﬁ-K(k).
9 Jo 1—k2sin?p 9

OE RIFAM T ELLESEBVMNREAR o BX, BN L KT o. 4 o B/ KR
¥k B, E15 BRI A X

l
T=7l’\/j,
g

BRI R A A 3

360. XFMAFROMAMOME RINGEBRTREM (8) M—MHR, Mikx—KHe
BRI AR (AT, P AT A R A TR E 57648 348 BhET BB BHIFR dQ = q(v)dz FFHHY
MR RE.

BR{F), AL FRET, M BRAE BARITTS BT L B — e T 95 /INTT K, IREDBT 5 R B L
BTG /IMER. BR, 7 BIEERRIBRIFITH X, TR RA AT EAIEF T 05K EA
HUARAESE THIBRLE (& R 5 I d e B R o b 60 B OO B LR Rk =

sk 3 g5 /INTEE 2 RGBT, SRR AL AR b T 8B E S B, STF E 3
EETHEERIEA HHSZ ML T s LT G ERT T RS8R RIS,
HEME, XIRE O RMERRTIA. AR LEROEAEEY, €0 Fh (BEMA)
BB T BT a0

Wb A 388 — AN BT, ENTEFTA X L6781k SR 3R 6055 B rh BT 124 6078 40 (8) B9
WA

P(z,y)dz + Q(z,y)dy =0

BRI E R LI, TiTEL RIEFHHD.

B2, BEUMD de 5 dy BRIER Az 5 Ay B —— EL R BFE Az B
BTSN, BAVEG S T 752 (8). A RMRBNNRAMX N, MAMKAE da 5 dy ™
B Az 5 Ay 7. BRImsh, BRIAMKE A MFEORMTS/N, FEBRELAN, U o RREN
B BMS N, o WRERBMTTS D XM, RIS, RAVFTBEARAREER (8), MAX
1%L

P(z,y)Az + Q(z,y)Ay = o,

OEH sn w, BIERE LR RHAT, RATIBAYM B & $ PR 2 a9— (B DURFFET LT IA
89).

QXY (14) B ERECK o, WARABHT R ERD (BEEER) 479 B], BREX LR
4b, BARBER oo, YRS (16) B, XNWIEHKT .

D XMHEIBARE X TER dQ = g(z)dz FTREIAAAM.




(361] §4. BRBEMHMSHIE - 207 -

KR MAEM Ac BREMM,

A o
P(z,9) + Q. 0) 52 = 37

H#4 Az — 0 BURIR. K24 %6t A% — 0, FTLAFERPRFRITIERS R

P,y +Q@yy =0 % Play)+Q@y L =0,

XHER (8) B—Ha0. HILE (8) Lt RAHEY T
BABRMNENR T REETF ik, REEIARRIERE 2, B2 A MM Rp T/
FELUB A B St BT, FA1FT VG E AR BT T2,
B EEE, RITRERMZEN TS5 /NETTE SR, (UUEXFER T, B
AMFE R BB AY, A% R8BI (8) 69, X Ty RV FI B2, A IRE ThY
Rt [(BAE 348 BMLILLEY

361. A& 1) SEARX. MBEEREEBRBE LK) SKUEN p(L/X %) ZIEH
AR FE EA—R 1 P AR FE, BRIDRIREAZE)
AN, WHERE b SR EES p BRRFAIA R -
BR—AANER. BE RE—NEF /NG dh, REEHA R
Y E—dp, XHYME (h) 5 (h+dh) ZEBNZIZHEERNER (B

52). dh
—dp = sdh,

h
Heh s HEH p T B KESMER (5). A LT —Deg 44 l
ESIt, & s 18 SEH p RIEH:s = kp, FTURE fl/ kT,

dp ;—; ‘ = Lf ?&’qzlﬁ
dp= —kpdh | —= = —kdh,
P & 52

XEZERNAARNERN T ERT (2F% 359 BRA 3) 5§
4)(a)]. Bk
—~kh

P = po€
EXTF h RBENFE, WLRNAEBILR

1, po
h=-=nZ
klnp’

A ASEN p RKEFEBEBE h.
FRATD A oh TR A Y, A % 2 (RUE{E)8000 x (1+0.0042), 2 ¢ HASTHIRE. 0
SAFLL 10 R AURTEL (TR LIS M = 0.43) 3 SRR K897 %0 KRIEA 8 22, F
REEHREHA R b
h = 18400(1 + 0.004t) 1g;0 ?0
EAAR BTG T (E8 &, £ R UE R RS bo 5 b, MBS h A%,
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2) HERHMER LRIEER, —RA (HA%%) B —/MBEABHOEDRESTE
®, A5 EEEE &N AB B (A 53,2), 5F.00 w(9RA7) MR RERKN A &%
fin—4 So, WHE B S—5 Sy

MBS GEFZEATERE, WA So TTUTRES —HNRERT ASEARS. YA
REHERT, XA So ATUAHHESIR KRS S REREBIIR?

T EfRUKA R, AP ARIRIFF AT, XAHE B8 AB FABIKN S £
(57, ZAKARAR—IHRE. IMES A S B EKAANET So 5 S, HELTUH
HELT.

T AB W EBUESE— & M, U BHEM 0 = ZAOM HE, RAVEHIBHERAM BT .0
1 do BIBEYTCE MM LA RERK. Bk, 8 M EFMKA R S(6), e M’ {Emk
HAHR S +dS(E 53,6). XA HEFHRBESHRARNL. X T ERE AR TE
RIS, BUSITERR L6 dN, AKX AT EERSR RN ERR. CRE A K6
B RFTEMRE, T2

dN = Ssind—ze + (S + dS)sin d—;

& 53

AL AT LK dS sin d—; TEREH T NmF &, H4 sin %9 %S ZARREITESS /) %(tﬁifci‘??:
FEEN TSN B

dN = Sdf.

EXEE N GX MELARIEL, FTUA u R tbBEE (BEEK), E15
dR = pudN = pSde.

FER TR Bk A 893230, BT dR FITER M B3k N S Wiz S5HER M #I5kH1 S +dS
g, Hit
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dS = uSdo.
BNAER T AR RS F. THRITLIEE (BEBIMERMES0 =08 S = So)

S = Spe”?.

B, ®itht 0 = w, &%

S M - NSl e A : O]

3) A% (S.D.Poisson) A HAVKBERMIRE (1 %) BB ELIIRERT (AR
RS FEARRTLRARGZHRFET) 5 v 5E0 p 89X&. ,
SEMRABERE V 5 p Mo, BHEH (43 BE T RE. AIXLEREHERFHTE
K BB RIE AL
pV =RT(R=%H8) (17)

RIVRBAE, BT EREMRE (p,V,T) BRIXREESRE (p 4 dp, V +dV, T +dT),
FRIHRERIRE dU (LABMEYER (7 1T) BIEERanf].

FAEMIRETTLUER RO MERE RSN, EE— T, ESER Vv KK dv, mES
ZABE, SEBIRE T— HEEESERZ T — %A dT

HEIRAKEKATES ATTREEMKNBEFAARNERERE-IREE, —
HA—iE%E BFF 354 B 2)] AN FEEARGEELN AR pQ, HF Q BRIEEER.
BT, BEBITER ds, MASEENNRETF pQds, K pdV (HEH Qds = dV).
X RS T —— AEENITEY AL, thanidt, Ak (R p BRARTE/ TH K,V BEAMST
FK). MEREIREEX T LB, TUEisRELF LB “AINYLRA = & Rk, &
8% Apav.

BET dT T cvdT R, Wik ov AEBEERTHRBEREER. mE—&, E15

dU = cvdT + ApdV. (18)

MR E dT. B L, B (17) MaTA

pdV + Vdp = RdT, (19)
ft
1
S— d
dT = R(pdv + Vdp),
BREXRA LK (18), #iED)
cv cv + AR

= = A8
aUu i Vdp+ D
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ATLIERR, cv + AR R ETEE ZEH FTHSERER .0, FTEER

—— o e = T W e ey

-

LU = v+ %pdv
¢ R R

MIEHN B BT K EEARE L3k, SREBRHAITH), TE dU = 0. IHE—FE(VEEFEF
BKZp 5V B TE

———i ...,4

cvVdp +copdV =0 T % kd—v—o(ﬁ;mszﬂﬂ).
v
Moz, B e
Inp+klnV =0 EJZ'ka o]
;_ —_———

BRI AR,

OIMEM (16) REH
pdV = RdT — Vdp

FHAA (15), Mi7g
dU = (ev + AR)dT — AV dp.

WHb p HER, B dp =0 EBHERX
dU = (cv + AR)dT,
XERIERA T ¢y + AR BIR ¢p.
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(2)

MIXLER PR EBIRT S
ai+ax+az+---+ap+
M S RE, T (1) PR BT FARMIES =, 48 (2) BIF
(2a)

[
__5 Qqp,
n=1

(3)

X B8R n B TAH 1 3 co MED.
HRIRIBR ) BTN, 1B (55 24N)
Al :al,A2=a1+a2,A3:a1+a2+a3,~-~ ,An=a1+a2+---+an,--

LIS R A ER S AN (R ). UGN B B MR FIMFS {4,) IR
RE(2) SR B (2) IS IERR LERFIINGR.
wREH (2) AFHF Ay B nooco MAHARILS (12A AT HET XK

A =1lim A,,

56) MR A:
OBR, ZEEMTEITAR, ZM 1 JFHA, MM 0 AEM— KT 1 EREIFH, AMEES
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AR A XA AR FE SR B Fo S 5
A=a1+a2+---+an+--~:Zan,
=1

XA THE (2) 3 (22) UEEME L wREAHKAA TR, € 2 KK, 48
B (B R, wRFFF too, KARAZLAM), 7 € L REH.

XA, AL (2) WHIRAR, HERE S, BEF5 (3) MR RRRERAFTEAYIRIELAR
A, MR, TIeBXIA AT 2 = zo(n=1,2,--), INFIIAERIRPRFE
TE B9 [R] REAR AT LA AR 2L

J:1+(122—$1)+($3—1‘2)+---+(Q:n—xn_l)+... (4)

WARIRER, 75 1, 22,23, -+ T, - - BURRASEMERTRBLRREL (4) ROERSTAN.
i B REAH 5751 R FR — 2L

WRiED, PSR R MRS R R T REAR R —F . A
2, BEELRHEET AT UE R, TR ERRA SRR, S EitEX
WERAYE R, XA EBRRE TTE MG 8 . XA IR O 55 FE AN R
Fot RENMATREEMNHRIA.

363. GBI 1) LFHREMER B FRIEE R LRI
a+aq+aq2+“.+aq"_1+...
XA JUAIRE IR TR (IR g # 1)

a—aq™
1—q
IMRFEBIAL g, REIHENTF 1, B4 [BIELHNER,25,7)]sn LA BRI

Sn =

WBRTR RIS, T s REHAL

4 gl > 1 8, IMEFEEBERNGF. R q > 1, RREHHKELS (BERENE
SHNE), AHMHET, MRATFRE. RIFEE, 530, Ha=1 K ¢q= —1 8f, 380 —
MR BRI R

1-141-1+4-. =14 (-1)+14(-1).--O

XMEEHW A MBI —SILET 1, —2ILETF 0.

2) BIF IS /N

C’OAclcch.,.Cn...
OMBRHHNFE—TNEN e = —bFEP b > 0), BATARSEE .+ (-p)+ .., ME

B - —b+.- RA1EA, TLEEETLRE b, MARE b,
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(363]

BILHL a[9], BRRE FFIRE A F:

Cn
a—CO+1—0‘+EZ‘+E§+ +1O—n+'“

3) &R (4) BIRERMERLAIREL
Zln (1—}—%) Z[ln n+1) —Inn]
n=1

BAREREHA, BHX In(n+1) -
4) FEEBEMEET, HENTEE (HP o BEEFRRTF —-1,-2,-3,--- 8I%):

(oo}

_ 1 _Z[ 1 1 ]_ 1

l(oz-i—n)(oz—{—n—l—l - — la+n S a+n+ll a4
L 1

(@+n)a+n+1)(a+n+2)

NE

n

)8

1

3
I

1 1 B 1
¥§[a+n Ya+n+1) (a+n+1)(a+n+2)}_2(a+1)(a+2)’

HH, —futh, SMEEEHp > 1:

= 1 1
g (c+n)latn+1)-(a+n+p) platl) (a+p)

5) ATl TR A

oo 2 on—1 oo ( 1
1‘;lw:ﬁ" ;\ _xznl_ z2n>!
He z BARTF +1 (EEREHR, BHSE » M MET
1 1

l—z 1—g2™

% ol < 1 BHREIS f, SRR T A 1_%

6) & 51 E KA
1 1

Z\F +7+f RV R

B9 &M, SERR |, lﬁﬁﬂ:i’l‘)iﬁﬁ&ﬁﬁ%li[‘“&ﬁ FrLAERIZE n 1
-~ 1+ — + L + - — L =+/n

J‘ V3 \f BV

BXA5E n MPEE n BUTPRIG KT AL TIS.
7) &Ja, BRA B —MEE—REFHE6) 1

Yn l+—+2'+ +a,



214 - F+—F BHMEFTERY (364]

KFXANFI, 7256 37 BPRACIENI ERTH e X% THE e £ TEESREHIMN:

11 1 1
e=lt+qghgt ot =l

n=1
RIZ—T% 37 B e BBEMUTE, AXAOIT, BEFTLIA S S5 ARAAR L EL
BIESMEAL, XF S T X LR EBMR AR MNE AR R L8 e AT UERE L
LABRE .

364. BATIE WRERK (2) FHEMEE m DI, MREIRLL

[ee]
Am+1 tamy2+ -+ amyp + - = Z Qn, (5)

n=m+1

BNETBRE (2) % m BURAIRK.

1° 4o REH (2) ML, MEMHEM—ARK (5) LS RZ, AAEX (5) ¢
MM T 3R sk R R 6 B4 (2) el sLiE.

BI7E m, FHH A, XRBE (5) M L A

A’k = Qm+1 + Am+2 + 0 F Atk
TE, 84
Ay =Apik — An. (6)
IRGEL (2) WK, TR An — A, BRa — 34 k BRI KRN — SFE—FIR
e FR
A=A-A, (7)
MXTTH AL SRk, XERRRE (5) Bt
RZ, MREHBE (5) WEL, TR A, — A BAEEX 6) P4 k=n-—m(H
n>m Bt), K5 %X (6) BA:

Aﬂ = Am + Aln—ml
HUEL R LB, 4 n TRRIG KRS, B A, BARIR
A=Ap+ A, (8)

B2, 8 (2) WO

BRI I A ST 8 0 A A TS SO @ itk 2 F A0 T, R Y
bR (TEGAL O M P TS LB 1T,

RF A TRATS om R (5) B9 (INBLREL (5) WEREDIE), ST
PRI AT EIAR. FRAR (8) 5AR (7) IXEMR T EHER:

A= Ap + 0m,am = A — Ap. (9)
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MR m BRB)TS, W A — A, T o — 0. FTLA:

20 JmELH (2) M, NEMF m AR Xeid a, MEF m 93 KM
T o.

FHoA 142 USSR a0 T B — LB SRR

3° 4o RVAR — B ¢ FRMAMEE (2) &R, W E AR 2 B s3R
(AL A Fo £ FVA ¢).

PR L, L

car+cax+---+ca, + -

RIERT AR A, BRFET

Ap=cai+cay+ - +ecan=clay +ax + -+ an) =cAn

FFEERRR cA.
4°  FASI SR A
A=a1+a2+...+an+...
5
B=b1+b2+..‘+bn+...

TR A (AR, TREHK
(alib1)+(a2ib2)+"'+(anibn)+"‘

Bk, MmE M AR E TAL B,
MR A, B, 5 C, AR ERRERIE S, A4, B,

CnZ(alﬂ:bl)—l-(az:i:bz)-i—“-—}—(an:i:bn)

=(ar+ag+ - -+ap) £ (by+ba+ - +b,)=An+ B,.

FURAR, 15
lim C, = lim A,, £ lim B,,
XHLUEER T FA IR HT.
5° MM AKAEIR a, AT 0.
PHLTE 4 ] RIS R RIEER: BEAR An(Anoy S A, —4F) BHARRIR A,
B A
an = Ap — Ay — 0.

L IRNTE P A E HATR B RO S 56 2 5 % i X — ot
B, S AR L S BXEREER, RN KRR IHFARFEK
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SR AL 55, BAIEL, Bk A X — Fo b id 2 et AL TRA M L [363,3)
5 6)] BELHIREL

> 1 =1
S (1+ E) 5 g -
BAE R X FIETE B 6 F; 32 7L e ] & X AT 8015 22 51 /0 61+

§2. EMRHHIMSIE

365. ETRMBEHIRME X THE BT RIERHOREUS (SRR KA
R, AR R AR B T AR L, AT X AR SR Bt I (S IE TR
WEREL
Zan=a1+a2+---+an+~-- (A)

n=1

RIETRE, B an > 0(n=1,2,3,--). T, B,
Apg1 = A + ant1 = Anp,

BIRZ, 75 A, ZiEIGHY. FIZR AT EMRRMEE (34, RITHEESRIE
IETRERAGRIE A T I HEAE B

ERBH (A) 8 Fo; o RBAHMAHRSFEAR, IR AR (BAm B2
W sk ), BARBEHT, IANFst R L5600 (B mBHMA L)

IEIR B (SR AL BFIBTA MBI, IIREIR, # 2R IEE X & EBME
B, B2, RERLHBE T A e EEN X & e B AHIMREOIER. TERHRE
X Feh 7 FH A 651

1) ZEFNEHO

— 2 3
ERATIIRER:
1 1 1 1
n+1 nA+2+':%>n'%_§' (1)

IMREFXAFIG, CRAMRBEERKGAZRRIEEA 2,4,8,- 2571, DTS RETA:

LU NS U U O RS ENURNS SRR o
3 45 6 7 89 16’ T2k-1 4] 2k’
N——— ~ 7N ~ v
2 22 23 2k—1

OXMREME TR E—I0, RASHIA AT I c MEE « 5 b 49T, 0
1 1/1 1 N
R Z=§(Z+E> Ejﬁ]
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B2, SRR GG~ MREKT 25 4 (1) FRIS n =248, 2. REHHERH
FEAR. RAVA He BRAMEHEVE n B4R, TR, B4,

1
Hgk)kl'§

RINVE L, BOMAATRELAR, SREATFHH.
BAVEX BRRP—, BV n HKREE H, ENIGIRE. Flan, Bk g2t H

Higoo = 7.48//' , Hioooo00 = 14.39 - -+, F%§.

LB RN HL AT E R B AUR AL H,, BB (367, 10)].
2) TU1E% 16— T B O

1 1
\Ecs)z —1+—-+3—+ e L 82

He s B—MEETE; 6187 1) HRREHFREXNMERN—MERERL (s=18) FS
BIRR 1) FEVREARLIBIZEL, X AR E i A A AR
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